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1. INTRODUCTION

The Cospas-Sarsat System provides distress alert and location data for search and rescue
(SAR), using spacecraft and ground facilities to detect and locate the signals of distress
radiobeacons operating on 406 MHz and/or 121.5 MHz. To ensure that the System satisfies
future capacity requirements and remains capable of servicing the growing 406 MHz beacon
population, the use of the band 406.0 to 406.1 MHz by Cospas-Sarsat must be monitored and
procedures for its efficient management must be defined.

1.1 Purpose

The purpose of this document is to describe the policies, procedyres; and detailed technical
analyses developed by Cospas-Sarsat for managing the use @f the 406.0 - 406.1 MHz
frequency band.  Cospas-Sarsat Council decisions in fespect of 406 MHz channel
assignments are summarised at Annex H in the Cospas-Safsat 406 MHz Channel Assignment
Plan. Specifically this document provides:

a.  mathematical models for determining the,€apacity 0f the Cospas-Sarsat System;
b.  procedures for assessing the currepf-and futuéé 406 MHz distress beacon population;

c.  procedures for assessing the etwrent dngt future 406 MHz beacon message traffic load
on the System;

d.  adescription of the ¢hahnelisation of the 406 MHz band used by Cospas-Sarsat;

e.  procedures for.meeting System capacity requirements by opening new channels in
the 406 MN2band, as required to satisfy the growth of the 406 MHz traffic load; and

f. the current status of the use of the 406.0 to 406.1 MHz frequency band by Cospas-
Sarsat and a record of the Cospas-Sarsat Council decisions in respect of the future
use of additional frequency channels, as required to accommodate the forecast
406 MHz beacon population.

1.2 Scope

This document presents the analysis of relevant issues concerning the assessment of capacity
requirements, and a description of the policies and procedures adopted by Cospas-Sarsat for
managing its use of the 406 MHz band.

Section 2 provides definitions of the capacity of the LEOSAR and GEOSAR systems, a
general description of the 406 MHz LEOSAR and GEOSAR systems’ capacity models and
their validation.
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Section 3 provides a description of how 406 MHz message traffic requirements are assessed
and forecast by Cospas-Sarsat.

Section 4 describes the overall 406 MHz channel assignment plan and the Cospas-Sarsat
policy on the use of assigned frequency channels.

Section 5 details the procedures used by Cospas-Sarsat to decide on the assignment of new
frequency channels in the 406.0 to 406.1 MHz frequency band.

The detailed analysis of the LEOSAR and GEOSAR system capacity, the current and forecast
406 MHz beacon population and message traffic, and the approved 406 MHz Channel
Assignment Plan are provided in the Annexes to this document.

1.3 Background

The International Telecommunication Union (ITU) has allécated the 406.0 - 406.1 MHz
frequency band for the dedicated use of low power satelliteyposition-indicating radiobeacons
(see ITU Radio Regulations, Article S5, note S5.266)») Since the overall capacity of the
Cospas-Sarsat System is directly related to the distribution of beacon carrier frequencies
within the band, there is a requirement to assess affdmanagg ‘the number of beacons operating
in various portions of the allocated spectrum. “Cospas-Sarsat has determined that the best way
to ensure that the distress beacon message tfaffic dees'not exceed the System capacity in any
portion of the available frequency band,is“o digide the 406.0 - 406.1 MHz frequency band
into channels, and to open the channel§\for beacén production as demand dictates.

The schedule for opening new canhels far*beacon production must account for:

a.  the capability of Caspas-Sarsat equipment; i.e. Cospas-Sarsat must ensure that space
and ground  segmient equipment capable of processing beacon transmissions in a
given chamgelMwill be available prior to opening that channel for use;

b.  the capacity of each frequency channel; i.e. the number of beacons operating
simultaneously in a given channel that can be successfully processed by the Cospas-
Sarsat System;

c.  the forecast 406 MHz traffic load resulting from the beacon population and other
sources of 406 MHz signals (e.g. test and reference beacons);

d.  the advance notice required by administrations and organizations to adapt their
regulations to authorise 406 MHz beacon operation in new frequency channels; and

e.  the advance notice required by beacon manufacturers to design and produce beacons
which will operate in new 406 MHz channels.

In addition, there may be a need to develop procedures for terminating the production of
beacons operating in channels that are approaching their capacity limit.
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1.4 Existing 406 MHz Channel Assignments Prior to the Adoption of the Frequency
Management Plan

The first Cospas-Sarsat channel opened for use by operational beacons was established with a
centre frequency at 406.025 MHz. To accommodate the forecast growth of the population of
beacons operating at 406.025 MHz, Cospas-Sarsat has required that all System beacons
(orbitography and other reference beacons used for System calibration) be moved to the
channel 406.022 MHz.

A new channel at 406.028 MHz was opened for use from 1 January 2000, and new beacon
models submitted for Cospas-Sarsat type approval after 1 January 2002 are required to
operate at 406.028 MHz or other channels as provided in the Cospas-Sarsat 406 MHz
Channel Assignment Table (see Annex H). Beacon models type approved for operation at
406.025 MHz may continue to be produced at that frequency after AJdnuary 2002. However,
to ensure that the capacity of the 406.025 MHz channel will(ot be exceeded in future,
manufacturers of Cospas-Sarsat beacons type approved for{Qperation at 406.025 MHz are
encouraged to move the carrier frequency of these models(t9-406.028 MHz or other assigned
channels as appropriate, subject to the demonstration-by'the manufacturer that the beacon
model continues to meet the requirements of decument, C/S T.001 (406 MHz beacon
specification).

1.5 Reference Documents

a. C/SG.003: Introduction'to théCospas-Sarsat System;

b. C/S G.004: CospassSarsat Glossary;

c. C/ST.001: Specification for Cospas-Sarsat 406 MHz Distress Beacons;

d. C/ST.002: Cospas-Sarsat LEOLUT Performance Specification and Design
Guidelines;

e. C/STAQOS: Description of the Payloads Used in the Cospas-Sarsat
LEOSAR System;

f. C/S T.005: Cospas-Sarsat LEOLUT Commissioning Standard;

g.  C/ST.007: Cospas-Sarsat 406 MHz Distress Beacon Type Approval
Standard;

h.  C/ST.009: Cospas-Sarsat GEOLUT Performance Specification and Design
Guidelines;

1. C/ST.010: Cospas-Sarsat GEOLUT Commissioning Standard;

] C/ST.011: Description of 406 MHz Payloads Used in the Cospas-Sarsat

GEOSAR System; and
k. C/SA.003: Cospas-Sarsat System Monitoring and Reporting.

- END OF SECTION 1 -
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2. COSPAS-SARSAT SYSTEM CAPACITY

2.1 Definitions of LEOSAR and GEOSAR Capacity

The capacity of Cospas-Sarsat LEOSAR and GEOSAR systems is the number of 406 MHz
distress beacons active in the field of view of a satellite that can be successfully processed,
with a stated probability, under nominal conditions.

Each Cospas-Sarsat processing channel (i.e. the GEOSAR, LEOSAR SARR and LEOSAR
SARP channels) must be analysed separately, since the method of Yprocessing 406 MHz
beacon signals and the results produced are different for each\System. For example,
GEOLUTs in the GEOSAR system are designed to integrate bufsts received from individual
beacons until they are able to decode the 406 MHz beaconth¢Ssage, whereas the LEOSAR
system search and rescue processor (SARP) and seafCli” and rescue repeater (SARR)
processing channels are designed to decode individual b&acon messages and produce Doppler
locations.

Therefore, specific capacity definitions are given fox the GEOSAR and for the LEOSAR
processing channels.

The “nominal conditions” quoted imthe defifritions refer to applicable detailed technical
parameters and ambient conditions(Z)Fhe nowrinal conditions applicable to each definition are
provided at Annex B.

2.1.1  Definition of Cgspas-Sarsat LEOSAR SARP and SARR System Capacity

The numbéirof 406 MHz distress beacons operating simultaneously in the field
of view of ‘the LEOSAR satellite that can be successfully processed by the SARP
or the SARR channel to provide beacon message and Doppler location
information, under nominal conditions, 95% of the time.

2.1.2  Definition of Cospas-Sarsat GEOSAR System Capacity

The number of 406 MHz distress beacons operating simultaneously in the field
of view of a GEOSAR satellite that can be successfully processed by the System
to provide beacon message information, under nominal conditions, within
5 minutes of beacon activation 95% of the time.

The GEOSAR capacity analysis shows that, if the above probability of successful processing
within 5 minutes is satisfied, then the probability of successful processing within 10 minutes
is greater than 99% in the worst-case scenario, under nominal conditions, or 99.9% on
average.
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2.2 LEOSAR System Capacity Model

Annex C provides a detailed description of the LEOSAR capacity model and the results of the
capacity computations for beacons with short and long message formats, under the following
hypotheses that characterise the LEOSAR system operation:

- the beacons are evenly distributed in the LEOSAR satellite visibility area;
- the beacon burst arrival times at the satellite follow a Poisson distribution;
- beacon bursts that overlap in time and frequency cannot be successfully processed;

- the probability of collision between beacon bursts takes into account all beacons in the
satellite visibility area defined with a 0° elevation angle;

- although a Doppler position can be computed with only 3 fi€gquency measurements
(and possibly with only two measurements complemegnfed by an independent
measurement of the beacon transmit frequency), ufder nominal conditions a
successful Doppler processing requires the reception of at least four beacon messages;
and

- the required probability of successful DoppletZprocessing must be achieved for all
beacons that have a maximum cross-track asigle (CEA) of 22°, which provides for the
possible reception of five bursts with an glévatignigrigle of at least five degrees.

The analysis shows that the probability of heacon-burst collision in the frequency domain is
not uniform, but depends on the Dopplet shift,'that affects the received burst (i.e. on the
position of the beacon in the satellite(visibiliydrea). It also shows that, because of a Doppler
spreading of +/-9 kHz, frequency~¢hanngls separated by 3 kHz are not independent and the
transmissions from beacons inOpte chafinel may interfere with transmissions from beacons in
other channels. ThereforeBecause of inter-channel interference, the total capacity does not
increase linearly with the@imber of available frequency channels.

For consistency with-the GEOSAR capacity model the 95% probability criterion should be
applied to the successful Doppler processing of valid long messages, with a population of
beacons transmitting only long messages. The analysis detailed at Annex C, and simulations
of the system performance, show that this would result in an overly conservative LEOSAR
capacity figure, considering in particular that the 95% probability criterion is applied to
beacons with a CTA of 22°, which is already a very conservative constraint. The LEOSAR
capacity figures would significantly increase if the calculations were based on beacon events
with a CTA less than 22° (i.e. satellite passes that provide for the possible reception of more
than 5 bursts with a minimum elevation of 5°). Therefore, the nominal LEOSAR capacity
will be based on the maximum number of active beacons in the satellite visibility circle that
allows for a 95% probability of successful Doppler processing of a beacon with a CTA of 22°,
assuming a population of beacons transmitting short messages.

On the basis on the above hypotheses, and in particular because of the choice of a scenario for
achieving the required probability of successful Doppler processing that specifically addresses
beacons at the edge of the satellite visibility area (i.e. with a CTA of 22°), the model used in
the computation of the LEOSAR capacity is conservative. Nevertheless, the capacity figures



2-3 C/ST.012 - Issue 1 — Rev.9
October 2013

provided by this model indicate that a worldwide beacon population greater than one million
can be supported by a single frequency channel, and that a beacon population of about
3.15 million can be supported if the available frequency band is used in accordance with the
optimum channel assignment scheme (see section 4).

In respect of the management of the 406.0 — 406.1 MHz frequency band, it is important to
note that, for a capacity computation based on the specific case of beacon events characterised
by a CTA of 22° three adjacent channels provide less capacity than a single frequency
channel, and five adjacent channels provide less capacity than three channels. To increase the
LEOSAR system capacity, it is necessary to separate the new channels by at least 9 kHz to
ensure a degree of independence between the channels. Total independence in term of
frequency collisions between channels in the LEOSAR system would require a separation of
18 kHz.

The detailed analysis of the optimum frequency assignment scheifd® is provided in section 4.

23 GEOSAR System Capacity Model

Annex D provides a detailed analysis of the GEOSAR c¢dpacity model and the results of the
capacity computations performed under the folloyving hypotheses:

- GEOSAR channels separated by-a¥least(3 kHz are independent (bursts from beacons
in different channels do not ¢llide ifxf¥équency);

- for the first burst trangmitted b§"a beacon, all burst arrival times at the satellite
antenna, from other-beacens™in the same channel, are assumed to be uniformly
distributed over the.duration of the repetition period;

- for subsequenit transmissions of the same beacon, the probability of collision in time
is affected by the random spreading of the repetition period as specified in document
C/S T.001 (i.e. 50 seconds +/- 5 %);

- for a beacon satisfying the nominal conditions described at Annex B, a successful
GEOLUT processing requires at least 3 beacon bursts received with no collisions;
and

- the total system capacity increases linearly with the number of channels in use (the
total load on the satellite repeater has no impact on the channel capacity).

The analysis of the GEOSAR capacity provided at Annex D demonstrates that the
requirement for a 95% probability of successful processing within 5 minutes is always more
restrictive than a requirement for 99% within 10 minutes. Therefore, the determination of the
nominal GEOSAR capacity on the basis of a 95% probability of successful processing is
consistent with the conservative approach adopted for the LEOSAR capacity model.
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However, this criterion will be applied to the successful recovery of valid long messages (i.e.
the recovery of the first protected field of a long message, assuming all beacons are
transmitting long format messages), noting that a valid long message is sufficient to generate
a GEOSAR alert, and that a complete long message (first and second protected fields) will be
retrieved within 10 minutes with a probability of 99.9% (see Table D.5 of Annex D).

In addition, the analysis shows that, under the criterion 95% of valid messages successfully
processed within 5 minutes, a complete long message will be confirmed (second successful
processing of an identical message) within 10 minutes with a probability greater than 96%, or
within 15 minutes with a probability greater than 99% in the worst-case scenario (see
Table D.6 of Annex D)

With the above hypotheses the nominal GEOSAR channel capacityN\is 14 beacons in the
visibility area of a GEOSAR satellite that are simultaneously activéxthe same channel.

The performance of the GEOSAR system is highly dependefit-tipon the quality of the link,
which itself depends on a number of factors (e.g. beacon EIRP). This link quality is reflected
in the GEOSAR capacity model with the selection of fite)parameter K: minimum number of
bursts required, with no frequency collisions, to ensute sucgessful processing. The selection
of K =3 reflects a conservative approach to théZdetermaination of the nominal GEOSAR
capacity and, under nominal conditions, somgyGEOSAR systems are expected to exhibit
higher capacity performance than described ébove.

24 Validation of Capacity Madels

The system capacity figures derved\from the models described above must be verified on the
basis of controlled tests, Msihg real 406 MHz beacons and/or beacon simulators to generate
known traffic loads in-oni¢ or several 406 MHz channels. The output from Cospas-Sarsat
LEOLUTs or GE@DBUTs in presence of the simulated traffic load will be analysed to
determine the performance of the system. The process is repeated for increasing (or
decreasing) traffic loads, until the tested system exhibits a performance commensurate with
the probability level of the capacity definition (i.e. 0.95).

The test procedures used to validate the GEOSAR and LEOSAR (SARP/SARR) capacity
models are provided at Annex E.

- END OF SECTION 2 -
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3. ASSESSMENT OF CAPACITY REQUIREMENTS

The Cospas-Sarsat System capacity requirement is the load of 406 MHz transmissions from
operational beacons or other sources that the System should be able to process or
accommodate. The list below identifies the sources which contribute to this load:

a. 406 MHz distress beacons which have been activated in their operational mode;
b. 406 MHz distress beacons which have been activated in their self-test mode;

c. transmissions from faulty 406 MHz beacons;

[oN

. Cospas-Sarsat System beacons (i.e. orbitography and referengerbeacons);

e. 406 MHz test beacons; and

=H

interference.

3.1 Measure of Traffic Loads and System ‘Capacify

The load on the System caused by a singlésdctiye'beacon transmitting a short format message,
or a long format message, and operating in-gecordance with the requirements of document
C/S T.001 (406 MHz beacon specifieation),Ns a well-defined and well understood amount of
traffic which can be used as_d\mit qf ‘measure. Therefore, it is practical to convert all
components of the 406 MHZ strafft€_Joad into an equivalent number of active beacons as
defined above.

For example, knewinhg the technical characteristics of 406 MHz beacon self-test mode
signals, it is possible to represent the average load resulting from self-test mode transmissions
which may occur in the system, as an equivalent number of simultaneously active beacons.

The end result is that the overall capacity requirement corresponding to the sum of all sources
of 406 MHz transmissions can be expressed as an equivalent number of simultaneously active
beacons. This approach provides a standard unit of measure that can also be used in the
definition of System capacity, the capacity models, and Cospas-Sarsat test procedures for
assessing capacity. Because this standard unit of 406 MHz traffic is used in all these
applications, it allows a simple comparison of capacity requirements against the actual or
forecast System capacity.

An estimate of 406 MHz transmission loads on the System requires:

a. an assessment of the 406 MHz beacon population;
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b. a method for determining the traffic load on the System caused by the distress beacon
population, actual or forecast, expressed as an equivalent number of active beacons;
and

c. appropriate methods for converting other components of the load into an equivalent
number of active 406 MHz beacons.

Considering that the Cospas-Sarsat 406 MHz system includes satellites in low-altitude polar
Earth orbit (LEOSAR system) and in geostationary orbit (GEOSAR system), and since each
of these systems has unique operating characteristics, it is necessary to establish the capacity
requirements for the LEOSAR and GEOSAR systems separately. Furthermore, since the use
of the 406 MHz band is managed by controlling the number of beacons in each 406 MHz
channel, there is a requirement to determine the traffic load generated in each 406 MHz
channel.

3.2 406 MHz Beacon Population Assessment and Forecast

An accurate assessment of the 406 MHz beacon populé&tion and a forecast of its evolution are
essential for determining current and future Systefh ‘capadity requirements (i.e. the beacon
message traffic to be supported by the System).

The capacity of the System depends on the’bandwidth available for beacon use. Therefore, to
satisfy the capacity requirements resulting fromthe growth of the beacon population, the
carrier frequency of 406 MHz beaCofis qupist be spread over an increasing number of
frequency channels in the 406.0¢0"4064 MHz band. Each channel contributes a specific
capacity figure which cannot ‘Be excéeded if the specified System performance is to be
maintained in the channel. ~Fherefote) the beacon population and the corresponding capacity
requirements must be a§sessed and forecast for each Cospas-Sarsat 406 MHz frequency
channel.

3.2.1 Total Beacon Population
The total 406 MHz beacon population is determined from the results of a survey of
manufacturers of type approved beacons conducted annually by the Cospas-Sarsat

Secretariat. This survey requests the manufacturer to provide:

a.  the number of distress beacons that were manufactured in the previous calendar
year;

b.  the number of those beacons that were purchased as replacements for 406 MHz
beacons which had been removed from service; and

c.  an estimate of the growth rate of the number of beacons that manufacturers will
produce in future years.
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This information is consolidated with information obtained from other sources (e.g.
reports provided by national Administrations and international organizations) to
produce a 10 year forecast of the overall 406 MHz beacon population. A model of the
406 MHz beacon population forecast is provided at Annex F.

As a check to ensure that the forecast beacon population remains consistent with the
size of the potential user population, an analysis of available statistical data on aircraft
and vessel fleets has been conducted. The potential beacon population is based on the
size of fleets for each category of aircraft and vessel, assuming an estimated maximum
percentage of each category could be equipped, and a global estimate of the total
personal locator beacon (PLB) market. A summary of this analysis is also provided at
Annex F.

3.2.2  Beacon Population per Channel

The actual beacon population operating in each 406 MHz channel (P.panne;) can be
estimated by tracking the ratio of Cospas-Sarsat alert§yeceived from each channel to the
total number of alerts received, and applying this #at10 ‘to the total beacon population.

Number of alertsreceivedin chdnnel .
Pchannel = - T otalbeacon population
Totalnumber of alertsréceived

Having determined the actual begebn population in a channel, the forecast of the
population in that channel can-be deyeloped on the basis of responses to the annual
survey of beacon manufactufeys by applying appropriate growth ratios. However, the
forecast of the populatioi in indi¥idual channels requires detailed information and
complex analyses whiagh,may«otbe as reliable as global production figures or growth
ratios. In particulapt may prove extremely difficult to predict on a long term basis
reliable figures gf beacon model production, or the termination of production of a
beacon modgh@nd the replacement rate of existing beacons with new models.

Because of the difficulty of forecasting the beacon population in individual frequency
channels, and the corresponding traffic demand, adequate margins will need to be
introduced in the forecast of capacity requirements per channel when deciding on the
use of additional frequency channels.

3.3 406 MHz Traffic Forecast

To determine capacity requirements, it is necessary to forecast the average and peak traffic
loads in each 406 MHz channel. As described above, the load is comprised of 406 MHz
transmissions from many sources, including operational beacons, System beacons, test
beacons, and interference. The various sources of 406 MHz transmissions and the
mathematical model used to forecast the 406 MHz beacon message traffic in the LEOSAR
and GEOSAR systems are detailed at Annex G. An outline of the traffic model is provided
below. The impact of faulty beacons and interference is further addressed in section 3.4.
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The peak traffic load in the coverage area of a GEOSAR or LEOSAR satellite is obtained by:

a. monitoring the 406 MHz band to assess the contribution of each source to the total
load;

b. conducting analyses to forecast long-term changes in the load contributed from each
source (e.g. develop methods for assessing trends in the traffic load resulting from
active beacons, self-test mode transmissions, test beacons, etc.);

c. converting the load generated from each source into an equivalent number of
operational beacons active world-wide;

d. determining the corresponding load in the coverage area of@e system considered
(LEOSAR or GEOSAR) by applying the satellite coverag@éa to earth surface area

ratio to each component of the load, as appropriate; %)
&
e. monitoring the load from each source to determin ctuations which are function of
time or geographic regions, taking into account stems’ coverage area;
f. applying the fluctuation factors describ ov. eak time factor and geographic
density ratio), to obtain worse case loa (@1 source; and

g. summing the load from each souree% e%ﬂbhsh the peak total traffic load.

The process described above pr@\%es &s@mty requirements for the LEOSAR and the
GEOSAR systems, expressed an e@ivalent number of active beacons, which are a
function of the actual or fq ast@on population. Similar computations can also be
performed for each 406 channel, on the basis of the actual or forecast proportion of the
total beacon populatlolgan cach channel, to ensure that the capacity of each individual channel

1s not exceeded. &\(\

The detailed computation of the 406 MHz peak traffic load for each source of 406 MHz
transmissions is described in detail in the “Cospas-Sarsat 406 MHz Message Traffic Model”
provided at Annex G.

34 Interference and Faulty Beacons

Non-beacon transmitters which emit signals in the 406 MHz band and defective beacons can
seriously impact on the System capacity.

Every effort is made by Cospas-Sarsat to identify and locate the sources of 406 MHz
interference, using in particular the LEOSAR system and Doppler location techniques, so that
these sources may be eliminated with the assistance of responsible Administrations.
However, such elimination requires lengthy efforts and, during this period of time,
interference can affect the System’s capability to detect and locate 406 MHz distress alerts in
some areas of the globe.
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One particular beacon failure mode has been observed by Cospas-Sarsat. Some 406 MHz
beacons transmit repetitively in the self-test mode (see document C/S T.001) a message with
an inverted frame synchronisation pattern which is not processed by the System but does
generate a 406 MHz traffic load. Additional tests have been introduced in the type approval
process to eliminate this problem in future. However, in the interim, faulty beacons can have
a significant impact on the total 406 MHz traffic at a particular time due to very short
repetition periods of the self-test mode transmissions.

Having monitored the impact of such emissions for extended periods of time, Cospas-Sarsat
concluded, that:

a. although some channels in the 406.0 to 406.1 MHz frequency band seem to
experience periodic interference patterns, it is not possible t@eliably predict when
interference sources or faulty beacons will be active, the&ation that they will be

active, nor their impact while they are active; %8)
&

b. therefore, it is not possible to estimate a “typical ” that could be used to assess
their impact on the 406 MHz traffic; and S

c. consequently, the Cospas-Sarsat 406 Qtra @Qmodel should not include an
additional traffic level to account for f: be s or interference.

R\~
However, it is also recognised that, duridg particular periods of time, in some geographic

areas and within particular 406 MH co &@hnels, the System capacity could be affected
by interference or faulty beacon trafy 1s51b?)&and these aspects should be taken into account
in the management of the use (&

ée\ 40&@—12 band.
S

&
~N

- END OF SECTION 3 -
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4. COSPAS-SARSAT CHANNEL ASSIGNMENT PLAN IN THE BAND
406.0 - 406.1 MHz

The following sections discuss the rationale for the development of a Cospas-Sarsat 406 MHz
channel assignment plan, the Cospas-Sarsat policy in respect of the use of assigned 406 MHz
frequency channels, the 406 MHz bandwidth needed to satisfy capacity requirements for both
the LEOSAR and GEOSAR systems, and the strategy for ensuring an optimum use of the
available frequency spectrum.

The procedures developed by Cospas-Sarsat for the management of the 406 MHz beacon
message traffic demand through the opening of additional frequeéncy channels in the
assignment table are discussed in section 5 of this document.

4.1 Cospas-Sarsat 406 MHz Channel Assignment Blan

Pursuant to Article 9 of the International Cospas-SarSat Progiamme Agreement, the functions
of the Cospas-Sarsat Council include, inter alia:

- the development of the necessary technical, administrative and operational plans;

- the preparation, consideration andcadoption of technical specifications for the System
space and ground facilities and-fadiobgtcens, as well as the adoption of Cospas-Sarsat
technical and operational docgntentatieh; and

- the assessment of the need,for technical and operational enhancements of the System.

To ensure adequate systefyperformance and the timely adjustment of the System capacity as
demand requires, the*Cgspas-Sarsat Council must ensure that 406 MHz beacons are produced
in accordance with ‘a“co-ordinated frequency assignment plan. The frequency assignment
plan shall take into account:

- the constraints of the space segment (see section 5);

- the constraints of 406 MHz beacon development, production and testing, in particular
the manufacturers’ need for sufficient advance notice for implementing any changes to
their beacon development and production programmes;

- the constraints of Administrations and international organisations responsible for
regulatory matters; and

- the need to optimise the use of the available spectrum and reserve bandwidth for
future system evolution, including the possible development of new types of 406 MHz
distress beacons.

As decisions on matters of beacon specification, testing and type approval may impact on
Administrations and users world-wide, the Cospas-Sarsat Council decisions in respect of the
use of 406 MHz frequency channels for new beacon models must be co-ordinated with
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Administrations and the responsible international organisations, and publicised with
sufficient advance notice.

In view of its responsibilities, the manufacturing and regulatory constraints described above
and the need for advance planning and co-ordination, the Cospas-Sarsat Council has decided
to adopt a long term Cospas-Sarsat 406 MHz Channel Assignment Plan, and to publicise the
Cospas-Sarsat 406 MHz Channel Assignment Table, as provided at Annex H to this
document. The Cospas-Sarsat 406 MHz Channel Assignment Table summarises the current
assignments of 406 MHz channels for the production of type approved beacons and for type
approval of new models of Cospas-Sarsat 406 MHz beacons. It also provides a summary of
future channel assignments in the 406.0 to 406.1 MHz frequency band as planned by Cospas-
Sarsat to ensure that future capacity requirements will be met.

4.2 Cospas-Sarsat Policy on the Use of Assigned 406 MHZChannels

The use of assigned frequency channels will be monitoredef“an annual basis. Cospas-Sarsat
will update its forecast of capacity requirements and make ehanges to the 406 MHz Channel
Assignment Plan as required. To allow for appropriate co-ordination with manufacturers,
Administrations, and competent international orga@isatiogsy*Cospas-Sarsat will endeavour to
decide on any changes to the 406 MHz Changel“Assigamient Plan with a minimum advance
notice of three years before the date such ¢hanges,Would become applicable. The Cospas-
Sarsat 406 MHz Channel Assignment. Jable provided at Annex H defines the current and
planned status of channels in the 406:0-406 A "Hz band, as assigned by Cospas-Sarsat for
type approval of 406 MHz beacon models.

The Cospas-Sarsat policy feitthe pse\ of assigned 406 MHz channels is summarised as
follows:

a.  Beacon modglg~submitted for Cospas-Sarsat type approval testing shall comply with the
applicable casrier frequency assignment as at the date the beacon is submitted to a
Cospas-Sarsat accepted laboratory for type approval testing.

b. If a beacon model is designed to operate in several 406 MHz frequency channels,
Cospas-Sarsat will determine the frequency channel(s) in which production beacons of
that model should operate, in accordance with the Channel Assignment Table
(Annex H), and/or any applicable restrictions, depending on the particular design
characteristics of the beacon model submitted for type approval and the type approval
testing performed on that model.

c.  After successful completion of the Cospas-Sarsat type approval testing procedure, the
Secretariat will issue a Cospas-Sarsat type approval certificate. The Cospas-Sarsat type
approval certificate shall indicate the nominal carrier frequency, or frequencies, at
which production beacons of that model should operate, as per the type approval testing
performed on the model provided by the manufacturer.



4-3 C/S T.012 - Issue 1 — Draft Rev.9
October 2012

d.  The nominal carrier frequency(ies) for a beacon model, as stated on the Cospas-Sarsat
type approval certificate, will be published in the document Cospas-Sarsat System Data,
updated by the Cospas-Sarsat Secretariat on an annual basis, and will be made available
on the Cospas-Sarsat web-site.

e.  When issuing national type approval for a beacon model, or licences for the use of a
beacon, Administrations should ensure that 406 MHz beacons of the model are
operating in the appropriate frequency channel(s), as provided in the Cospas-Sarsat type
approval certificate and in accordance with the Cospas-Sarsat 406 MHz Channel
Assignment Table.

f. The Cospas-Sarsat 406 MHz Channel Assignment Table will be amended as required
on an annual basis, and publicised in the revisions of this GOspas-Sarsat 406 MHz
Frequency Management Plan (C/S T.012), issued by the CosgpastSarsat Secretariat after
approval of the Cospas-Sarsat Council.

g.  If the 406 MHz beacon message traffic in a particularyfrequency channel approaches its
capacity limit, the Cospas-Sarsat Council may degide, as appropriate, to:

- close that channel for type approvalof* new{ beacon models and amend the
406 MHz Channel Assignment TableiacCordingly;

- request manufacturers to switchctheir pfdduction to another frequency channel,
subject to the beacon modgh Continuing to satisty Cospas-Sarsat performance
requirements; and

- recommend that Admifistrations consider amending their national regulations /
legislation to encourage the\trahsition to alternative frequency channels.

4.3 Bandwidth ‘Requirements and Channel Assignment Strategies

Analysis conducted by Cospas-Sarsat has determined that the most effective way to manage
the 406 MHz band was to divide the available spectrum into individual channels and open
these channels for operational use as demand requires. The following sections discuss the
bandwidth requirements for the GEOSAR and the LEOSAR systems, on the basis of 3 kHz
frequency channels, and the optimum channel assignment strategy.

The Cospas-Sarsat frequency channels in the 406.0 - 406.1 MHz band are defined by the
nominal carrier frequency of the beacons operating in the channel.

4.3.1 Bandwidth Requirements for the GEOSAR System

Based on the observed spectral characteristics of operational 406 MHz beacons,
Cospas-Sarsat has determined that the nominal separation of beacon carrier frequencies
should be at least 3 kHz in order to minimise inter-channel interference between
adjacent channels in the GEOSAR system and ensure that adjacent channels can be
considered as independent in terms of the GEOSAR system capacity. As the channels
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are independent, the total GEOSAR system capacity is the sum of the capacity of
individual channels open for beacon operation.

4.3.2 Bandwidth Requirements for the LEOSAR System

The analysis of the LEOSAR system capacity shows that, due to a Doppler spreading of
about +/- 9 kHz, frequency channels separated by 3 kHz are not independent in the
LEOSAR system. Furthermore, the analysis provided at Annex C to this document,
shows that a single channel has considerable capacity, but because of mutual
interference between channels, three adjacent channels have less capacity than a single
channel, and five adjacent channels have less capacity than three channels. This
paradox is the result of the increase in the probability of frequency collision for beacon
bursts received with small Doppler shifts. @

If required, a capacity increase can only be achieved by 0%@11{; new channels separated
from existing channels by at least 9 kHz. Total indepe@@ ce between existing and new
channels would require a separation of 18 kHz. Q

Figure 4.1 illustrates the LEOSAR capacity ({v‘%erg\f active beacons in the satellite
visibility area) achieved when various cha ps of channels are open for use,
with channel A corresponding to 406. eserved for System beacons), and
channel S corresponding to 406.079 z (ch fdiel 19). The capacity figure for a group
of channels is plotted with refesqﬁ to ¢he highest channel in the group, e.g. the
capacity corresponding to chan AB +JK is plotted as channel K (i.e. 11).

N
¢ »
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Figure 4.1 shows that:

= opening new channels adjacent to the three channels already in use (ABC) does
not increase the LEOSAR capacity;

= the best result is achieved with pairs of adjacent channels separated by 12 kHz
(i.e. ABC+G or ABC+GH); and

* asimilar result is achieved with a separation of 9 kHz between pairs of channels
(i.e. ABCH+FGHJK+ etc.), but with less efficiency from a LEOSAR perspective
as more channels need to be opened for the same end result.

The computed LEOSAR capacities illustrated in Figure 4.1, expressed as a number of
active beacons in the satellite visibility circle, are provided in Table 4.1 below.

Note that the case of single additional channels (e.g. ABC+F(er ABC+G) has also been
considered but would not provide for sufficient GEOSAR~cépacity (see section 4.3.3).

4.3.3 Optimum Channel Assignment Strategy

The capacity of a single independent channglin the  PEOSAR system is considerably
higher than the capacity of a single indgpendentiehannel in the GEOSAR system.
However, because of cross channel intetferencefinr'the LEOSAR system, the LEOSAR
system capacity does not increase Aifiéarly-with the number of channels, while the
capacity of the GEOSAR system“does infrease linearly with the number of channels
opened for use. To achieve optimumeuise of the frequency spectrum, the strategy for
assigning new channels, etdgroups™of channels, with the appropriate frequency
separation, should ensurg<€hdt the\LEOSAR and GEOSAR capacities remain balanced.

Taking into accountythe three channels already opened for use (i.e. 406.022 MHz,
406.025 MHz and 406.028 MHz), and the fact that the channel 406.022 MHz is
currently resetved for System beacons (orbitography and reference beacons), Table 4.1
provides a comparison of the LEOSAR and GEOSAR capacities achieved under
various channel assignment schemes. As the beacon message traffic models are
different for the LEO and the GEO systems, the equivalent numbers of active beacons
that correspond to the capacity of the LEOSAR and the GEOSAR systems cannot be
compared directly. Therefore, for the purpose of this comparison, the capacity is
expressed as the worldwide population of operational beacons that can be
accommodated while maintaining adequate system performance.

From the above remark, it should be noted that the capacity, expressed as the worldwide
beacon population that can be accommodated by the System, may vary with the model
of beacon message traffic, while the capacity expressed as a number of active beacons
in the satellite visibility area is only dependent upon the system performance and will
remain constant, unless the system performance is enhanced/degraded.

Columns 1 to 3 of Table 4.1 identify the various channels and column 4 (Channels in
Use) illustrates possible combinations of channels for a variety of assignment strategies.
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Columns 5 (LEO Capa) and 7 (GEO Capa) provide the respective capacity of the
LEOSAR and GEOSAR systems expressed as the number of active beacons in a
satellite visibility area that can be processed with the required level of system
performance, and computed using the capacity models provided at Annexes C and D.
Note that the GEOSAR capacity is 0 for 406.022 MHz as this channel is reserved for
System beacons. The LEOSAR capacity for 406.022 MHz is provided as illustration of
a single independent LEOSAR channel capacity.

Columns 6 (LEO Channels) and 8 (GEO Channels) provide the LEO and GEO systems’
capacity figures expressed in terms of the worldwide beacon population assessed in
accordance with the 406 MHz beacon message traffic models detailed at Annex G.

for Various Channel Assignment Str es

Table 4.1: Comparison of LEO/GEO Cag@ty
%)

Channels MHz Channels in Use LEO Capa LEO-Channels % GEO Capa GEO-Channels
1 -A 406.022 A 38 4,340,558 0 0
2 -B 406.025 AB 37 4,209,0; Q 14 1,169,085
3 -C 406.028 ABC 33 3,68 § 28 2,657,012
4 -D 406.031 ABCD 33 gegsgs 42 4,144,939
5 -E 406.034 ABCDE 32 @ 51,36 56 5,632,866
6 -F 406.037 ABC+F 34 3,814, 42 4,144,939
7 -G 406.040 ABC+FG 41 \Q 4 & 4 56 5,632,866
8 -H 406.043 ABC+GH %6 @411 56 5,632,866
9 - | 406.046 ABC+HHI \Q\ k 5,918,943 56 5,632,866
10-J 406.049
11- K 406.052 ABC+FG+JK Q 53 \@» 6,313,539 84 8,608,720
12- L 406.055
13- M 406.058 ABC+GH+LM 0@ 6@ 7,497,328 84 8,608,720
14- N 406.061 0 \Q
15- O 406.064 ABC+FG+J +@ 65 7,891,924 112 11,584,574
16- P 406.067 6
17- Q 406.070

R

S

406.073 @ +LM+QR 75 9,207,245 112 11,584,574
406.076 +FG+JK+NO+RS 77 9,470,309 140 14,560,427

Note: The worldwide beacon populations (LEO-Channels, GEO Channels) are computed on the basis
of the 2013 LEO and GEO traffic models.

Table 4.1 shows that, with Channel A reserved for System beacons, the GEOSAR
system would limit the capacity of the group of channels (ABC) to about 2.7 million. If
channels D and E are used, the GEOSAR capacity would increase to about 5.6 million,
but the LEOSAR capacity would not increase with these channel assignments.

Therefore, a better strategy would be to open channels F and G (or G and H), which
would significantly increase the LEOSAR capacity to 4.7 (or 5.8) million and allow for
growth. Based on the 2013 LEO and GEO traffic models, the optimum assignment
would be channels ABC+HI, which would provide a capacity of about 5.9 million for
both LEO and GEO systems.
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Figure 4.2 illustrates the LEOSAR and GEOSAR capacities given in Table 4.1, and in
particular two possible assignment schemes:

a)  the channels ABC plus additional groups of two adjacent channels separated by
9 kHz (e.g. ABC+FG+JK+NO+RS); and

b) the channels ABC plus additional groups of two adjacent channels separated by
12 kHz (e.g. ABC+GH+LM+QR).

Note that the worldwide beacon population figures given in Figure 4.2 are derived from
the capacity expressed as the equivalent number of beacons simultaneously active in the
field of view of a satellite. These population figures are therefore dependent on the
traffic model used and are significantly different from those o@ained in 2002, when
document C/S T.012 was first issued, which were more con.&tive It should also be
noted that these population figures assume that each availdble channel accommodates
the maximum population allowed (i.e. matching the ¢ %Q ).

Figure 4.2: Comparison of Channel%l nment Strategies for

Combined LEO/G. ation
@)
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Note: Worldwide beacon population is based on 2013 LEO and GEO traffic models.

From Figure 4.2 and Table 4.1 it can be seen that:

= a separation of 12 kHz between channel pairs (ABC+GH+LM+QR) is more
“efficient” from a LEOSAR perspective, as it provides the required capacity with
the minimum spectrum occupancy; and
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= a separation of 9 kHz between channel pairs (ABC+FG+JK+NO+RS) provides the
maximum capacity within the 19 available channels (9.5 million) and maintains a
reasonable match between the LEOSAR and the GEOSAR capacities.

On the basis of the traffic model available in 2002 which showed more balanced LEO
and GEO capacities using the 9 kHz separation, Cospas-Sarsat has selected a channel
assignment strategy which calls for the opening, when required by the expected growth
of the beacon population, of pairs of adjacent channels separated by 9 kHz from the
previous pair (i.e. alternating pairs of empty channels and pairs of channels open for
use).

This channel assignment strategy is illustrated in the Channel Assignment Plan
provided at Annex H to this document. &

%)
4.4 Cospas-Sarsat System 406 MHz Frequency Prot %1 Requirements

Even though not all channels have been made availab%\%r use, the 406 MHz Cospas-Sarsat
satellite payloads in orbit are relaying/processing@ansnfﬁsions in the complete 406.0 -
406.1 MHz frequency band. Therefore, any ene adi@ in that band may have an impact
on both the LEOSAR and GEOSAR syste pac.@ In particular, interference in the
frequency band can severely affect the tgyabili&Qbf the system to detect and process
406 MHz distress beacon transmissions.\(\ <
N
For the reasons outlined above: @, \(b'

- any party planning to e us*@lon-assigned channels, or of channels assigned for
use in future by as-S#sat 406 MHz beacons, should undertake appropriate
co-ordination w Cospas-Sarsat, in accordance with the applicable ITU
co-ordination* edures; and

- out-of-baﬁﬁ\transmissions should not generate a spectral power flux density in the
406.0 - 406.1 MHz band, as received by the Cospas-Sarsat satellites, in excess of the
levels shown in ITU Recommendation ITU-R M.1478 (protection requirements for
the Cospas-Sarsat SARP instruments).

- END OF SECTION 4 -
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S.

PROCEDURES FOR THE ASSIGNMENT OF 406 MHz CHANNELS

The 406.0 to 406.1 MHz available spectrum is divided into 3 kHz channels which are
assigned for use as required, taking into account the following factors:

a.

.

the bandwidth of Cospas-Sarsat LEOSAR space segment instruments and the induced
Doppler frequency shift on 406 MHz beacon transmissions;

the bandwidth of Cospas-Sarsat GEOSAR space segment equipment;

the total capacity requirements, current and forecast, as a funcfipn of the existing and
forecast beacon population;

the existing and forecast traffic loads in each active chantiel; and

particular circumstances which may affect the capacity of specific channels.

The following sections describe the constraints Amposedby LEOSAR and GEOSAR space
segment instruments, the Cospas-Sarsat procédure appliéd for determining the need for new
frequency channels, and the methods aydtlable to“Cospas-Sarsat for managing capacity
requirements.

5.1

Description of LEOSARand GEOSAR Satellite Constraints
5.1.1 Bandwidthef LEOSAR Space Segment Instruments

As described ifi*Cospas-Sarsat System document C/S T.003, entitled “Description of the
Payloads Used in the Cospas-Sarsat LEOSAR System”, the future generations of SARP
instruments will be able to receive signals in the band 406.01 - 406.09 MHz. Therefore,
taking into account a maximum Doppler shift of about +/- 9 kHz caused by the relative
velocity between the satellite and the beacon, plus a 1 kHz margin at the edge to
provide for some spreading of the beacon carrier frequency around the central frequency
of a channel, the channel assignment plan should not include operational channels
below 406.02 MHz (406.01 MHz + 10 kHz) or above 406.08 MHz (406.09 MHz -
10 kHz) to ensure compatibility with the second generation (SARP-2) instruments of
the LEOSAR system.

5.1.2 Bandwidth of GEOSAR Space Segment Instruments

The bandwidth of GEOSAR satellite payloads is described in Cospas-Sarsat System
document C/S T.011, entitled “Description of 406 MHz Payloads Used in the Cospas-
Sarsat GEOSAR System”. Since, for management purposes, the bandwidth constraints
imposed by GEOSAR space segment instruments need not include additional overhead
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to accommodate Doppler shift, the entire bandwidth covered by GEOSAR satellites
(406.01 - 406.09 MHz) would be suitable for GEOSAR use.

5.2 Principles of 406 MHz Channel Assignment

The objective of the Cospas-Sarsat 406 MHz channel assignment process is to ensure that the
number of 406 MHz beacons operating in a given channel does not generate a peak traffic
load in excess of the channel capacity. To achieve this, the actual number of beacons
produced for operation in each channel must be monitored, and its growth must be forecast to
allow for decisions to be taken with sufficient advance notice.

However, Cospas-Sarsat does not have direct control of the productiomyof 406 MHz beacons
in each frequency channel, or of their sale. Cospas-Sarsat can on}ydifluence the production
of beacons through the Cospas-Sarsat 406 MHz beacon typéZapproval process, and by
working closely with Administrations and international or§anizations which mandate or
provide specification requirements for 406 MHz beacons.

5.2.1  Assignment of Frequency Channels, for Fype Approval of New Beacon
Models

To ensure that 406 MHz beacong»are coMpatible with Cospas-Sarsat satellite
instruments and ground processing\‘€quiptment, and do not adversely impact on the
System performance, Cospas-Safsat hag<¢stablished specific technical requirements and
testing procedures for 406 MH2z beacefs. The technical requirements are described in
the document “Specification  fdr Cospas-Sarsat 406 MHz Distress Beacons”
(C/ST.001) and the testing preCedures are defined in the document “Cospas-Sarsat
406 MHz Distress Bedcon Type Approval Standard” (C/S T.007). Upon successful
completion of the. t€sting of a beacon model in accordance with the requirements of
C/ST.001 and™C/S T.007, a Cospas-Sarsat type approval certificate is issued by the
Cospas-Sarsat Secretariat to the manufacturer.

Cospas-Sarsat Participants, and the majority of Administrations from other countries,
require that manufacturers obtain a Cospas-Sarsat type approval certificate before
authorising the use and registration of 406 MHz beacon models in accordance with their
national legislation and/or regulations.

Therefore, through the Cospas-Sarsat type approval procedure, Cospas-Sarsat can
influence the production of new beacon models in a particular frequency channel by
imposing that, from a given date, new models submitted for Cospas-Sarsat type
approval operate in specific frequency channels. However, Cospas-Sarsat has no
mandate to control the actual production of beacons and, once issued, the Cospas-Sarsat
type approval certificate remains valid with no time-limit, unless the produced beacons
of the type cease to meet the specified performance requirements. The production of
type approved beacon models can continue for as long as the manufacturer decides, i.e.
many years after the frequency channel has been closed for use by new beacon models.
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As a consequence, Cospas-Sarsat must consider the need to open new frequency
channels on the basis of production forecast, well before the active channels approach
their capacity limit. This advance notice is also required by manufacturers who must
plan in advance the design and production of new beacon models, as well as regulatory
Administrations that may have to adapt the applicable regulation/licensing
requirements.

In view of the above constraints, Cospas-Sarsat has agreed to:

a.  decide on opening new frequency channels for type approval of new beacon
models with a minimum three year advance notice; and

b.  adopt type approval testing procedures which allow a partisular beacon model to
be tested and type approved for a range of frequency ¢hdnnels, provided that the
manufacturer accepts the commitment to cease th€jproduction of the beacon
model in frequency channels closed for type . dpproval, and to transition its
production to other channels open for type approval, as provided in the Cospas-
Sarsat 406 MHz Channel Assignment Table-{sé¢ Annex H).

5.2.2  Transition of Type Approved Bea¢on Médels to New Frequency Channels

Because beacon models type approved-for operation in a single channel can continue to
be produced after the frequencyschannel<has been closed for type approval of new
models, the population of beacods.in a pafticular channel could eventually grow beyond
the capacity limit for that chafmel. Thérefore, it may be necessary for Cospas-Sarsat to
encourage the transition offproductién of these beacon models to other channels.

To facilitate suchsMransition, Cospas-Sarsat has adopted streamlined retesting
requirements foreacon models already type approved, to permit their operation in new
frequency chammels. However, Cospas-Sarsat cannot impose such transition and relies
on co-ordination with Administrations to enforce the transition on a national basis,
should the termination of production in a designated channel become an urgent
requirement to ensure adequate System performance.

5.3 Procedure for Deciding on New Channel Assignments

As Cospas-Sarsat cannot directly control the actual number of beacons operating in a given
406 MHz channel, it is not possible to wait until a channel is at full capacity before requiring
new beacon models to be type approved to operate in a different frequency channel. Instead,
the schedule for closing channels for type approval of new beacon models must take into
account the long-term production estimate of all type approved beacons designed to operate
in the 406 MHz channel under consideration. Furthermore, since beacon model production
rates are difficult to estimate, it is necessary to develop a schedule for opening and closing
channels that provides for a reasonable channel capacity margin.
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Taking into account the various factors which could affect beacon population growth, a
channel should be closed for the type approval of new beacon models at the date when the
forecast channel load would reach 75% of the nominal channel capacity.

To assist Council decisions and provide adequate advance notice to manufacturers and
Administrations of the opening and closing of frequency channels for type approval of new
beacon models, a ten-year frequency channel assignment plan has been developed on the
basis of the forecast growth of the 406 MHz beacon population. The plan will be reviewed
on an annual basis to ensure consistency with the actual evolution of the beacon population.
The annual review of the plan will also need to consider:

a.  the actual and forecast evolution of the beacon population and 406 MHz traffic in all
channels open for the production of type approved beacons; a@

b.  the actual and forecast growth of the beacon popul%@\ and 406 MHz traffic in
channels open for type approval of new beacon modéig.

As wide variations of the production of particular beagﬁodels can significantly affect the
forecast channel traffic, appropriate adjustments e planned dates for opening new
channels for type approval might be required o-ordination with Administrations and
manufacturers will be undertaken if it becm@ ne«@ary to consider a transition of the

production of type approved models into n%ﬁyhan@
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COSPAS

CTA
C/S

DRU

EIRP
ELT
EPIRB

GEO
GEOLUT
GEOSAR

ITU
ITU-R

kHz

LUT
LEO
LEOLUT
LEOSAR

MHz
MCC

N/A
NOCR

PLB
PSK

SAR
SARP
SARR
SARSAT
SPOC

ANNEX A

LIST OF ABBREVIATIONS AND ACRONYMS

COsmicheskaya Sistema Poiska Avarinykh Sudov (Satellite System for the Search
of Vessels in Distress)

Cross-track angle

Cospas-Sarsat

Data Recovery Unit of the SARP instrument 6
Equivalent Isotropically Radiated Power 6@
Emergency Locator Transmitter %)
Emergency Position Indicating Radio Beacon Q\%
Geostationary Earth Orbit

Local User Terminal (LUT) in the GEO&Q
Geostationary Satellite System for S é& scue

International Telecommunicati Unlo @
ITU Radiocommunication

XN
Kilohertz Q \(b

Loy
Local User Terr@((\ *
Low-altitud@'th Orbit
LUTint OSAR system
Low{@ e Earth Orbit System for Search and Rescue

Megahertz
Mission Control Centre

not applicable
Notification of country of beacon registration message

Personal Locator Beacon
Phase-shift keying (modulation)

Search And Rescue

Search And Rescue Processor

Search And Rescue Repeater

Search And Rescue Satellite Aided Tracking
SAR point of contact
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TCA Time of closest approach
WRC World Radiocommunication Conference (ITU)
- END OF ANNEX A -
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ANNEX B

NOMINAL CONDITIONS APPLICABLE FOR SARP, SARR AND GEOSAR
CAPACITY DEFINITIONS AND TESTING

B.1 GENERAL

The capacity of Cospas-Sarsat 406 MHz channels are affected by many factors, such as the
performance and technical characteristics of the beacon, satellite performance, the presence of
interferers in the channel, and the performance of the ground processing equipment. Although
these factors must be defined and quantified for the definition of Cospds-Sarsat capacity to be
technically complete and for conducting capacity testing and analyst$/ the detailed values for
these parameters are not required for a general understanding of @apacity. In view of this, all
such factors have been grouped together and are collectiyely referred to as “nominal
conditions”. The nominal conditions applicable for each Cospas-Sarsat system (i.e. GEOSAR,
LEOSAR SARP and LEOSAR SARR) are described below!

B.2 NOMINAL CONDITIONS FOR LEOSAR SARP AND SARR SYSTEMS

a. Ambient Conditions. There arewo.Significant sources of interference operating in the
LEOSAR satellite uplink or dewnlink bdnds.

b. 406 MHz Beacon Performance.(” The 406 MHz distress beacons satisfy the
requirements of CospassSarsatdocument C/S T.001 (beacon specification).

c. Beacon Transmit, Frequency. The beacon transmit frequencies in each channel follow
a Gaussiand{stribution, with a mean value equal to the channel centre frequency and a
standard de¥iation of 300 Hz.

d. Beacon Message Processing. The beacon event is considered to have been
successfully processed if the LEOLUT produces a valid” message. The nominal
condition for achieving successful message processing is a beacon to satellite
elevation angle of at least 5°.

e. Doppler Processing. The Doppler processing is considered to have been successful if
the Doppler solution is accurate to within 20 km. For the purpose of capacity
computation and testing, the probability of successful Doppler processing should be
achieved for all beacon events characterised by a cross-track angle less than, or equal
to 22° (this allows for the possible reception of at least five beacon messages with an
elevation angle > 5°).

The definition of a valid beacon message is provided in the Cospas-Sarsat LEOLUT
Performance Specification and Design Guidelines (document C/S T.002).
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Coverage Area. In respect of beacon message processing and Doppler processing (see
d. and e. above), a beacon is considered to be in the coverage area of the SARP /
SARR channel if:

(1) SARP. The beacon to satellite elevation angle at TCA is equal to or greater
than 6.2° (this allows for the possible reception of at least 4 bursts with an
elevation angle to the LEOSAR satellite of at least 5°).

(i1) SARR. The beacon to satellite elevation angle at TCA is equal to or greater
than 6.2° and a LEOLUT was also in the field of view of the satellite during
this period of time.

However, for the purpose of evaluating the beacon messagp, traffic, and for the
purpose of assessing the probability of burst collisions, a cdxéage area at 0° elevation
angle will be considered.

Satellite Performance. The Cospas-Sarsat LEOSAR satellite conforms to the
description of document C/S T.003 (Description‘of the Payloads Used in the Cospas-
Sarsat LEOSAR System).

LEOLUT Performance. The LEOLWUAsatisfies' the requirements detailed in the
document, “Cospas-Sarsat LEOLELIT Pefformance Specification and Design
Guidelines” (C/S T.002).

Relationship Between Beagotr Poptilation and 406 MHz Channels. When assessing
the maximum LEOSAR(CSsystem‘Capacity, the beacons in the field of view of the
satellite are assumed toybe spr€ad equally amongst the 406 MHz channels specified by
Cospas-Sarsat. Hdwever, the assessment of the capacity of individual frequency
channels (or group”of channels) should also be performed for non-even distributions
of the populatidfl among the available frequency channels.

Distribution of Beacon Transmissions in Time. Beacon activations occur randomly in
time, and the repetition period of beacon transmissions satisfies the C/S T.001
requirement, i.e. 50 seconds + 5 %.

Geographical Distribution of Beacons. The active beacons are evenly distributed
throughout the field of view of the satellite.

SARP Memory Limitation. There are no SARP memory limitations that affect the
capacity.

Distribution of Short and Long Format Messages. Unless otherwise specified, the
capacity figures assume that all beacons transmit short format messages.
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B.3 NOMINAL CONDITIONS FOR GEOSAR SYSTEMS

a. Ambient Conditions. There are no significant sources of interference operating in the
GEOSAR satellite uplink or downlink bands.

b. 406 MHz Beacon Performance. = The 406 MHz distress beacons satisfy the
requirements of Cospas-Sarsat document C/S T.001 (beacon specification), and the
beacons’ EIRP in the direction of the satellite is greater than or equal to [32 dBm)].

C. Beacon Transmit Frequency. The beacon transmit frequencies in each channel follow
a Gaussian distribution, with a mean value equal to the channel centre frequency and a
standard deviation of 300 Hz.

d. Beacon Message Processing. Beacons are considered feHave been successfully
processed if the GEOLUT produces a valid message.

e. Coverage Area. Beacons are considered to be in(tfic coverage area of a GEOSAR
satellite if the beacon to satellite elevation angle.is’ equal to or greater than 4°, and
there are no obstructions shielding the beacomfrom the satellite.

f. Satellite Performance. The Cospas<Sarsat (GEOSAR satellite conforms to the
description of document C/S T.011 (Bescriptidh of the 406 MHz Payloads Used in the
Cospas-Sarsat GEOSAR Systemy:

g. GEOLUT Performance. The GEORUT satisfies the requirements detailed in the
document, “Cospas-Safsat GEOLUT Performance Specification and Design
Guidelines” (C/S T.0Q9)

h. Relationship Betwéen Beacon Population and 406 MHz Channels. When assessing
the GEOSARNSystem capacity, the beacons in the field of view of the satellite are
assumed to“be spread equally amongst the 406 MHz channels specified by Cospas-
Sarsat.

1. Distribution of Beacon Transmissions in Time. Beacon activations occur randomly in
time, and the repetition period of beacon transmissions satisfies the C/S T.001
requirement, i.e. 50 seconds + 5 %.

] Geographical Distribution of Beacons. The active beacons are evenly distributed
throughout the field of view of the satellite.

k. Distribution of Short and Long Format Messages. Unless otherwise specified, the
capacity figures assume that all beacons transmit long format messages.

- END OF ANNEX B -

The definition of a valid beacon message is provided in the Cospas-Sarsat GEOLUT
Performance Specification and Design Guidelines (document C/S T.009).
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ANNEX C

LEOSAR CAPACITY MODEL

See separate file [SD/Updates/T12AnnexC-Draft 8.doc]
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ANNEX C

LEOSAR CAPACITY MODEL

Cl1 INTRODUCTION

The capacity of the Cospas-Sarsat 406 MHz LEOSAR system is defined as follows (see also
C/S T.012, section 2):

“The number of 406 MHz distress beacons operating simultaneously in the field of view of the
LEOSAR satellite that can be successfully processed by the SARP or the SARR channel to provide
beacon message and Doppler location information, under nominal condltl 5% of the time.”

Although the nominal capacity is defined for a single probability of @ess (i.e. 95%), the numerical
results of the analysis are provided for two values of the prob % of successful processing (i.e.

95% and 98%). \}Q

A conservative approach has been systematically taken fi &e development of the LEOSAR capacity
model. In particular, the selected capacity figures co § e worst-case scenario, where the
probability of successful Doppler processing is ac @3 eacon transmitting at the edge of the
satellite visibility area (i.e. with a cross-track angle/(CT 22°, corresponding to a short duration
pass of the satellite in visibility of the beacon ch aHows for the recovery of only 5 beacon bursts).

In all other circumstances, characterised b?@wer s (i.e. longer duration passes), the probability
of successful Doppler processing for a ic 1 orresponding to the nominal capacity would be
significantly higher than the 95% requited by thé“definition. This is illustrated at Appendix C of this
Annex, which provides the pro '1ty f'6liccessful Doppler processing for a given number of
beacons in the satellite visibili @or various pass durations (i.e. with an increasing number
of bursts that can be recew&mng a sdtellite pass) This is also confirmed by simulations reported
at Appendix D, Wthh terise an “average” probability of success, with no constraints on the
CTA of the beacon.

Similarly, we have assumed that two beacon messages (or bursts) that collide in time and frequency
are both lost as a result of such collision. This is not always the case and the burst of higher power is
frequently correctly recovered, while the burst of lower power is lost (see also the simulations
reported at Appendix D to Annex C).

The conservative approach compensates for some of the hypotheses made in developing the capacity
model, such as the uniform distribution of beacons in the satellite visibility area and amongst the
available frequency channels. These ideal conditions are rarely satisfied in real-world situations.
However, to avoid an overly conservative assessment of the LEOSAR capacity, the nominal capacity
figure is determined on the basis of a population of beacons that transmit the short message format,
instead of a population of beacons transmitting the long message format. This matter is further
discussed in section C.3.7.

The results of the capacity computations provided in Table C.1 indicate a single channel capacity of
21 beacons in the satellite visibility area at 98% probability and 38 beacons at 95% probability.
These capacity computations correspond to the scenario of a satellite pass with a CTA of 22°.
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Appendix C to this Annex shows that 100 beacons in the satellite visibility area can be successfully
processed with 96% probability for all CTAs < 20°, and with a 98% probability for all CTAs < 19°.
Similarly, Appendix D to Annex C shows that a capacity computed on an “average” probability of
success (i.e. with no constraint on the beacon CTA) would be considerably higher than the
determination presented in this Annex.

Despite the conservative approach of the capacity model, the LEOSAR system still retains a large
capacity in terms of the maximum beacon population that can be accommodated worldwide.

However, the capacity model also shows that decisions concerning the spreading of beacon carrier
frequencies, primarily required for ensuring adequate capacity in the GEOSAR system, should take
into account some specific characteristics of the LEOSAR system, in particular the fact that adjacent
channels are not independent. This characteristic of the LEOSAR system has a direct bearing on the
selection of the strategy to be used for spreading the beacon carrier frequéncies within the 406.0 -
406.1 MHz frequency band, as shown in section 4.3 of document C/S T%@
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C.2

C.2.1

BASIC LEOSAR SYSTEM CHARACTERISTICS

Random Access with Time and Frequency Diversity

Beacon transmission times are not synchronised and beacon message (also referred to as
beacon burst in the capacity analysis) arrival times at the satellite receiver antenna are random.
Therefore, bursts from different beacons may overlap in time.

The carrier frequency of a 406 MHz beacon is assigned to particular frequency channels in
accordance with the frequency Management Plan (e.g. 406.025 MHz for the first generation
beacons). Within a channel, the beacon carrier frequencies are distributed around the specified
centre frequency of the channel, due to variations in oscillator frequencies, aging, temperature,
etc. In addition, the frequency of the bursts received by the satellite’is affected by a variable
Doppler shift, which is a function of the satellite speed relative to ti€beacon. Therefore, at the
satellite, 406 MHz bursts may overlap in both time and frequengpand interfere with each other.

The probability of mutual interference between beacon bufgts will increase with the number of
active beacons in visibility of the satellite. This, iaNurn, determines the probability of

successfully recovering a valid message and produciig a Doppler location, as defined in the
LEOLUT specification and design guidelines (C/S\I*002):

Figure C.1: Beacon Burst Collisions in Time and Frequency

Frequency
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Figure C.1 illustrates a collision in the time and frequency domains of two beacon bursts B (t;)
and B,(t;), each of duration ‘t’ and occupying a frequency bandwidth ‘b’. Assuming a
different Doppler shift after the beacon repetition period T, the frequency overlap may
disappear at (t+T). As the message repetition period of beacons B, and B, may also be slightly
different, a collision in time may not necessarily repeat itself in successive transmissions.
However, for the purpose of the capacity analysis, only one repetition period should be
considered, with random burst arrival times.

Data bits in the message transmitted by Cospas-Sarsat 406 MHz beacons are directly
modulated on the carrier frequency using a narrow band PSK modulation. Any overlap in time
and frequency between two beacon messages with an equivalent signal power typically results
in the loss of both messages. If the overlapping messages are of distinctly different power, then
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some form of power capture may come into play and the stronger beacon message may be
received correctly while the weaker message is lost (see Appendix D to Annex C).

In accordance with a prudent approach to the evaluation of the LEOSAR system capacity, the
analysis performed in section C.3 assumes that, if two beacons bursts overlap in time and
frequency, they are both destroyed by this collision. However, as discussed in section C.3, we
will apply this constraint to short messages, instead of long format messages.

C.2.2  Single Frequency Channel Capacity and Total LEOSAR System Capacity

Cospas-Sarsat has determined that the optimum separation of frequency channels in the
GEOSAR system was 3 kHz. Channels with this frequency separation can be considered as
independent in the GEOSAR system capacity analysis, and the GEOSAR capacity increases as
a linear function of the number of channels (see Annex D). &

For the LEOSAR capacity analysis, Cospas-Sarsat has als termined that, due to the
frequency diversity generated by the variable Doppler shifts eacon carrier frequencies, and
the relatively small visibility area of LEOSAR satellites {ifi{¢omparison with the visibility area
of GEOSAR satellites), the LEOSAR system has a igher single channel capacity than
the GEOSAR system. However, because of a mégimum frequency shift of about 9 kHz,
frequency channels separated by 3 kHz are not i nd the LEOSAR system (i.e. beacon
bursts from a beacon in a given frequency nel ﬁ‘:ﬂide in time and frequency with
bursts from beacons in other frequency char\l@ls). A

Therefore, the LEOSAR capacity d t in&@ase as a linear function of the number of 3 kHz

channels. X X
QQ %

n C.3for a single frequency channel in the LEOSAR system,
tem-capacity when all frequency channels are occupied and the
total beacon populatip VCH];’QS ributed amongst all available frequency channels. In this
last configuration, all Channels are assumed to be identical and the total system capacity can be
assumed to be e\fgﬂy distributed among all frequency channels. The individual channel
capacity is t ?Qhe total system capacity divided by the number of channels, but it should be
noted that this*individual channel capacity is less than the single frequency channel capacity
previously considered.

An analysis is provided in s
and for the total LEOSA

C.2.3  SARP and SARR Processing Channels

Two different processing channels are indicated in the definition of the LEOSAR capacity: the
Search and Rescue Processor (SARP) channel and the Search and Rescue Repeater (SARR)
channel.

406 MHz beacon messages received through the Search and Rescue Processor (SARP) channel
are processed on board the satellite to retrieve the message data and generate, for each beacon
message, a time-tagged frequency measurement. This data is stored on board the spacecraft
and continuously broadcast for transmission to a LEOLUT. The LEOLUT processes the data
to compute a Doppler position and generates a distress message for distribution to SAR
services. The SARP channel, which includes a satellite memory unit, provides the system
global coverage as simultaneous satellite visibility of a LEOLUT and a beacon is not required
to receive the beacon messages.
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406 MHz beacon messages received through the Search and Rescue Repeater (SARR) channel
are only repeated by the satellite SARR instrument, and all processing is performed in the
LEOLUT (i.e.: data recovery, timing, frequency shift measurement and Doppler location
computation).

There are two physical limitations that impact on the SARP channel capacity, but not on the
SARR channel capacity:

a) the number of on board processing units in the SARP instrument; and

b) the size of the SARP memory unit, which limits the volume of processed messages that can
be stored.

In the SARP channel, a beacon message arriving at the satellite 406 MHz receiver is assigned
in real-time to a specific processing unit of the SARP instrument gure C.2). This SARP
Data Recovery Unit (DRU) remains occupied for a given proc é?me As 406 MHz beacon
message arrival times at the satellite receiver are random w@ a repetition period (i.e. the
beacon transmission times are not synchronised), some burﬁ\nay be lost if all DRUs are busy,
even when these bursts do not interfere in the freque omain. Therefore, the number of
available DRUs in the SARP instrument directly gmpacts on the SARP capacity and the
probability of successful access to a DRU is a sig(xﬁcant @rameter that is analysed further in

section C.3.
@ \O

All future SARP instruments in the @\LEOSAR system will have 3 on board
DRUEs, allowing for simultaneous proce&ig eacon bursts.

’b
&&re (28 SARP Block Diagram
N

Controlé}Q .| DRU 1 >
Frame Mission
Q{\ " DRU 2 »| Formatter [ Telemetry
> and Memory
RF Input .
PUt ——1 Receiver > brU3 >

406 MHz beacon messages could also be lost after on board processing if the processed data in
the satellite memory unit is replaced by newer information before its successful retransmission
to a LEOLUT. This is dependent upon the number and availability of LEOLUTS in the system,
the size of the SARP memory unit and the rate of arrival of new information. On the basis of
the current characteristics of the SARP instrument and memory unit, and the number of
LEOLUTsS in the System, it is assumed that no data is lost before its transmission to a LEOLUT
(there are no “blind” orbits, i.e. a LEOSAR satellite will always come into view of at least one
LEOLUT during a single orbit). Therefore, the satellite memory is not the critical criteria that
determines the system capacity.
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In the SARR channel, similar limitations due to the LEOLUT ground processing could also
exist. However, it is assumed that the LEOLUT ground processing can be adapted as necessary
to meet the required traffic. Therefore, the LEOSAR capacity analysis does not take into
account specific SARR limitations, but is based on the SARP limitation to 3 Data Recovery
Units.

C.2.4 LEOSAR Satellites Visibility Area and Duration of Satellite Passes

406 MHz beacon messages can be detected only when a LEOSAR satellite comes into visibility
of the transmitting beacon. The LEOSAR satellite visibility area to be considered in the
capacity analysis depends on several parameters, including:

- the altitude of the satellite (for Sarsat satellites at an altitude of about 870 km, the visibility
area to 0° elevation is limited to a circle of about 3,000 km radius '@d

- the specified minimum beacon to satellite elevation angle @Q" elevation specified in the
document C/S T.001 in respect of beacon antenna dlagra

A beacon remains visible by a satellite for a dura‘u% at is a function of the size of the
satellite visibility area and the distance from the beacen o the satellite sub-track. This duration
is characterised by the Cross-Track Angle, or th %mmu@sbeacon-to -satellite elevation angle
that is achieved at the time of closest approac A) é’s@Flgure C.3).

Figure C.3: LE(%;\R S@lte Visibility Area
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Small CTAs correspond to beacons close to the track of the satellite (high maximum elevation
angles), which provide long pass durations and the opportunity to receive a large number of
bursts from those beacons (up to 15 minutes pass duration and 18 beacon bursts). Large CTAs
correspond to beacons far from the track of the satellite, which provide short duration passes at
low elevation angles and fewer bursts received by the satellite.

The requirement for providing a Doppler location, as included in the definition of the LEOSAR
capacity, leads to a requirement for a minimum pass duration that allows the reception of a
sufficient number of beacon bursts to achieve the required probability of obtaining a good
Doppler location.  The Cospas-Sarsat document C/S T.002 (Cospas-Sarsat LEOLUT
Performance Specification and Design Guidelines) calls for four (4) or more data points that
bracket the time of closest approach (TCA) for providing nominal Doppler solutions. For the
LEOSAR capacity analysis, we will assume that 4 frequency measurements must be available,
and that the minimum duration pass should allow the reception of 5 pessible beacon messages
with a minimum elevation angle of 5°, which corresponds to pas &h an elevation angle at
TCA of at least 6.8°. However, the analysis of the probabilit@collisions in the frequency

domain will be made with a 0° elevation angle. \@

In accordance with a conservative evaluation of the LE R system capacity, the requirement
to obtain at least 4 good data points out of 5 possq requency measurements defines the
worst case scenario to be considered in the LEOS@R cap@ty model. This matter is analysed

.\O

in more detail in section C.3. %
Note: The capacity is defined at 95% proba‘%pgo @ﬁbcessing. The choice of an elevation angle at
b

TCA of at least 6.8° is conservative, oes preclude producing Doppler locations when only
3 frequency measurements are agu le 6{ 2 complemented by a beacon transmit frequency
measurement in the LEO-GEO’&g bine\?bcessing technique). However, this capability should
not be taken as representing\the n r@a condition attached to the definition of the LEOSAR

system capacity.
&2
N
O
9
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C3

C.3.1

LEOSAR CAPACITY ANALYSIS

Methodology of LEOSAR Capacity Assessment
C.3.1.1 Probability of Reception of a Single Beacon Message

Firstly, we have to determine the elementary probability for a beacon burst to be correctly
received by the satellite SARP instrument. This implies that at least one of the SARP DRUs is
free when the beacon burst arrives at the satellite antenna.

Note that if DRUs are free, the collision in time between two arrivals separated by a time t < T,
does not directly affect the result of the processing of the messages, provided there is no
collision in the frequency domain, i.e. the distance in frequency is %ter than the input filter
bandwidth “b” (when the distance | fi -, | is less than, or equ the arriving burst cannot
be distinguished from a burst already being processed). There@ collisions in the frequency

domain and in time will result in both messages being lost. probablllty of collisions in the
frequency domain and in the time domain need to ssessed prior to addressing the
probability of successful recovery of a message in th U of the SARP instrument. These

probabilities must be determined for N beacons sg&ﬁneously active in the satellite visibility

area.

Finally, we will assume that a beacon mé@uge &(?has access to a free DRU and is not

interfered with during its processmg e i DRU, has a probability Pgp of being

successfully processed by that DR ” the data in the message are correctly recovered and

the Doppler measurement is succe R\

NG

Wenote: Py  the prob@‘ty f%rst collisions in the frequency domain when active
beaco e L@&mly distributed in the satellite visibility area;

Py thQ)robability that at least one DRU is free at the time of arrival of the

\(‘\\ acon burst;

II§A the probability that the arriving burst does not collide in time and frequency
with other arrivals;

Psp  the probability of successful processing (which may be affected by various
factors such as noise, etc.), assuming the arriving burst is assigned to a free
DRU and is not interfered with in the frequency domain; and

Pr  the resulting probability of good reception of a beacon burst when N
beacons are active in the visibility circle of the LEOSAR satellite, which is
a function of the above probabilities.

Pna is a function of P; and the number of active beacons in the satellite visibility circle.

We will demonstrate in section C.3.2 that P; varies, depending on the transmitting beacon
position in the visibility circle, which is characterised by the Doppler ratio D (the ratio of the
actual Doppler shift of a particular transmission to the maximum Doppler shift).
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Py is also a function of the number of active beacons in the visibility circle and of the
probability of frequency collision that characterises each of the bursts previously received.
However, to compute this probability using the modified Erlang-B model described at

Appendix B, we will only consider the minimum value of Py, which defines the lower limit of
Py.

Note: Although Py is a function of the probability of frequency collisions, the state of the SARP system at
the time “t” of arrival of a new burst is independent of the frequency shift that affects the arriving
burst at “t”. The possible collision in time and frequency of the arriving burst with preceding or
following bursts received by the SARP is only reflected in the probability Pna (probability of no
collisions in frequency during the time interval [t-t, t+1]).

As a consequence, Py is a function of N and D, and can be expressed as follows:

PR(N,D) = PU * PNA * Psp 6@6 C/E.1
%\1‘
The computation of Pr(N,D) will be performed for a sing@le frequency channel and for the
multi-channel system, when beacon carrier frequencie spread over a number of frequency

channels, each separated by 3 kHz. This will allov@or the computation of a single channel
LEOSAR system capacity and a multi-chann system capacity, which are both
required for the management of the 406 MHz en

C.3.1.2 Probability of Successful Dolgbr Pn&@smg

We want to determine the prob \(t; 0 @taining the Doppler location of a transmitting
406 MHz beacon with an elevati t TCA of at least 6.8° (which will be noted Ppp),

when N beacons are activ of view of a LEOSAR satellite. This condition is
expressed as the possibili re@n\ng at least four (4) bursts out of (M) possible data points.

If each possible p01n®as received with the same probability Pg, the probability of obtaining a
Doppler locatio Cglder the above condition would be the sum of the probabilities of all
possible com%;@tlons of at least 4 data points out of M possible measurements during the
satellite pass (M is a function of the cross-track angle (CTA)), i.e.:

M
Ppp = ZCMPIE (1-Px)M™; with m = 4 and M function of CTA. C/E.2

i=m

However, the computation of Ppp must also take into account the fact that Py is not a fixed
value during the satellite pass (see section C.3.2 and Appendix A to Annex C). Therefore, the
probability Ppp must be computed with the values of Py obtained for each data point that can be
received during a satellite pass with a given cross-track angle (CTA), and a nominal solution
(or worst case solution as appropriate) must be selected for the assessment of the LEOSAR
capacity. We will demonstrate at Appendix C of Annex C that the worst-case solution
corresponds to a cross track angle of 22° (M = 5) and use the results of the computation of Ppp
for that particular case to derive a system capacity figure.
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As the selected Ppp is a function of the number N of active beacons, the capacity is the value of
N when Ppp(N) reaches 95%.

C.3.2  Probability of Collision in the Frequency Domain

Two bursts collide in the frequency domain when the distance of their carrier frequency
|1, 1 -H | is smaller than b, the frequency bandwidth of the input filter of the satellite DRUs.

If we assume that the beacon carrier frequencies are uniformly distributed in the available
bandwidth B, and noting that b is small compared to B, then (ref TG-1/2000/3/5 and
TG-1/2000/4/2):

Pe([fy -f2]<b ) = % C/E3

R

fu is defined as the Doppler shift corresponding to @ = 0 and 6 Q(see Figures C.4 and C.5),
i.e. along the velocity vector of the satellite: \%

2n (R +h
fu = fix Vox = = M 10.066 kHz, with: C/E.4

Ts *©
fg  beacon carrier frequency = 406. O@Hz,oQ

Vs satellite velocity ‘Q @
¢ speed of light = 300,000 l& &A

Earth radius = 6 37851'(@

R
h  altitude of the @
Ts period of thK’S)a elli rb1t = 102 minutes

The maximum Dop 1ft f0 beacon in the satellite visibility area is achieved with the
beacon at 0 ° elevation on the satellite track. This maximum achievable Doppler shift for the
channel 406.0{%&% is

£,° = fi % cos(Opin) = fi * R/ (R+h) = 8.858 kHz C/E.5

Therefore, the arriving bursts frequencies are spread over a bandwidth B =2 * 8,858 kHz.

Note: Measurements of the beacons’ transmit frequency in the 406.025 MHz channel has shown little
frequency spreading. Therefore, the spreading of the beacon carrier frequency is not considered
further in this analysis (see Annex D on GEOSAR capacity for details on beacon carrier frequency
spreading). All beacons in a frequency channel are assumed to transmit at the same frequency.

With an input filter bandwidth b = 1.2 kHz, and assuming a uniform spreading of the received
burst frequencies over the Doppler bandwidth B, the probability of collision P; would be:

2
pf = Eb = 0.135 C/E.6

However, the detailed analysis for beacons uniformly distributed in the field of view of the
satellite shows that the Doppler spreading is not uniform (see section C.3.2.1 below and
Appendix A to Annex C).
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Figure C.4: Geometry of the Satellite to Beacon Line of Sight
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C.3.2.1 Single Channel Frequency Distribution

The frequency shift for a beacon at a position in the visibility circle defined by the angles 6 and
o, (see Figures C.4 and C.5) is given by the expression:

fy = fym * cos 0 x cos @ C/E.7

where: 0  is the look-down angle to the beacon; and

¢ is the azimuth of the beacon.

From equation C/E.7 above we can see that the probability of a given beacon burst being
interfered with by the bursts of other beacons in the field of view of tl{e)satellite depends on the
position of that particular beacon in the visibility circle. Thereforgythe task is to determine, for
the values of the Doppler shift of the bursts received duriig a particular satellite path
(characterised by its CTA), which other beacons would inteifére in the frequency domain, and
derive a probability of frequency collision for the possible¥@lues of the Doppler shift.

The probability of collisions in the frequency dotbain for a specific Doppler shift fy is
expressed as a function of the Doppler ratio D<= fo/fy,Which depends on the position of a
transmitting beacon in the satellite visibility cigele] and:

S
Pp(D) =2 C/E.8
S
where: S is the surface aregefthe satellite visibility circle; and

Sp is the surfac@arca within the visibility circle where beacon transmissions will
collide in frequency with the transmitting beacons that have a Doppler ratio D.

This computation ig“detailed at Appendix A of Annex C. The results are provided in
Table C-A.1 of Appendix A to Annex C and illustrated in Figure C.6. It can be seen from
Figure C.6 that@he probability of collision in the frequency domain is significantly higher for
large Dopplersshift values than the probability determined for a uniform distribution in the
Doppler bandwidth, and significantly lower for smaller Doppler shift values.

Figure C.6: Probability of Frequency Collision as a Function of the Doppler Shift
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C.3.2.2 Multiple Channels Frequency Distribution

The following assumptions are made in respect of the population of active beacons in the
visibility circle of the satellite:

- the total number N of active beacons in the visibility circle is uniformly spread amongst k
frequency channels, and each channel C; has the same number of active beacons: n =N/ k;
and

- all beacons in a channel transmit at the same carrier frequency and the carrier frequencies in
two adjacent channels are separated by a distance of A kHz.

A beacon burst transmitted in channel C; at a position B(a,@) of the visibility circle is
characterised by its Doppler ratio D, and this burst will collide in fre@ency with the bursts of
those beacons in the same channel C; that are located in the are? e note n; the number of

beacons in C; that are located in area Sp. Then, we have: o _68 =pr(D)
n

)

The transmissions of beacon B(o,p) in channel C; @also collide in frequency with the
transmissions of beacons in channel C;,, that are 1003@1 in the area Sp, where:

=D-(Afy)=D- %@mh S @ fir)
S &
We have: % %L &IQ@ ~3)
9

Y
Similarly, we find: %’Q\S i@ =ps (D -

. . D
with the following condé(n\ limiting j:
oy
- Sy # 0and @y # 0 if D-j5 > -(Dyw +¢€) ie. Doppler shift > - (8.858 kHz + “b”),
where “b’* iéthe bandwidth of the SARP input filter, and & = b/fy - see Appendix A for
the de Y&fthese limits, and

- S(D_jg) =0and Ny = 0if D -_]8 < '(DMax + 8) [ ie. _] > (DMax +e+ D) / 6]

C/E.9

N i  Spijs)

=ps(D+j8) C/E.10
n S

and:

with the condition:
- S(Dﬂ-g)#Oandni_j;éO if D+j6SDMaX+S
- S(D+j5):()al'ld ni_j:() if D+j6>DMax+8 [le j>(DMax+8-D)/6],

Therefore, in a system of k channels and with the above conditions on j, the total number of
active beacons that collide in frequency with the transmitting beacon B(a.,¢) in channel C; is:

k—i i—1
n(D):ni +Zni+j +Zni_j . C/E.11
= =
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The probability of frequency collisions with the transmissions of B(o,¢) that operates in
channel C;, is:

n(D) 1

P (D)= =X

k—i i—1
pr(D)+ Y pr(D—jd)+ D pr(D+jd) C/E12
=1 j=1

with:  P{D-jd) #0ifj < (Dyax + €+ D)/ 3,
P{(D-j6) = 0 if j > (Dyax + € + D) / ; and
with:  P(D+j8) #0 if j < (Dyax + € - D) / 8,

P(D+jd) =0 if j > (Dyax + €-D) / 5; 6
N7
For the LEOSAR system, with frequency channels separated E&g’ = 3 kHz, and with an input
filter bandwidth of 1.2 kHz, we have: %)
§=A/fy=23/10.066 = 0.298 %\}Q
Duax = 8.858/10.066 = 0.879 Q
. ) S O
e=b/fy=1.2/10.066 =0.119. \QQ '\(0\
The number of channels that can interfegb(;’a?ith a@%‘[ in channel C; is:
24(Dy + £) / 5= 6. (\\\(\ \é
The results of the computati f P \) are given in Table C-A.1 of Appendix A and are
illustrated in Figure C.7.( r the ‘case of five adjacent channels (two above and two below

Ci), and in Figure C.7.(E§%r the‘@ of ten adjacent channels and twenty channels.

Figure C.7.(a):\$robability of Frequency Collisions for Five Adjacent Channels

L0

-

0.25

/N

0.15

—e— Pf(D)

—=— Pf(D)/5 Ch.
0.10

0.05

Prob. of Frequency Collision

0.00 rTrrrrrrrrmr7r7r 1717 T 1T 1T 17117 T 1T 17T T T T T T T TT1TT
0.00 1.00 2.00 3.00 400 500 6.00 7.00 8.00

Doppler Shift, kHz (Fd)




C-15 C/ST.012 - Issue 1 - Rev.9
October 2013

Figure C.7.(b): Probability of Frequency Collisions for Ten and Twenty Adjacent
Channels
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C.3.3  Probability of Beacon Message Access to a Free DRU of the SARP Instrument

Py is the probability that at least one of the three Data Recovery Units (DRU) of the satellite
SARP instrument is free at the time of arrival of the burst, when N beacons are active in the
field of view of the satellite (see Figure C.2).

Several assumptions are made for analysing the probability Py:
- the SARP system includes three Data Recovery Units (DRUs);

- the beacon message arrival times have a Poisson distribution with an arrival rate A = 1/y,
where vy is the average time interval between arrivals;

- the ‘service’ time (message processing time) of each message is constant, equal to the
duration of the beacon message transmission (1); the service rate issthen p = 1/1; and

- messages arriving when all DRUs are occupied are lost, i.e. th%@é no queues in the

system.
%)

For a Poisson distribution, the probability of n arrivals du@ a time interval t, is given by the
expression: Q

AN
Pn(t)= _(M)' ({t% Q
n: @ . O
2 X
If (N) is the number of active beacons in atelligewvisibility area, T the duration of a beacon
message transmission and T the beaco smissions’ repetition period, the average density of

beacon messages is: K
: ?K\x x9O
=5{mnd A=N/T. C/E.14
RO\

The various states’ trangsiions ot‘@ ARP system are represented in the diagram of Figure
C.8, where S(i) is the@e of the system when i servers are occupied.

&
~N

Figure C.8: Diagram of SARP State’s Transitions

C/E.13

S(0) S(1)

Ao A Ao
—> —> " —> "
: :uz ]M

2!

The general theory of “birth and death” processes in a system of M servers, illustrated above
for three servers only, and the description of the beacon message traffic with the hypothesis of
a Poisson distribution of arrivals are detailed in Appendix B of Annex C. The results of this
analysis are summarised below.

Under the assumptions made above, the “birth” rate is constant: Ay = A; = A, = A; and the
“death” rate in state S(i) is i, SO [ = W, o =2, M3 = 3.
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The probability for the SARP system to be in state S(i) is:
2 377!
P, = hid P, ,, and noting that Py =| 1+ x + i + Lix , the probability of all three
M po 2 u 3 u
DRUs being occupied is:
i % 5
P, = B C/E.15

noo1(a) (Y
I+—+—|—| +=|—
poo 2 3 p
The above formula is also known as the Erlang B-formula for a system with 3 service units (i.e.
the satellite DRUs) when all ‘blocked’ arrivals are lost (i.e. noc~queues in the system).
However, in the LEOSAR system, the probability Pi of the st 1) must be modified to
account for the fact that no state transition will occur if the arrivimg’burst is not separated in the

frequency domain from a burst already under processing. is is achieved by replacing the
arrival rate A with a rate that combines the probabilify’ of no collision in frequency:

A1 =A*(1 -Py). The detail of this calculation is provid%@ Appendix B of Annex C.

We note v = A/, the beacon message traffic ex@eghﬁ@daﬂg. Using a modified Erlang-B
formula to express the probability of a SARP &tate P:E probability of at least one free DRU

in the SARP instrument would be (see Apgj ix B nnex C):
Vo N \\

IR\
5 Q’\\(\(S}@}thvz(l—l)f)

PU=Z%@' \2 2!3 C/E.16
SIS T T RO

The above fi \?assumes the same probability P; for all messages being processed. To
resolve this ﬁmonal difficulty (each burst under processing actually has a specific probability
of collision in the frequency domain, which varies with the position of the beacon in the

visibility area), we select the minimum value of P; (noted P; min), which provides the lower
limit of Py (see Appendix B).

Py depends on v = A/p, which is a function of N, the number of active beacons in the satellite
visibility area. Therefore, Py = f(N).

C.3.4  Probability Pys of No-Collisions in Time and Frequency

Pna is the probability that the processing of a burst is not affected by another burst at the same
frequency, i.e. there are no arrivals of messages at the same frequency during the interval
[t-1,t+ 1] =21, where T is the processing time of a single burst and t is the time of arrival of
the burst being considered.

Note: Py, calculated as described in section C.3.3 above, takes into account the probability of collisions
in frequency, but only to express the state of the SARP system.
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From the assumption that arrivals are distributed according to a Poisson law, we have (C/E.13):

n
P, (t):@ e M = probability of n arrivals during a time interval ‘t’.
n!

o . . . . -2
The probability of no-arrivals during the interval [t - 7, t + 1] =2t is: P (21)=¢ M.

This expression must be modified to account for the additional condition: no arrivals at the
same frequency (i.e. with a distance of frequencies less than the filter bandwidth of the DRU).

Under this additional condition we have to replace A with A’ = A* Py, where Py is the probability
of frequency collision, as detailed in section C.3.2, for the message being processed, which is
characterised by a specific Doppler ratio D.

2 1Pt 6 C/E.17
)
N4

Then: Pya=c¢

The probability Py, is a function of A and P and, therefore(\%f the number of active beacons
(N) and the position in the visibility circle of the b@on B(a,p) being considered, as
characterised by its Doppler ratio D. %\}

C.3.5 Probability Py of Single Beacon Message F@tmbo

Q@

We assume that the probability of successfﬁ@ocez% when a message has been assigned to a
free DRU and is not interfered with duri s prc& ing, Pgp is 0.99 (ref: TG-1/2000/3/5).

Note: Although a theoretical approac
figure 0.99, which correspo
the evaluation of the LE
bursts are not received

a ed I|nk budget would provide a higher figure for Psp, the

O\Qn specification of the Sarsat SARP, will be retained for
cap ThIS also reflects the fact that, in real life, a number of
€ nomi power level.

Then, the probability&@g@eptio&f a single beacon message is: Pr(N,D) = Py#Pya*Pgp.

V2
1+V+?(l_pfmin)

Py ( D) = 0.99#e¢ 2T x . — C/E.18

1+V+%(1—pfm]'n)-i—%(l_pfmin)(l_zpfmin)

C.3.6  Probability of Successful Doppler Processing

During a satellite pass, the transmitting beacon will occupy successive positions parallel to the
satellite track, at a distance characterised by the cross-track angle (CTA), as illustrated in
Figure C.3. The duration of the satellite pass in visibility of the transmitting beacon and,
therefore, the number of messages that can be received by the satellite, are a function of the
CTA.

We define the probability of successful Doppler processing (Ppp) as the probability of receiving
at least 4 out of M possible messages. As the probability of reception Py is specific to each
received burst, we cannot apply equation C/E.2 given in section C.3.1.2 and, for M = 5, we have
the following expression, where P; is the probability of receiving the burst (i):
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PDP = Pl*Pz*P3*P4*P5 + Pl*Pz*P3*P4*(1-P5) + Pl*Pz*P3*(1-P4)*P5 + Pl*Pz*(l-P3)*P4*P5
+P%(1-Py)%P3PyxPs + (1-P1)*P,#P3xP4#Ps; or:

1 1 1 1 1
P, P, P, P, P

Similar computations could be performed for 5 < M < 18, but such computations become
extremely cumbersome for M greater than 5. Therefore, in Appendix C to Annex C, we will
only verify that, for M > 5, the probability Ppp remains higher than the probability computed
for M = 5, with a CTA of 22°, and accept the case M = 5 as the worst-case situation from which
we can derive the system capacity.

The proposed verification for M > 5 is made by applying to all burstsyreceived during the pass
the minimum value of Py (probability of reception of a sing &ssage obtained for the
maximum of P;, probability of collision in the frequency domé With this approximation,
equation C/E.2 is applicable. \%

The detailed computations of the probability of succ %J Doppler processing for a single
frequency channel system and for a multi-chann@ em are provided in the following

sections.
NN

C.3.7 LEOSAR System Capacity \Q &('g
Figure C.9 provides the probabiht &11 Doppler processing for a CTA of 22°
(i.e. M=5), as a function of the nu é\ve beacons in the satellite visibility area, in the
case of a single channel, for sh essages (t = 0.440s) and long beacon messages
(t=0.520s), and also for vali messages as discussed below.

Figure C.9: Pro abil@ successful Doppler Processing for CTA =22’
g?evation angle at TCA = 6.8°), Single Channel
Short @ ong Beacon Message Formats, and Valid Long Messages
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The probability of successful Doppler processing illustrated in Figure C.9 is computed for short
and long format messages using the equations C/E.18 and C/E.19 established in sections C.3.5
and C.3.6, and the corresponding values of t: 0.440 and 0.520 seconds, respectively. However,
we have also considered the case of valid long messages, which are used to determine the
nominal capacity of a GEOSAR channel (see Annex D “GEOSAR Capacity Model”).

For valid long messages, we assume a population of beacons that all transmit long messages
(T =0.520 seconds), but we accept that if a collision only affects the second protected field of
the message, then the first protected field is successfully retrieved and can be used for the
Doppler processing, as the beacon identification is entirely contained in the first protected field
(this assumes that the corresponding Doppler frequency measurement is also available). The
probability Py is not modified under this hypothesis, but the probability Pys is now computed
with a value t = (0.520+0.425)/2 = 0.473, considering that no arrivals should occur at the same
frequency during the time interval [t — 0.520, t — 0.425] (see the disqussion of the recovery of
valid long messages in section D.3.2.3 of Annex D).

In addition, on the basis of simulations performed with a Sarsat SARP engineering model,
Appendix D to Annex C shows that some form of power cdpfure exists and can be modelled by
reducing, in the expression of Pya, the interval during which no collisions should occur to
(0.9*217), instead of 27 .

The resulting probability of successful Dopplesprocessing for valid long messages is reported
in Figure C.9 with and without the improg®ment bfdught about by the consideration of a
possible power capture. It is clear from Ergure G'2that the case “with power capture” cannot
be distinguished for the results obtaiged fox short format messages using the unmodified
equation C/E.18 of section C.3.5. X[herefor&/Jalthough the following results are provided for
short and long format messages\using\the unmodified equation C/E.18 to avoid an overly
conservative approach we wilhbase@ur final assessment of the LEOSAR capacity on the
results obtained for a populdation ofbeacons transmitting short format messages.

Figure C.10:\Probability of Successful Doppler Processing for CTA = 22°
(Elevation angle at TCA = 6.8°), Short Beacon Message Format,
with 5, 10 and 20 Frequency Channels
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C-21

Figure C.10 illustrates the probability of successful Doppler processing computed under the
same conditions as above (CTA of 22° (i.e. M=5)), for the short message format only, in a
system with 5, 10 and 20 adjacent frequency channels, each channels being assumed to
accommodate the same number of beacons.

On the basis of our definition of capacity and the hypotheses made in the preceding analysis,
Table C.1 provides the values of the LEOSAR system capacity with a single channel, expressed
as the number of active beacons in the satellite visibility area that can be successfully processed
with a given probability (assuming all beacons transmit short message formats, or all beacons
transmit long message formats), and the corresponding capacity values for a LEOSAR system
with 5, 10 or 20 adjacent channels.

Table C.1 shows that a system with 5 adjacent channels would have a lower capacity than a
single channel. This result is due to the actual increase of the probability of collisions in the
frequency domain for the central channel of the 5-channel syste d particularly when the
received frequency of a burst in that channel is not affectedg large Doppler shift (see
Figure C.7(a), in particular for Doppler shifts between 0 an z). This is specifically the
case for the 22° CTA, which is selected as the worst case f& computation of the probability
of successful Doppler processing. \}

With 10 and 20 channels, the total system capaci crea@ although not linearly as the DRU
limitation affects the probability of reception oéﬁdlvid@ essages.

S

These results underline the need to careﬁgl-ldr\?lan @\preading of the beacon carrier frequency
on the basis of a decreasing individ%@ann &pacity when additional channels adjacent to
existing channels are open for use,Nor ure sufficient frequency separation between
existing and new frequency cha so&? ensure that the new channels would not impact on
the capacity of the previously ed gharinels.

P S

O
Table C.1: gcity of the LEOSAR System with a Single Frequency Channel,
,&\(\\ and with “M” Adjacent-Channels

Number of Active Beacons in Visibility Area
Short Message Long Message
PDp =0.98 P])p =0.95 P])p =0.98 P[)p =0.95
Single Frequency 21 38 18 32
Channel
5 Channels 18 32 15 27
10 Channels 26 45 22 38
20 Channels 45 71 38 60
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C4 CAPACITY OF THE SARP-1 LEOSAR SYSTEM WITH THREE CHANNELS

Three channels have been opened for use with the SARP-1 LEOSAR system, which is limited to the
24 kHz bandwidth of the SARP-1 instrument: 406.022 MHz, 406.025 MHz and 406.028 MHz. All
System beacons (orbitography and reference beacons) have been transferred to the first channel:
406.022 MHz. Until the year 2000, all operational beacons have been designed to operate at
406.025 MHz, and this channel will continue to host the vast majority of operational beacons for
many years as type approved models will continue to be produced for operation in this channel.

The channel 406.028 MHz has been opened for use since 1 January 2000 and all new beacon models
submitted for type approval are required to operate in this channel from 1 January 2002. As long as
the population of operational beacons in the channel 406.028 MHz remains small, their impact on the
capacity of the 406.025 MHz channel will remain negligible. However, it is essential to assess the
longer-term impact of the new channel (406.028 MHz) on the capacity of the 406.025 MHz channel
to ensure that capacity requirements are effectively satisfied. 66

Figure C.11 illustrates the probability of frequency collisions i ? channel 406.025 MHz, as a
function of the Doppler shift (+ 8.8 kHz), when three channels ( 22, 406.025 and 406.028 MHz)
are opened for use and each channel is occupied by the same T@ser of beacons.

Although the results illustrated in Figure C.11 assumqa? eq& distribution of beacons in each
channel, it can be seen from the resulting curve é’Qp obalility of frequency collision that this
distribution has actually little impact on the curv e reg@l + 2.5 kHz, which corresponds to large

CTAs of beacons in the 406.025 Channel (e. g 2&@ ed for the computation of the capacity).

However, Figure C.11 also shows that t \r%ba ility> of frequency collision is higher for beacons in
channel 406.028 MHz with large CTA ing in Figure C.11 to Doppler shifts between 0.5
and 5.5 kHz). Noting also that bca;@% nel 406.022 MHz will have a major impact on the
probability of frequency collisio beac transmissions in channel 406.028 MHz, there is no
benefits in terms of capacity td_openi .022 MHz for use by distress beacons. Furthermore, in

line with the approach ta@o assess the capacity of the LEOSAR system, we must base our
assessment of the capacity of the three channel system on the probability of obtaining a Doppler
location for beacon \g ¢ channel 406.028 MHz (worst case from the point of view of frequency
collisions with CT& 2°).

The three-channel system capacity is provided in Table C.2 for the probabilities of successful
Doppler processing 95% and 98%, and for the short and long message formats. The corresponding
world population of beacons is also provided as illustration. However, the world population figure is
dependent on the 406 MHz beacon message traffic model provided at Annex G, which may be
amended from time to time.
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Figure C.11: Probability of Frequency Collision in Channel 406.025 MHz
(3-Channel System)
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Table C.2: Cc)ity of\th SARP-1 LEOSAR System with Three Channels
(Probabili successful Doppler processing computed at edge of coverage
&1 ing a uniform distribution of beacons among 3 channels)
Short Message Long Message
Ppp = Ppp = Ppp = Ppp =
0.98 0.95 0.98 0.95
Equivalent Number of Active 21 38 18 32
Single Channel Beacons in Visibility Area
Corresponding World Population
(406.025 MHz) of 406 MHz Beacons x 1,000 734 1,566 587 1,272
(Based on 2002 Traffic Model)
Equivalent Number of Active 18 33 16 28
Three Channels Beacons in Visibility Area
Corresponding World Population
(406.022 MHz of 406 MHz Beacons x 1,000 587 1,321 489 1,077
*406.025 MHz Based on 2002 Traffic Model
+ 406.028 MHz) (Based on raffic Model)




C-24 C/ST.012 - Issue 1 - Rev.9
October 2013

CS CAPACITY OF THE SARP-2 LEOSAR SYSTEM WITH 19 CHANNELS

A total of 19 channels with a 3 kHz separation are available for use with the LEOSAR system in the
406.0 — 406.1 MHz frequency band. This takes into account the SARP-2 instrument bandwidth
limitations, the maximum Doppler shift that can affect the frequency of the beacon messages received
by the satellite, and the possible change of the beacon carrier frequency due to ageing, as specified in
the beacon specification, C/S T.001 (see section 5.1 of C/S T.012).

Although, the first channel at 406.022 MHz is currently reserved for the System orbitography and
reference beacons, we need to include this channel in the computation of the total capacity as these
beacon transmissions can affect other channels through collisions in time and frequency, or by
occupying the Data Recovery Units of the SARP instrument. As a consequence, the transmissions of
orbitography and reference beacons will need to be accounted for in the model of traffic forecast for
the LEOSAR system, which defines the LEOSAR capacity requirements. 6

Note: The capacity of the channels at the edge of the available frequency ba ®hich have a smaller number
of “adjacent” channels that can affect their probability of frequency, sion, is slightly higher than the
capacity of the “standard” channels in the middle of the frequency tﬁ . However, for the purpose of this
evaluation, we will assume that all channels are similar.

The results of the computation of the probability of succes@)Doppler processing for a CTA of 22°,
assuming that all channels accommodate the same fracti@of th(&eacon population, are illustrated in
Figure C.12 for short and long message formats. .
%) N
&

Q

Figure C.12: Probability of SQ essfu.mgﬁppler Processing for CTA =22’
(Elevafio ar@e at TCA = 6.8")
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The capacity figures for 19 channels are provided in Table C.3 below, which also shows the
corresponding beacon population that can be accommodated world-wide, as provided by the model of
406 MHz beacon message traffic (see Annex G).
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Table C.3: Capacity of the SARP-2 LEOSAR System with 19 Channels
(Probability of successful Doppler processing computed at edge of coverage
assuming a uniform distribution of beacons among 19 channels)

Short Message Long Message

PDP =0.98 PDP =0.95 PDP =0.98 PDP =0.95

Equivalent Number of Active 43 69 37 58
Beacons in Visibility Area

Corresponding World Population
of 406 MHz Beacons x 1,000 1,811 3,083 1,517 2,545
(Based on 2002 Traffic Model)
Sl

%)

As shown in section C.4, the capacity of a system of adjacent chan%eb 1s governed by the probability
of collisions in the “worst” channel (i.e. the channel where the ability of collision is highest for
small Doppler shifts). As a consequence, three channels a smaller capacity than one single
channel and two adjacent channels have about the same cap@gify as a single channel.

Table C.4 and Figure C.13 illustrate the LEOSAR ca&ty fO&Qrious assignment schemes, assuming
19 possible channels are available, but only so th re opened for use. The channels are
identified with the letters A (i.e. 406.022 MHz) @S (40 {7 MHz). The capacity figure for a group is
plotted with reference to the highest chan&n th( group (i.e. ABC+FG+JK is plotted in the K
position of the x axis). It is clear that Jeaving “ohipty” channels between “opened” channels is a
better strategy than opening all availal@ aniel ithout gaps.

Figure C.13: LEOSAK&;ac&Q%der Various Channel Assignment Schemes
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The best results for the 19 available channels are achieved with separations of 12 kHz or 9 kHz
between channels opened for use. Opening for use pairs of adjacent channels is particularly attractive
because of the GEOSAR capacity requirements analysed in Annex D.

The discussion of the optimum assignment strategy is provided at section 4.3 of the document
C/ST.012.

Table C.4: LEOSAR Capacity for Various Channel Assignments

Channels MHz Channels in Use LEO Capa
1 -A 406.022 A 38
2 -B 406.025 AB

3-C 406.028 ABC Q'F
4 -D 406.031 ABCD 6 3
5 -E 406.034 ABCDE <& 32
6 - F 406.037 ABC+F Q% 34
7 -G 406.040 ABC+FG %) 41
8 - H 406.043 ABC+GH \)Q 49
9 -1 406.046 ABC+HI & 50
10- J 406.049 Q {\

11- K 406.052 ABC+§UK 0\0 53
12- L 406.055 sg \%

13- M 406.058 GH+ 62
14 - N 406.061 3 4@

15- 0 406,064 AB@G+JK+N0 65
16- P 4 Q%es? XS

17-Q @Q8.070 \(b

18- R .{(\06.07@ ABC+GH+LM+QR 75
19 - so\} 406:076 ABC+FG+JK+NO+RS 77

%
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APPENDIX A to ANNEX C
COMPUTATION OF THE PROBABILITY OF COLLISION IN FREQUENCY

C-A.1 Curves of Equal Doppler Shift

The frequency shift for a beacon at a position in the visibility circle defined by the angles 0 and o, is
given by the expression (see Figure C.4):

fy = fm * cos O x cos @ C-A/E.1
where: 0  is the look-down angle of the beacon; 6
¢ is the azimuth of the beacon; and 6@
fi = 10.066 kHz (see section 3.2). %Q

N
A beacon at position B(o,¢) is characterised by a Doppler i@?function of © and ¢, given by the
expression C-A/E.1, which can be transformed as follows: 1)

SO

) OQ
COS @ * C ) =&®\ C-A/E.2

where D =1f,/fy, DMi,gb%S/loreX =0.879, and D < Dy,

£

-

(N
C-A/E.2 defines a curve of equal Dop thft indhe visibility area of the satellite. The transmissions

of all beacons located on this curve<yHl havéthe same Doppler ratio D. The function 6(a) is derived
from the consideration of the tri (sategite, beacon, Earth centre) in Figure C.4, where:
s1n(}s@%9—ot) _ sin (/2 — 0) _ cos(a—0) _ cos0O C-A/E3
. \%‘R +h R R+h R
Therefore: ,Q(\
cos o *cos0+sin o *sin 6 = ;h cosB = A*cosO; (withA= R+h)
sin V1 -cos’0 = cosO*[A—cosa]
sin?o*cos?0 + cos?0* [A—cos oc]2 = sin’a
)
cos20 — 2s1n o
1+ A° —2Acosa
cosO = sin o,
\/1+A2 —2Acosa
O(a) =arccos S with A= R+h =1.136 C-A/E4

1+A% —2Acosa
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From C-A/E.2 we have the equation of the curve that describes all points of the visibility circle with
the same Doppler ratio D:

D\/1+A2 —2Acosa
=+ arccos C-A/E.5

cos0 sin o

¢ (o) =+arccos

C-A/E.5 is defined within the interval a € 0, aw.x], with the conditions 0 # /2 = a # 0, as ¢ can take
any value for 0 = 1/2 (i.e. the sub-satellite point). Note that we only have to consider the positive
values of ¢(a) and, because of the symmetry on each side of the satellite track (assuming we do not
have to take into account the second order effect of the Earth rotation on the Doppler shift), we will
only have to consider ¢ € [0, «t]. 6

66
C-A.2 Probability of Collision in Frequency for a Beacon @'a Doppler Ratio D (Single
Channel) (%)

The transmissions of the B(a,p) beacon may be interfered by the transmissions of all beacons
that have the same Doppler shift + 1.2 kHz (1.2 kHz is &%requency bandwidth of the DRUs input
filter), i.e. all beacons in positions such as:

D-¢ < cos (péQ 9((@@D +e. C-A/E.6

fd+12kHz

\
With: D+¢ = &g—\@D+O 119 (therefore € =0.119).

These interfering beacons belong @1 a D) of the visibility circle limited by boundaries defined
by the conditions (see Figure C&} %

curve of equal Doppl +¢€) cosp*xcosB(a) = D+eg;

curve of equa @pler (D-¢€): cos@=xcosB(a) = D-e.

e [0, 2x]; and

e € [emim +7T/2] =a € [0’ aMax];
The surface area of Sp can be computed for any value of D € [0, Dya.x] and the ratio Sp/S (where S is
the surface area of the visibility circle) is the probability for any other beacon to be located in Sp and
to interfere in the frequency domain with transmissions that have a Doppler ratio D (we assume a

uniform distribution of the beacons in the satellite visibility area). Therefore, the probability of
collision in frequency for a beacon with the Doppler ratio D is:

S
P; (D) = ?D C-A/E.7

An element dg of the surface of the visibility circle (see Figure C.5) is given by the expression:

= (R sin o * dp) = (R = da) = R?sin o dp dot C-A/E.8



C-A-3 C/ST.012 - Issue 1 - Rev.9
October 2013

With ¢ € [0, 2] and o € [0, on]; where oy is the maximum of a at the edge of the visibility circle,
the surface S of the visibility circle is:

S = R*|J,sinadpda = 2n R* (1 - cos ay) = 21 R* (1 — (R/R+h))
¢

h
R+h

S=21R2 C-A/E.9

Sp is the surface of the area in the visibility circle where other beacon transmissions will be shifted by
a Doppler ratio D’ such as D-¢ <D’ < D+e.

This surface is given by the expression C-A/E.10:

Sp = 2R? LJ(P sin o do doy; C-A/E.10

O

with: Dyin < D-& < cos @ *xcos O(a) < D+¢g < DMb'@
Dyiax = 0.879 and Dy, = - 0.879 %®
¢ € [0, +nr] K
0 e [Omin, +72] = o e [0, aMax ]QQ

Note: The above expression uses the symmetry of the beac@Q} sateli@spath on each side of the satellite track
(see Figure C.5).

The limits of the integration domain are: @K
a) the visibility circle (as a consequeXQ\e of t@‘condmon 02> 0= < Ovax );

b) the curve ¢(a) of equal Dop, shil\@*responding to the Doppler ratio (D + ¢€), which we
will note @(D + €); and @ 003

c) the curve p(a) of e L@opp@hlft corresponding to the Doppler ratio (D - €), which we
will note (D - 8)6%

The expressions of \@9) and @(D - €) are derived from C-A/E.5 as follows:

D+e)V1+A% —2Acosa

¢ (D +¢) = arc cos o, C-A/E.11

D-¢ \/1+A2 —2Acosa
¢ (D —¢)= arc cos ( ) o C-A/E.12

The domain of integration of C-A/E.10 is illustrated in Figure C-A.1, which is a representation of the
satellite visibility circle.
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Figure C-A.1: Integration Domain of C-A/E.10

(D+8N1+A2 —2Acosa

Omin = Opvax ¢o=0 @ = arc cos -
sino

............................. Boundal’y Of area S2

Boundary of area S;
(D-g)<0

S

é@ Boundary of area S
@ 1

(D-¢)>0

D
&
NS
@f}\ ©
o<cihi DS ey

% A@ (P = arc cos Sin(x
O <

Note: From Figure C-A.1, Ww can sgghat the case D < 0 (¢ > = /2) would give an integration domain
il

symmetrical to the do lustrated in the Figure, and identical results in terms of probability of collision
in the frequency do@n. Therefore, we can limit the computations to D > 0.

From Figure C-A.1 above, we see that the expression C-A/E.10 can be further developed as the
difference:

Sp=Si(D -¢) — Sy(D + €), where:

Si(D - ¢) is the surface area of the visibility circle where all bursts will be received with a
Doppler ratio > D - ¢;

S,(D + ¢) is the surface area of the visibility circle where all bursts will be received with a
Doppler ratio > D + ¢; and

O Max (P(D_S) O Max (P(D+8)
SD:2R2 I Jd(p sin o da - 2R? I J'dq) sin o dou C-A/E.13
% 0 Oy 0

Si S
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From the consideration of the triangle (satellite, beacon, earth centre) in Figure C.4 we have:
R+h
cos(o—0)=

cosO=Acos0 , therefore (o - 0) = + arc cos(A cos 0) and, as (a0 - 0) < 0, we

have:

a=0—arccos(A cos0) C-A/E.14

Considering Figure C-A.1, we find the following relations derived from C-A/E.14; which define the
limits o1, o and o, of the integration:

¢ =0 (or ) and cos 8 = | D-g| = o, =arc cos | D-g | — arc cos[A | D-¢ | ] C-A/E.15
¢ =0and cos 6 =D+¢ = o, = arc cos(D+e€) — arc cos[A(D+s)], with o, < oy, C-A/E.16
c0S Opin = R/R+h = 1/A = OlMax = arc cos(1/A) = Opmin b.@ C-A/E.17

The general condition 0 < D < Dy, must be completed with approp{' conditions on D+¢ and D-¢.
C-A.2.1 Modified Expression of S, for the Case\&e 2 Dyiax

The condition D+g < Dy = €OS Opin = 1/A @respo@&s to the condition oy < Olyax.
If D+& 2 Dy, then S, = 0. This can be reflec y i’%@ucing a step function such as:

Q
U(x) =0 when x <0, and %) AQK

(0.
U(x)=1whenx > 0.

The term Dypx — (D+€) = (Dua @ - 8),\@' be used as the variable in the step function and the
expression of S, should be &@fwek@llows:
O7 Q9

O Max (P(D+8)
S, =2R? *U(Dl\@bD—s)* I Id(p sin o dot C-A/E.18
oy 0

\)
C-A2.2 Modified Expression of S, for the Case D-¢<0

The case 0 <D < ¢ (D - & <0) corresponds to the case where @(D-€) > n/2 (i.e.: the curve of
equal Doppler shift corresponding to the Doppler ratio (D-¢) is entirely contained in the portion
of the visibility circle corresponding to /2 < ¢ < m). However, cos 0 and o, always remain
positive and this condition is expressed with the absolute value |D - €| in the expression of a;.

In addition, in that particular case, the expression of S; must be modified to account for the fact
that S; also includes the surface area corresponding to a € ]0, o] and ¢ € [0, wt]. Therefore, S,
should be written as follows:
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Oy [ @(D-¢) | ol
SI=2R2 J‘ Id(p sinocda+2R2J‘ J-d(p sina da
o L 0 oLo
- _ C-A/E.19
OlMax (P(D_‘S)
S, =2R? I Id(p sin o da + 2R % * (1 —cosa; )
a L 0 |

As the second part of the above equation for S; only appears for 0 < D < g, a general expression

is obtained using the step function U(e -

D), which is equal to 1 for D < g, and equal to 0 for

D>e.

C-A.23 General Expression of Sp and P«(D)

With the above modifications, the equation of Sp becomes: @6

C-A/E.20
Ue - D)*Tc 1- cosocl é%‘ﬁ:l(p}mada
Sp =2R? o
U(D g — 6@??10@] sin o dot
where: o = arc cos |D-¢g| —@c cos| -8| 1;

FromCA/E7andC%1Q9 P¢(D)=Sp/S=Sp *

o, = arc cos (D arc¢os|A(D+¢)]; and
0 < Olvax = os(1/4)

S ©

2nR%h

expression M@comes:

, and after integrating on ¢, the general

Py (D)=

U(s-D)*n(l-cosocl)

sin o

OlMax 2
R+h| 4+ I [arccos(D 8)\/1+A _ZAcosa]sinocdoc

o

C-A/E.21

- U(DMax -D _8)*

sin o

0%

aM”{ (D+s)\/1+A2-2Acosoc
arccos

}in ada
|
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C-A.3 Probability of Collision in Frequency for a Beacon with a Doppler Ratio D
(Multiple Channels)

A beacon burst transmitted in Channel C; at a position B(a,p) of the visibility circle is
characterised by its Doppler ratio D, and this burst (noted C;(D)) will collide in frequency with the
bursts of those beacons in the same channel C; that are located in the area Sp.

In a multi channel system, it will also collide in frequency with the bursts of other channels. If
these channels are separated in frequency by A kHz, the bursts from beacons in channel C;; will
collide with the burst C;(D) when they are affected by a Doppler shift such as:

D’ =D + (A/fy) £ € =D + 5 + ¢; where d = A/fy
We can compute the surface area of the visibility circle where the ve condition on D’ is

satisfied (i.e. all bursts from beacons in channel C; located in this a 1ll collide with Cy(D)), in
the same way as in section C-A.2 for area Sp, and we will note this ace area S(p+s).

From C-A/E.13, 15, 16 and 17 we have: @K
Ol Max (D+8-¢) " @(D+8+¢)
Sp.s =2R? J. { jd(p]sinocdoc -2rRS { J.d(p]sinadoc C-A/E.22
o, (D+6—¢) 0 +€) 0

S| \Q \(0
This equation provides identical results 3& nd the curve representing the evolution of
P(D+9) is similar to the curve P(D) s%\ é]—l

of P(D+9) is continued for Value@D+8\%@nd the Dyax limit applied to the computation of

P(D) in a single channel, as e)i@led beldiw.

In the case of a single ¢ 5@%* We\Qpped computing Sp when D reached the value Dy, , as no
bursts could be affect% a Doppler shift greater than fp = fy¥cos Olyax , Omax being the limit of

z, except for the fact that the translated curve

the visibility circ elevation. However, to compute P{D+3) we need to take into account the
fact that there acons in the visibility circle, transmitting in channel C;, that are characterised
by the Doppler ratio D + §, such as:
D < Dyax, and
D+38-£<Duyx<D+56.

This is illustrated in Figure C-A.2 below, which shows the resulting probability of frequency
collisions for beacons bursts in Channel C; with a Doppler shift fy, when beacons are transmitting
in three channels: C;, C;.; and Ci..

The above remark concerning the computation of P(D+d3) for channel C;; (Channel “B” in
Figure C-A.2) is the situation encountered for fy = 6.5 kHz, where:
faea =6.5+3=95kHz > fir*cos oy = 8.858 kHz; and
fara-5=9.5-1.2=83 kHz < f\/*cOS Olpay.

This corresponds to bursts from beacons in C;; that are affected by a Doppler shift of at least
8.3 kHz, which can collide with bursts in C;, affected by a Doppler shift of 6.5 kHz.
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The probability of frequency collisions for k adjacent channels is derived from the probability
computed in a single channel as described at section C.3.2.2 of Annex C, using equation C/E.12.

Pf<D)—— pf(D>+pr(D J5)+pr(D+J5)

i=1 i=1
with:  P{D-j8) # 0 if j < (Dyae + £+ D) / 5,
P{(D-j8) = 0 if j > (Dyax + € + D) / §; and
with:  P{D+j8) # 0 if j < (Dyue + £ - D) / 3,
P{D+j8) = 0 if j > (Dyax + € - D) / 5.

R

Figure C-A.2: Combination of Probabilities of Fre@@ncy Collision for
Three Adjacent Channel%\

Prob. of Frequency Collision

\}‘(
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—— Pf(D) Channel "A" Only —&— Pf(D + 3kHz) Channel "B" Only
Pf(D + 6kHz) Channel "C" Only - - -©- - - Resulting Pf(D) Channel "A"

Although the resulting probability of frequency collisions for beacons in channel C; (e.g.
406.028 MHz) are on average lower than for a single channel, since beacons are spread over three
channels (e.g. 406.022, 406.025 and 406.028 MHz), the probability of frequency collisions for
bursts with small values of Doppler shifts (i.e. fp < 3.5 kHz) is actually increased in channel C;
(e.g. 406.028 MHz) by comparison with the probability of frequency collisions in a single channel.
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C-A.4 Results of the computation of P¢(D)

Table C-A.1 provides the numerical results of the computation of P(D) for a single frequency
channel, for the central frequency channel of five adjacent channels, ten adjacent channels and
twenty adjacent channels. These results are illustrated in Figure C-A.3 below.

Table C-A.1: Probability of Collisions in the Frequency Domain

Fd (kHz) 0.00 0.25 0.50 0.75 1.00 1.25 1.50 1.75 2.00 2.25 2.50 2.75
D =Fd/IFM 0.0000 0.0248 0.0497 0.0745| 0.0993 0.1242 0.1490 0.1739| 0.1987 0.2235 0.2484 0.2732
Pf(D) - Single Channel 0.0966 0.0966 0.0967 0.0969 0.0972 0.0976 0.0980 0.0986 0.0992 0.1000 0.1008 0.1018
Pf(D) - Five Channels 0.1137 0.1139 0.1145 0.1155| 0.1171 0.1194 0.1228 0.1253| 0.1224 0.1196 0.1168 0.1139
Pf(D) - Ten Channels 0.0807 0.0806 0.0803 0.0797( 0.0785 0.0801 0.0807 0.0801| 0.0785 0.0797 0.0803 0.0806
Pf(D) - Twenty Channels 0.0403 0.0403 0.0401 0.0399| 0.0393 0.0401 0.0403  Q.0401| 0.0393 0.0399 0.0401 0.0403
Fd (kHz) 3.00 3.25 3.50 3.75 4.00 4.25 4.50. 4.75 5.00 5.25 5.50 5.75
D =Fd/IFM 0.2980 0.3229 0.3477 0.3725| 0.3974 0.4222 0.4470- 0.4719| 0.4967 0.5216 0.5464 0.5712
Pf(D) - Single Channel 0.1029 0.1041 0.1055 0.1070 0.1087 0.1106 B,N\128 0.1152 0.1179 0.1210 0.1245 0.1285
Pf(D) - Five Channels 0.1109 0.1078 0.1044 0.1006( 0.0956 0.0963\01003 0.1031| 0.1007 0.0982 0.0957 0.0931
Pf(D) - Ten Channels 0.0807 0.0806 0.0803 0.0797( 0.0785 0.080% %0.0807 0.0801| 0.0785 0.0797 0.0803 0.0806
Pf(D) - Twenty Channels 0.0403 0.0403 0.0401 0.0399| 0.0393 0.0401 0.0403 0.0401| 0.0393 0.0399 0.0401 0.0403
Fd (kHz) 6.00 6.25 6.50 6.75 7.00. 7.25 7.50 7.75 8.00 8.25 8.50 8.75
D =Fd/IFM 0.5961 0.6209 0.6457 0.6706| 0.6954~ 0.7202.0 0.7451 0.7699| 0.7948 0.8196 0.8444 0.8693
Pf(D) - Single Channel 0.1331 0.1385 0.1449 0.1527 Q1923 01748 0.1925 0.2043 0.1892 0.1733 0.1565 0.1385
Pf(D) - Five Channels 0.0903 0.0874 0.0842 0.0806(~0.0758,L0:0766 0.0807 0.0836| 0.0813 0.0789 0.0764 0.0738
Pf(D) - Ten Channels 0.0807 0.0806 0.0803 0.0797¢ 0.0Z85™ 0.0801 0.0807 0.0801| 0.0785 0.0797 0.0803 0.0806
Pf(D) - Twenty Channels 0.0403 0.0403 0.0401 ,0.0399|, 00893 0.0401 0.0403 0.0401| 0.0393 0.0399 0.0401 0.0403

Figure C-A.3: Probability gf\Frequéney collisions as a Function of the Doppler Shift
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APPENDIX B to ANNEX C
ANALYSIS OF A MULTI-SERVER COMMUNICATION SYSTEM
WITH POISSON ARRIVALS

Annex F to the Frequency Management Plan provides a forecast of the 406 MHz beacon population
world-wide, and Annex G describes the 406 MHz beacon message traffic model which provides, for a
given beacon population, the peak number (N) of active beacons in the visibility circle of a LEOSAR
satellite. The system capacity is the value of N that corresponds to a probability of successful
Doppler processing of 95%, according to the definition of the capacity given in section 2 of the
Frequency Management Plan (C/S T.012).

O

C-B.1  The Erlang-B Standard Model CQ

The Erlang-B communication system model assumes a limited fiimber of servers and message
arrivals that follow a Poisson distribution, i.e. the probability of @ arrivals during a time interval t, is
given by the expression: \}

nd; N C-B/E.1
{o

where the average time betwqe\@nval{ﬂ and the arrival rate is A = 1/y;

In the LEOSAR system, the ‘service’ tn@e (n@e processing time) of each message in the system
is constant and equal to t, duration ge. The service rate is then u= 1/1.

Any message arriving when all Qﬁ! %cupled is lost.

case in the LEOSA sage traffic since beacons are transmitting with a fairly stable repetition
period. However, uration of beacon-to-satellite visibility varies as a function of the CTA (Cross
Track Angle = distance to the track of the satellite) and, as the satellite visibility area is constantly
moving, beacons drop out of visibility while other enter the visibility area. A significant proportion
of beacons also start transmitting during a satellite pass. Therefore, there is not a stable number of
beacons in the satellite visibility circle, and new beacon arrivals, as well as beacon’s exits of the
visibility circle, are clearly independent.

The Erlang-B moczzﬁng that all arrivals are independent occurrences. This is not strictly the

Another aspect of the LEOSAR system random access is that beacon bursts can be destroyed by
collisions in time and frequency. This aspect is not reflected in the standard Erlang-B model and we
will have to modify the model to account for these occurrences.

Despite the above limitations of the model, we assume that the modified Erlang-B model with a
Poisson distribution of arrivals remains valid for the practical case of the LEOSAR system (ref:
TG-1/2000/3/5; TG-1/2000/6/7; JC-14/9/7). This assumption has been verified in simulations of
traffic loads fed into a test bench of the SARP instrument.

The various state transitions of a system with M servicing units are represented in the diagram of
Figure C-B.1, where S(i) is the state of the system when i servers are occupied.
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Figure C-B.1: Diagram of System State’s Transitions

Ao A1
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T
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From the general theory of “birth and death” processes in a system of M servers, as illustrated above,
the probability of the state S(i +1) is

A
Pit1 = Pj
Hin 6 C-B/E.2
Aohy.oo <@ .
Therefore: p;,; =———p,, where p, is the probability that the m is in state S(0).

Moty \6

-1 %) M -1
Aoy h MW7 XAk
As Zpk =1, then p, = 1+Zl—k'1 , and p, =i 1+ZM
k=1 MiM2--- My -y k=1 HiM2--- My

Qo

Under the assumptions made concerning the “birth” &'(7» =’<@stant =X =A; =--=2X;...); and the
“death” rate in state S(i) (i.e. W; = 1%L, SO W = L, QQ 2“@ i W), the probability of a state S(i) is:

°
p =ty = —%\be X 1( j 1+ +L(&]M |
BT @Q u po MHp
The probability that all (M) ser@a e\ﬁe\pled is:

C-B/E.3

The above formula is also known as the Erlang-B formula for a system with M service units when all
‘blocked’ arrivals are lost (i.e. no queues in the system).

In the communications system theory, v = A / p is the measure of traffic expressed in Erlang. For
convenience, in the analysis of the LEOSAR and GEOSAR system capacity, we chose to express the
system capacity as the equivalent number of beacons in the visibility area of the satellite that can be
successfully processed with a probability of 95%. Therefore, we will also express the traffic as a
number of active beacons in the visibility area of the satellite. This measure of traffic is linked to the
Erlang unit as follows (see also section C.3.3 and equation C/E.14).
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If (N) is the number of active beacons in the satellite visibility area, t the duration of a beacon
message transmission and T the beacon transmissions’ repetition period, the average density of
beacon messages is:

N=xt A

=—; and N=AT; n=1/1. C-B/E4
T

C-B.2 Modified Erlang-B Model

In the LEOSAR SARP system, the probability p; of the state S(i), must be modified to account for the
fact that, for a state transition to occur, the arriving beacon burst must be separated in the frequency
domain from the bursts occupying the servers. We will assume that the probability of collision in the
frequency domain is identical for all received bursts (i.e. = Py) and remains sgll, and we will derive a
modified Erlang-B formula. %

collision between an arriving burst and one of the bursts already processing by the SARP, and

Under the above assumption, the arrival rate A; is modified to accou;%@ the probability of frequency
Aibecomes: Ag=A; Ay =A(1-P); Aa=A(1-2Pp); and A; = 7$Q1*Pf)

We note P; the probability of collision in the frequency @aln g\the probability of the state “i”, and
we note A/u = v, then:
{o

@
P1 =V Po; \Q
%)
p>= % v(1-Pyps; \(\(b'% &A

1

ps= = v (1 -2Pyp,; and Q \(b

(U]

more generally: p; = @ _*@* p1 .. )pf)(l ( )pf) (1 pf)p C-B/E.5

Assuming a system Wlth%/[QI'VGI‘S the probability of state S(0), p,, should be modified as follows:
\S
M 'Q(\ [ v2

S el 1o e e S e 20 = 0]

2 M -l
Po =|:1+v+V?(l—pf)+....+%(l—pf)(l—2pf) ..... ( 1—(M—1)pf):| ; C-B/E.6

and the probability of k servers being busy becomes:

Px = ) C-B/E.7
1+v+v7(1—pf)+ ..... +ﬁ(l—pf)(l—2pf) ..... (1-(M-1)p;)

We define p ; as the probability that, in a system of M servers, at least one is free when a beacon burst
is received by the satellite. This probability is expressed mathematically as follows:
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Pu=P[SO)US(1)uSR2) U ....uSM-1)]=po+p1 +p2t....+ Pov-1y
Therefore: C-B/E.8
2 oM
Mo 1+v+—(—pg)+o.t (1-=pg)....1=-(M=2)p;)
P _Np (M-1)!
U — i 2 wM

C-B/E.9

Q-
C-B.3  Application to the LEOSAR SARP () @\(0
o

The Erlang-B standard model assumes a sg& rate@f arrivals (A). The modified Erlang-B model
replaces this stable arrival rate with an atrival r@hat depends on the state of the system and the
probability of frequency collisions, ascatrivals ost when they occur at the same frequency as that
of a message being processed. ever,@ze have shown in section C.3.2 of Annex C and at
Appendix A to Annex C that th&}@ ability of frequency collision actually depends upon the position
of the beacon and the corre oRding Doppler ratio D. This means that equation C-B/E.9 is not directly

applicable to the SARP s as the value of P; is not fixed for the various states of the system and
depends on the speciﬁ\{\'eéssages that are being processed.

However, it should be noted that Py, the probability of having at least one free DRU when a message

arrives, is actually increasing when Py increases and this result remains true for all values of v (i.e. all
values of N, the number of active beacons in the satellite visibility area). Therefore, by choosing the

minimum value of P; we would obtain the lower limit of Py, which is consistent with a conservative
approach to the system capacity.

The function Py = f(Py) is illustrated in Figure C-B.2, which shows the evolution of Py, calculated
using C-B/E.9, when P; increases, for two arbitrary values of N (i.e. N =90 and N = 180).

Figure C-B.3 illustrates the evolution of Py(N) with two values of Py (P (miny = 0.0966, and
pf(Max) = 02043)

From Figure C-B.3, it can be seen that the impact of the choice of Py is minimal for values of N < 40.
Therefore, this aspect of the model will not have a significant impact on evaluation of the capacity of
a single frequency channel, as N remains well below 40, but could impact the capacity estimate of a
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multi-channel system when the number of active beacons (N) in the satellite visibility area is
significantly larger.

For the capacity calculation we will retain the minimum value of P (i.e.: 0.0966 for a single channel,
0.0737 for a system of 5 adjacent channels, 0.0785 for ten channels and 0.0393 for 20 channels).

Figure C-B.2: Evolution of Py as a Function of P;
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APPENDIX C to ANNEX C
PROBABILITY OF SUCCESSFUL DOPPLER PROCESSING
AND LEOSAR SYSTEM CAPACITY

The definition of the LEOSAR system capacity provided in section 2.1 of the Cospas-Sarsat 406 MHz
Frequency Management Plan (C/S T.012) requires achieving a successful Doppler processing (i.e.
obtaining a Doppler location using at least four (4) frequency measurements) with a given probability.

The conservative approach adopted for the computation of the LEOSAR capacity requires that the
probability of successful Doppler processing should be achieved in a worst case scenario: a satellite
pass with a beacon at the edge of the satellite visibility area, which only pro&'c}es for five (5) possible
frequency measurements. %)

This Appendix summarises the computation of the probability of s sful Doppler processing and
analyses the evolution of this probability when a greater number%ibeacon bursts can be received by
the satellite. In particular, it shows that the probability of s sful Doppler processing improves
significantly when the number of bursts that can be receivedﬁg a satellite pass increases.

As shown in Appendix D, a definition of the capam@ ase he average satellite pass duration
would considerably increase the capacity ﬁgures system.

S AQ
&
C-C.1 Probability of Successful Do &’ra@&mg

The probability of successful Dop ocegsing is a function of the probability Py of good reception
of each single beacon burst whe eacq% are active in the satellite visibility area.

The probability of recept&of each burst is given by the following mathematical expression
(equation C/E.18 in sectl@ 3.5), where:
- T is the repeﬁ(ig period of the beacon transmissions and t is the duration of a beacon burst;

- v is the average density of beacon messages (N = t/ T);
- A is the rate of beacon message arrivals (N / T);

- Pris the probability of frequency collision that affects the burst received with a given frequency
shift; and

- Pf min 18 the lower limit of the probability of collision in the frequency domain.

v2
1+v+f2! (l—mein)
v? V2
1+v+;(l—pfmin)+;(1—mein)(l_zpfmin)

Py = 0.99xe 2P «
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Therefore, for a given number “N” of active beacons in the satellite visibility area, the probability Py
varies for each burst received during the satellite pass, depending on the Doppler shift that affects the
frequency of the received burst.

C-C.1.1 Computation for a Satellite Pass with a CTA = 22°

The probability of successful Doppler processing is defined as the probability of receiving at
least four beacon messages during the satellite pass. For a pass with a CTA of 22°, during
which a maximum of five beacon messages can be received, the expression of the probability
of successful Doppler processing is given below, with P; = probability of reception of the
burst “i” (equation C/E.19 section C.3.6):

1

P P, P, P, %}
66
C-C.1.2 Computation for Satellite Passes with CTAs < 22° @

Although a similar computation would be possible for all ﬂllte passes, it becomes extremely
cumbersome when the number of messages that can eceived during a satellite pass (M)
increases beyond five. Therefore, a different approacqgs used.

We select the lowest probability of receptio@ dul’m@the pass (which corresponds to the
highest probability of frequency c0111s10n) app éfﬂo all bursts that can be received during
that pass. This allows the binomial la (e 1on C/E.2 copied below) to be used, and
provides a low estimate of the probabtgyf suchssful Doppler processing.
N
Ppp = ZC}VI PR(&\ )M\%lth m =4 and M function of the CTA.

N

Despite the approxi eérf use&r this computation, the results (see Figure C-C.1) clearly
show that the CTA &£22° used for the computation of the capacity (i.e. with M = 5) is the
worst-case scena‘r@

C-C.2 Compari,sﬁn of the Probability of Doppler Processing for Various CTAs

Figure C-C.1 provides the results of the computation of the probability of successful Doppler
processing as a function of the maximum number of bursts (M) that can be received during a pass,
and for various numbers of active beacons in the satellite visibility area (N).

Figure C-C.1 shows that, although the capacity computed in accordance with the hypotheses made in
Annex C (CTA = 22°%, is only 20 beacons for a single channel with 98% probability, or slightly
below 40 beacons with 95% probability, 100 beacons would be processed successfully with a
probability over 96% for all passes with a CTA < 20° (M > 7), or with a probability over 98% for
passes with a CTA < 19° (M > 8).
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Figure C-C.1: Probability of Successful Doppler Processing
Short Messages, Single Channel
Satellite Passes with CTA < 22°
(NDb of bursts received during pass = 5)
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APPENDIX D to ANNEX C

RESULTS OF A SIMULATION OF THE LEOSAR SARP MULTIPLE ACCESS

C-D.1  Objectives of the Simulation

This appendix summarises the results of simulations of the SARP multiple access capability,
performed by CNES using a beacon simulator to feed 406 MHz beacon messages into the engineering
model of the SARP-2 instrument. The SARP-2 engineering model cont three data recovering
units (DRUs) and is identical to the SARP-2 instruments carried 06&rsat LEOSAR satellites
(ref. document JC-16/9/9). Q

The objectives of the simulations of the Sarsat LEOSAR Sear@\and Rescue Processor (SARP-2)
channel were to: \)

a) validate the basic hypothesis of the theoretical @elysm,qgowded at section C.3 of Annex C;

b) assess an “average” probability of S\?%sfulK@eptlon of a valid beacon message,
independent of the CTA of the beacon('én AQ

c) assess the number of active b (?@s i @ LEOSAR satellite visibility circle that would
achieve a 95% probability o @cesx oppler processing if no conditions were imposed
on the cross-track angles s) o beacons.

S <

C-D.2.1 Simula@ of Collisions in Time and Frequency

C-D.2  Methodology

The equatio;ls&provided at Annex C and the computations concerning P (D), probability of

collision in the frequency domain, have been confirmed using a MATLAB computer
simulation for a single channel and three adjacent channels.

The probability Py of having at least one free Data Recovery Unit (DRU) at the time of arrival
of a beacon message at the satellite receive antenna is as given in section C.3.3 of Annex C.

A simulation of random access to the SARP instrument was performed using the CNES beacon
simulator and the engineering model of the SARP. The beacon simulator was used to generate
messages from two beacons transmitting at the same frequency, but with variable time delays
(i.e. a variable overlap in time of two messages at the same frequency), as illustrated in
Figure C-D.1.

The simulation results showed that messages could be retrieved even with some overlap in time
and frequency, and that the performance of the SARP could be modelled by replacing the time
interval of duration 2 t in the expression of the probability of no-arrivals PNA by an interval of
duration 2*0.9*t (see section C.3.4 of Annex C).
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Figure C-D.1: Simulation of Collisions in Time and Frequency with Variable Time Overlap
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Therefore, the expression of the probability of reeeptionOfa single message with N beacons
active in the satellite visibility area becomes:

2
1+V+%(1_pfmin)

P, (N,D) = 0.99x¢ 077 « . — C-D/E.1

1+v+\;—!(l—pfmin )+%(l—pfmin X=2p¢ i)

The above expression.df PR is a function of the number of active beacons (N) and the Doppler
ratio (D). The neXDstep is to determine an average probability of reception independent of D,
as the simul@tien cannot provide statistically significant results for specific values of D,
particularly those values associated with a CTA of 22°, which have a low occurrence.

C-D.2.2 Multiple Access Simulation — All CTAs (Average) Probability of Reception

As illustrated in Figure C-D.2, the satellite visibility circle is divided in narrow bands, each
band being characterised by a typical Doppler ratio value, hence a typical value of the
probability of collision in frequency P(D) that we will designate P{i) for band “i”. These
bands are limited by curves of equal Doppler shift, defined by equation C-A/E.5 given at
section C-A.1 (Appendix A to Annex C).

731
1

The number of active beacons in band “i” is n(i):

n(i) = N*S(1)/S where: N is the total number of active beacons in the satellite visibility
area, which are assumed to be uniformly distributed;
S is the surface area of the satellite visibility circle;

S(i) is the surface area of band “i”’; and

n(i) is the number of active beacons in the band “i”.
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73t
1

The probability of reception for messages from beacons in band is Pr(i), as given by the
above equation of Pr(N,D). The average probability of reception of the bursts from the N
active beacons in the satellite visibility area will then be given by the expression:

P, (N) :§Zn(i) * Py (i) C-D/E.2

Figure C-D.2: Determination of an “Average” Probability of Reception Pr(N)
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The “average’ *«@bility of successful Doppler processing (designated Ppg to differentiate it
from the pr %ity Ppp defined in the analysis at Annex C as the probability of successful
Doppler processing for beacons with a CTA of 22°) is derived from the simulation data,
assuming that a minimum of 4 beacon bursts must be correctly received to obtain a Doppler
location. It is equal to the ratio of the number of beacons for which at least 4 valid messages
have been successfully retrieved, over the total number of beacons in the simulation run.

The simulation consisted of:

- generating a number of scenarios with variable parameters (number of active beacons,
number of frequency channels, geographical distribution in the satellite visibility area,
repetition periods, etc.); and

- measuring the probability of reception of individual beacon bursts as a function of the
number of active beacons in the satellite visibility area.

Due to beacon simulator limitations, a maximum of 10 channels was simulated, with the
assumption that the N beacons were evenly distributed amongst the channels. All beacon
messages were assumed to be long format messages of duration 0.520 seconds, with a
repetition period as specified in document C/S T.001 (i.e. 50 s + 2.5 s).
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C-D.3  Results of the SARP-2 Multiple Access Simulation

The simulation results allow:

a comparison of the theoretical (as defined above) and measured (from the simulation results)
probabilities of reception of individual beacon bursts;

an assessment of the number of active beacons that would allow a 95% probability of
successful Doppler processing “on average” (i.e. with no constraints on the beacon CTAs); and

the determination of an optimum channel separation, which would maximise the capacity as
defined above.

Note, however, that these results are not comparable to the determination ofithe capacity provided in
Annex C, which assumes that the 95% probability of successful Doppler, ssing must be achieved
for beacons with a CTA of 22°.

)

C-D.3.1 Comparison of Theoretical and Measured Pro@&)%ltles of Reception

Tables C-D.1 and C-D.2 provide the simulation resugjg various numbers of active beacons
and channel assignments. Each row prov1des calculated probability of reception as
provided by the equation of section C-D.2 (The@y 1ca|é){ the measured probability derived
from the simulation data (Measured Py), t of oretical over Measured Pg, and the
probability of successful Doppler process% &@ ived from simulation data.

Table C-D.1: Slmulagl\?\& 0r One, Three or Five Channels

ot | S5 L | | St
y Pps (%0)
1 26 (O 3) 91 98.41 0.93 100.0
5 (3kHz spacin%lf';&9 (0.3) 94 97.8 0.96 100.0
1 ,\\v 42 (0.43) 89 95.2 0.93 99.7
5 (3 kHz spacing) 52 (0.54) 90 95.62 0.94 99.9
5 (6 kHz spacing) 52 (0.54) 91.8 97.9 0.95 -
1 64 (0.67) 83 92.29 0.91 99.2
5 (3 kHz spacing) 78 (0.81) 84 91.01 0.92 99.5
5 (6 kHz spacing) 78 (0.81) 87.2 93.5 0.93 -
1 125 (1.3) 67 82.4 0.81 96.3
3 (6 kHz spacing) 131 (1.37) 72 84.8 0.85 -
5 (3 kHz spacing) 131 (1.37) 72 86.07 0.84 98.0
5 (6 kHz spacing) 131 (1.37) 76.2 87.7 0.87 -
1 181 (1.87) 54 72.65 0.74 90.0
5 (3 kHz spacing) 210 (2.19) 56 73.3 0.764 -
1 245 (2.55) 42 64.5 0.65 87
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Table C-D.2: Simulation Results for Ten Channels
Channel Separation Acljil\lf?]l;zgg(fns Thlf:lég/?)c al le:s(:,l/gd Pr Ratio E;f)isnzz;/t:;d
(Density)
3 kHz spacing 18 (0.19) 96.8 99.54 0.974 100.0
6 kHz spacing 18 (0.19) 97.7 99.54 0.98 100.0
3 kHz spacing 58 (0.61) 91 94 0.968 100.0
6 kHz spacing 58 (0.61) 93.3 97 0.965 -
3 kHz spacing 117 (1.215) 79.8 89.95 0.89 99.0
6 kHz spacing 117 (1.215) 83.8 91.65 N 0914 -
\J

Figure C-D.3 illustrates the evolution of the theoretical-to-meas
density (i.e. the number of active beacons in the satellite
particular, Figure C-D.3 shows that the measured Py is al

and the ratio decreases linearly when the density irg?

observation supports the conclusion that the theor
conservative, probably because of a power captur?
the density of beacons and the probability of col@ ns.1

r ratio when the beacon
bility circle) increases. In
S higher than the theoretical Py,
(except for low densities). This
1"values provided by the model are
% on that becomes significant when
ase.

Figure C-D.3: Ratio of Theoretical to%[gsur@\’lz as a Function of Beacon Density
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The simulation results also indicate that, in a multi-channel system, a 6 kHz separation between
channels provides the highest “average” probability of reception.

C-D.3.2 Maximum Number of Active Beacons Providing a 95% Probability of Successful
Doppler Processing

Finally, the measured probabilities of successful Doppler processing provided by the
simulation are used to derive an estimate of the maximum number of active beacons in various
channel assignment scenarios that would allow an average probability of successful Doppler
processing of 95% (or 98%). These results are summarised in Table C-D.3 below, and
compared with the results of the capacity analysis. Table C-D.3 shows clearly that a definition
of the capacity based on an “average” probability of success (with no constraints on the CTA)
would provide a much higher number of active beacons in the satellite visibility circle.

computed as an average for all CTAs, the number of active b s that can be successfully
processed with a given probability increases with the number, jacent channels. This result,
which differs from the analysis of the theoretical capacity bi@ged on beacons with a CTA of 22°,
is nevertheless consistent with the analysis of frequenc 111s10ns provided at Annex C, as the
probability of frequency collisions does not 1ncreased:9§all CTAs when adjacent channels are

in use. ‘Q

However, as shown in the analysis presente@% n(@ the probability of successful Doppler
processing for beacons with higher CTAsdi,e. at the’edge of the satellite visibility circle) would
be severely impacted if numbers ve beaCons significantly greater than the nominal
capacity were accepted in the LEOSé satg'\@e visibility area.

4
>

Table C-D.3 @P ANumber of Active Beacons Providing a 95%
60 and 98% Probability of Successful Doppler Processing

As the probability of reception and the probability of succesgf@%oppler processing are

,Q(\ Nominal LEOSAR Capacity Max. Number of Active
(Beacons with 22° CTA) Beacons (All CTAs)
PDp =0.98 P])p =0.95 PDS =0.98 PDS =0.95
Single Frequency 18 39 30 130
Channel
5 Channels
(3 kHz spacing) 15 27 130 185
10 Channels
(3 kHz spacing) 22 38 145 200

- END OF ANNEX C -
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ANNEX D

GEOSAR CAPACITY MODEL

See separate file [SD/Updates/T12AnnexD-Draft 8.doc]
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ANNEX D

GEOSAR CAPACITY MODEL

D.1 INTRODUCTION
The basic characteristics of the 406 MHz GEOSAR system are presented in section D.2.

The capacity of the Cospas-Sarsat 406 MHz GEOSAR system is defined as follows (see also
C/S T.012, section 2):

“The number of 406 MHz distress beacons operating simultaneously in the field of view of a
GEOSAR satellite that can be successfully processed by the System to &x de beacon message
information, under nominal conditions, within 5 minutes of beacon ac 1on 95% of the time.”

However, the capacity could be defined using a different probablg@ of success over a given time,
e.g. 98% over 10 minutes. The rationale for using a 95% probability of success within 5 minutes is
provided in section D.3. In addition, a number of conditions hed to the “nominal” scenario must
be specified before selecting a nominal capacity figuréd(e.g. length of the beacon message,
characteristics of the nominal communication link, etc.).(These ifiatters are also addressed in the first
stage of the analysis (section D.3), which details the @etic (GEOSAR capacity model.

One of the basic assumptions of the GEOS %Cgpam %odel is that 406 MHz frequency channels
separated by 3 kHz are independent (i.e. ns i Jacent channels do not interfere with each
other). This is verified at Appendix A%g he b@& of frequency data collected from operational
406 MHz beacon transmissions.

The actual determination of the $\ a GEOSAR channel is presented in section D.4, taking

into account the impact of ré)ﬂve t 1551ons analysed in Appendices B and C. Appendix C

analyses the distribution eacon burst transmission times that meet the requirements of the

C/S T.001 specification, Chlowever, because of the complexity of the analysis, no direct conclusions

can be drawn in \éb\t of the nominal GEOSAR capacity. To overcome this difficulty, a
“simplified” anal /gl model is developed at Appendix B.

Finally, Appendix D provides the results of computer simulations that validate the analyses
developed at Appendix B and Appendix C, and support the conclusion of the analysis in respect of a
nominal GEOSAR channel capacity.

The GEOSAR capacity is determined by two basic aspects of the system.

Beacon transmission times are not synchronised and beacon messages may overlap in time and
frequency, which may result in the loss of both messages in the GEOLUT processing. In the first step
of the analysis we determine the probability for a beacon message to be received with no collision in
time and frequency with another message.

406 MHz beacons transmit either short format or long format messages. The length of the
transmitted message (i.e. the duration of the beacon burst) affects the probability of collision in time
and, therefore, the system capacity. The analysis addresses the specific issue of retrieving complete
long messages, and the associated probability of successful processing, for a population comprised of
beacons that only transmit long messages.
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In addition, signal processing in the GEOSAR system is characterised by low margins in the link
budget, which result from the low power of the beacon signal at the satellite receiver. As a
consequence, individual messages may be received with bit-errors and several bursts from the same
beacon may need to be integrated before a GEOLUT is able to provide a valid 406 MHz beacon
message. This integration process can be implemented in different ways, depending on the specific
characteristics of the GEOSAR satellite and the GEOLUT. The second step of the analysis takes into
account the need for integrating bursts. A theoretical GEOSAR system capacity is computed as a
function of the number of bursts that are required for retrieving a valid beacon message.

The following step of the analysis characterises a nominal GEOLUT performance, by determining the
number of bursts required by the integration process to produce a valid message, assuming a beacon
signal at low EIRP. The results of the 1997/1998 GEOSAR Demonstration and Evaluation (D&E)
are used to define the number of bursts required for the integration process.

The number of bursts selected as representing a nominal GEOLUT perfo ce and the theoretical
capacity model are then used to determine the nominal GEOSAR chann acity.

)

The nominal GEOSAR channel capacity determined at this sta ae'&" the analysis is based on the
hypothesis of a uniform distribution of the times of arrival @e beacon bursts at the satellite
antenna. Unfortunately, this hypothesis is not consistent witl@ randomised repetition period of the
beacon transmissions, as defined in document C/S T. 0% This particular characteristic of the
GEOSAR system is addressed in Appendices B, C a@% to ex D, and the nominal GEOSAR
capacity is adjusted according to the conclusiGhs™ depi from the analysis of repetitive
transmissions.
& Y

Finally, the impact of a low EIRP signal @\@}@g required to recover a valid message and the
probability of obtaining a confirmation vali omplete beacon message within a given period
of time are also assessed. %) N\

&
~N
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D.2

D.2.1

BASIC GEOSAR SYSTEM CHARACTERISTICS

Random Access with Time Diversity

Beacon transmission times are not synchronised, consequently beacon message arrival times at
the satellite receiver antenna are random. Therefore, messages (also referred to as beacon
bursts in the capacity analysis) from different beacons may overlap in time.

The carrier frequency of a 406 MHz beacon is assigned to particular frequency channels in
accordance with the Frequency Management Plan (e.g. 406.025 MHz for the first generation
beacons). Within a channel, the beacon carrier frequencies are distributed around the specified
centre frequency of the channel, due to variations in oscillator frequencies, aging, temperature,
etc. A major difference with the LEOSAR system (see Annex C) is that the frequency of the
bursts received by a GEOSAR satellite is not affected by a %§\iﬁcant Doppler shift.
Therefore, 406 MHz bursts from beacons transmitting in differe annels will not collide in
the frequency domain, assuming an appropriate frequenc paration between channels.
However, bursts from beacons in the same frequency ch may overlap both in time and
frequency and interfere with each other.

bursts with a repetition period of approximatel s. The specification for 406 MHz

The collision situation could be repeated in ? ve transmissions as each beacon emits
beacons (C/S T.001) requires variations i m1ss1on repetition periods such that

“two transmitters should not appear to 1sed closer than a few seconds over a
S5-minute period”. In addition, Varlat 0 g~¥roduct10n units and the diversity of beacon
models should ensure a low pro énchromsed emissions repeating the time and
frequency collision situation ove ber of successive bursts. However, the matter

needs to be investigated fi into account the actual implementation of the
specification by manufactur see & ndlces B and C to Annex D).

Data bits in the n@@ge transmltted by Cospas-Sarsat 406 MHz beacons are directly
modulated on the carrier frequency using a narrow band PSK modulation. Any overlay in time
and frequency, en two beacon messages with an equivalent signal power typically results
in the loss oth messages. This is not always the case if the overlapping messages are of
distinctly different power, then some form of power capture may come into play and the
stronger beacon message might be received correctly, while the weaker message is lost. In
particular, this favourable power capture situation is possible with the CW transmission during
the first 160 ms of the beacon message. However, the outcome of this situation may vary
depending on a number of factors, including the processing capabilities of particular
GEOLUTs. Therefore, the analysis addresses the worst-case scenario and assumes that any
collision results in the loss of the message, except for the first part of long messages as
discussed below.

As depicted in Figure D.1 below, Cospas-Sarsat 406 MHz beacons transmit either a short
format or a long format message. Regardless of the message format, each beacon is uniquely
identified when the GEOLUT is able to decode the first protected field of the message. This is
sufficient to generate a distress alert.

The collision situation can affect the second protected field of a long message format, or the
non-protected bits of the short message format, without affecting the first protected field. This
situation allows for a correct processing of the alert (i.e. retrieving the correct beacon
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identification and data encoded in the first protected field), although the additional data
encoded in the second protected field of the long message, or the non-protected bits of the short
message, may not be correctly retrieved. The specific case of the second protected field will be
further considered below in sections D.2.2 and D.3.3.2, and we will base our assessment of the
GEOSAR capacity on the probability of successfully retrieving the first part of the beacon
message (i.e. a valid message consisting of the preamble and first protected field, see
Figure D.1).

In summary, to remain consistent with the hypotheses made for the evaluation of the LEOSAR
system capacity and with a conservative approach to the evaluation of the GEOSAR capacity,
we will assume that:

a) any overlay in time and frequency between beacon messages that affects the first part of a
message (preamble, including the CW transmission, and first protected field) results in the
loss of that message; and @6

an active beacon has been successfully processed wherZa” valid beacon message is
recovered, as per the definition of valid messages in the LUT specification and design
guidelines document (C/S T.009), i.e. the first prot field of the beacon message is
recovered with a maximum of two bit errors, which e reliably corrected using the BCH
error correcting code. ‘Q

o
Figure D.1: Short and Long Forma@% 40&3@{2 Beacon Messages
O~ S

b)
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D.2.2  Relationship Between GEOSAR Capacity and 406 MHz Beacon Message Formats

The above assumptions, which characterise the successful processing of a message, would be
sufficient for a population consisting of beacons transmitting short format messages, which
have only one protected data field. The beacon specification document C/S T.001 also defines
long format messages that have a second data field protected by a second BCH error protecting
code, as shown in Figure D.1.
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D.2.3

In messages from location protocol beacons, the second protected field primarily contains the
beacon location data (User Location Protocol), or additional position data that complete the
first protected field “coarse” location information to provide a higher resolution of the encoded
position (Standard and National Location Protocols).

The probability of collisions is higher in a population that includes beacons transmitting long
messages of 520 ms duration, in comparison to the same population comprising only beacons
that transmit the short format messages of 440 ms duration. Therefore, a longer time may be
needed to obtain the required number of bursts without collisions, which results in a lower
system capacity, assuming the same performance requirements (i.e. 95% of valid messages
within 5 minutes).

Noting that our assessment of the GEOSAR capacity is based on retrieving valid messages (i.e.
the first protected field only), as outlined in section D.2.1 above, we will apply the requirement
of a 95% probability of success within 5 minutes under a constraint assumes a full system
load of long messages. However, we will also verify that, under t conditions:

)

a) a complete short message, including the non protected th%, is retrieved within 5 minutes
with a probability greater than 95% when the populati cludes short messages only; and

b) a complete long message (i.e. first and second pro@ted fields) is retrieved within 5 minutes
with a probability higher than 90% and within, 10 mifutes with a probability higher than
99%, when the population includes only be s tré itting long format messages.

Channelisation of the 406.0-406.1 Z F{e’q\lency Band

The probability that a beacon \' rge affected by a collision in time and frequency
increases with the number of s in visibility of the satellite. This, in turn, affects
the probability of successfu cov §% a valid message.

On the basis of the o &ved d1spers1on of actual beacon carrier frequencies and the spectrum
width of 406 MH transmissions, Appendix A to Annex D shows that channels with a
3 kHz separati% be considered as independent in the GEOSAR system. Therefore, the
obvious solutign® to increasing the capacity of the GEOSAR system is to spread the beacon
population amongst several channels in the 406.0 — 406.1 MHz frequency band, separated by at
least 3 kHz.

Frequency channels separated by 3 kHz being independent in the GEOSAR system, the total
GEOSAR system capacity will increase linearly with the number of frequency channels opened
for use. It is assumed that the load of beacon messages on the satellite transponder does not
impact significantly on the system performance. However, channel impairments and
interference from other sources may have a severe impact on the ability of the system to
successfully process beacon messages, and can significantly decrease its capacity as defined
above. The nominal conditions applicable for the definition of the GEOSAR capacity (see
Annex B to C/S T.012) assume that there are no significant sources of interference operating in
the GEOSAR satellite uplink or downlink bands.
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D.2.4  GEOSAR Satellite Characteristics and GEOLUT Processing

The Cospas-Sarsat GEOSAR system uses 406 MHz repeaters installed on-board a variety of
geostationary satellites (e.g. the USA Geostationary Operational Environmental Satellites
(GOES), satellites in India’s INSAT series, the European Meteorological Satellite Organisation
(EUMETSAT) Meteosat Second Generation (MSG) series, etc.). These satellites have
different 406 MHz transponder implementations, which result in different link budgets.

In addition, although all commissioned GEOLUTs must satisfy minimum performance
requirements (see the GEOLUT commissioning standard in document C/S T.010), their
characteristics are not identical and both the GEOLUT receiving system and the GEOLUT
message processing can introduce performance variations, in particular in respect of the
probability of successfully recovering a valid beacon message at iven power threshold.
Furthermore, actual environmental conditions may significantl ffer amongst various
GEOSAR systems, and from the “nominal conditions” applicab the definition of capacity.
It should be noted that the impact of such variations is mitiga y the redundancy built in the
GEOSAR ground segment, as several GEOLUTs are trac@ each of the GEOSAR satellites
and successful processing of the beacon emissions by a single GEOLUT is sufficient to provide
an alert message. S

odelﬁse variations can be accounted for
dt 69\integrated to recover a valid message.
(&Ed for achieving the 95% probability of

From the point of view of the GEOSAR capaci
in terms of the number of beacon bursts th
This is directly related to the processing@'
successful processing. (b

W

The evaluation of the capacity@ﬁ eathéEOSAR system should take into account these
variations. Nevertheless, a inal SAR capacity figure has to be selected for the
purpose of managing the us the 406’MHz frequency band. This matter is further addressed
in section D.3.4, which yses? results of the GEOSAR Demonstration and Evaluation
(D&E) tests performeé@ 1997 and 1998 (see the Report of the GEOSAR D&E, C/S R.008).

©

D.2.5 Repetitiv@on Burst Collisions in Time and Frequency

er

Document C/S T.001 (beacon specification) requires the repetition period of the beacon
transmissions to be randomised, with a time interval between transmissions of 50 sec + 5 %
such that “the repetition period shall not be so stable that any two transmissions appear to be
synchronised closer than a few seconds over a 5-minute period”. This definition also specifies
the intervals between transmissions, which shall vary randomly between 47.5 and 52.5 seconds.

The hypothesis of a uniform distribution of arrival times of beacon bursts at the satellite is
valid for analysing the probability of collision that affects the first burst transmitted by a
beacon, but the analysis shows that, because of the repetitive nature of beacon transmissions,
this hypothesis is not applicable for subsequent bursts. Furthermore, if a collision occurs,
subsequent bursts have a higher probability of collision than the statistical average.
Consequently, in a worst-case scenario (e.g. first burst collision) a particular beacon could have
a much lower probability of successful processing.

Therefore, if the nominal GEOSAR channel capacity is determined on the basis of a non-
conditional (or “average”) probability of successful processing, (i.c. as opposed to a conditional
probability that would assume a first-burst collision), then the analysis must also characterise
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the system performance in the worst-case scenario, e.g. the time required to achieve successful
processing (including the confirmation process) after a first-burst collision, to verify that
acceptable processing times are still achieved.

Beacon bursts experience “on average” the same probability of collision in a uniform
distribution of their times of arrival at the satellite antenna and in the distribution that results
from the C/S T.001 specification (repetitive transmissions). This is a consequence of the fact
that statistically, the average burst density over any 50-second time interval is identical in both
distributions. However, computer simulations based on these distributions indicate that the
resulting probability of processing success differs between the two distributions. This is
verified not only for the conditional probability of success in the worst-case scenario of the
C/S T.001 distribution, but also for the non-conditional (average) probability of success under
the constraint of repetitive transmissions as defined by the C/S T.001 specification.

defined by the C/S T.001 specification does not provide a stabl bability of collision for
successive bursts, no direct conclusions in respect of the nomifal GEOSAR capacity can be
drawn from the analysis provided at Appendix C to Annex the C/S T.001 distribution.

Another significant difficulty is that, because the distribution oiéérst transmission times

Therefore, a “simplified” analytical model is deveigé%t Appendix B to Annex D with a
different interpretation of the requirement for rand ed repetition periods, which allows, by
comparison with the results of Appendix C, t@w sions on the nominal GEOSAR

.

channel capacity. QQ &('0

The results of the analyses are supportegﬁco @r simulation results reported and discussed
at Appendix D to Annex D. Q \
SR
S\

S a2



D-8 C/ST.012 - Issue 1 - Rev.9
October 2013

Page left blank
c‘z’b
%Q)
N
Q@
0%\\}0
S -O
& 2
> N
AP
S X9
NG
S\
\)(Q ﬂfb
S0
©



D-9 C/ST.012 -Issue 1 - Rev.9
October 2013

D.3

D.3.1

GEOSAR CAPACITY ANALYSIS

Methodology of GEOSAR Capacity Assessment
D.3.1.1 Probability of No-Collision in Time and Frequency

The first stage of the analysis is to compute the probability of collisions in time and frequency,
and to derive a probability of no-collision (Pyc). The impact of the length of the beacon
message on the probability of collisions is also assessed.

Appendix A to Annex D shows that frequency channels separated by 3 kHz are independent in
the context of the GEOSAR system; i.e. bursts from beacons operating in different channels do
not collide in the frequency domain with any significant probability. Appendix A also shows
that there is little spreading of the beacon carrier frequencies within a@iven channel, therefore,
it can be assumed that bursts from beacons in the same channel Qays overlap in frequency,
i.e. Pr=1. Then, Pyc will only depend on the probability of co&ns in time for bursts in the
same frequency channel. @\

In the first stages of the analysis presented below in Q&x D, the times of arrival of beacon
bursts at the satellite antenna are assumed to be randém, with a uniform distribution over each
period (i.e. the repetition period does not affect %{,@is‘[rib@on). Appendices B and C address
the particular case of repeated collisions in ti er suoeessive bursts of the same beacon and
analyse the impact of the worst-case scena?\@ e.g. &%—burst collision in Appendix C) on the
processing time of a particular beacon. (0% Q

In Appendix B, we assume a pos R;lg\speu'k@zation of the beacon repetition period, whereby
the bursts transmission times ran ised around a time defined by a fixed period.
Although this interpretation e repQtition period is not in accordance with the specification
of document C/S T.001, 1&’@1 eful~for interpreting the following stages of the analysis.

In Appendix C, the @cgtition period is assumed to be random around the mean value of 50
seconds, as defingd-in document C/S T.001. The analysis of Appendix C is more complex than
that provide&h&%pendix B, and its results in respect of the probability of frequency collision
can only be interpreted by comparison with the results outlined in Appendix B. This matter is
further addressed in section D.4, which draws conclusions on the nominal GEOSAR channel
capacity. However, for simplicity, the preliminary analysis in section D.3 is performed
assuming a uniform distribution of the arrival times, without the added constraint of repetitive
transmissions with randomised repetition periods.

D.3.1.2 Theoretical GEOSAR Capacity

Because of the available link budget, and the resulting bit error rates, a single burst processed
by the GEOLUT may not produce a valid message, and several successive bursts from the same
beacon may need to be integrated. The number of bursts that need to be integrated to produce a
valid message characterises the performance of a particular GEOSAR link. Therefore, the
second stage is to analyse how the GEOLUT integration process affects the system capacity.

A thorough mathematical analysis of the GEOSAR capacity would require a detailed
knowledge of the integration process and of the probability of successfully retrieving a valid
message for each number of bursts used in an integration. This information is not available as
it depends on a large number of factors, which vary with the specific GEOSAR system under
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consideration. Therefore, we will analyse the system capacity for various values of “K”, the
number of bursts required for a successful integration, assuming a probability of successful
integration equal “1” if the number of bursts received with no collision is equal to or greater
than K, and a probability of success equal “0” if the number of bursts is lower than K.

The results of this analysis provide a “theoretical” GEOSAR capacity, as a function of the
number of bursts that need to be integrated to achieve successful processing. This is used to
derive the “nominal” GEOSAR system capacity in the final stage of the analysis.

D.3.1.3 Nominal GEOSAR System Capacity

Depending on the actual performance of the GEOSAR satellite link and GEOLUT processing,
different GEOSAR system implementations may exhibit different capacities. Furthermore, the
actual environmental conditions, and particularly the actual beacon EIRP can show great
variations depending on the circumstances of the distress event (e.g. on position relative to
the satellite, floating EPIRB at sea, or ELT from a crashed aircra land). However, for the
purpose of the management of the 406 MHz frequency band, W& Must establish a model that
provides the “nominal” GEOSAR system capacity. @\%

We analyse the results of tests performed during the C@AR D&E phase in 1997 and 1998,
and define a nominal scenario characterised by a mi rfffium beacon EIRP (or the corresponding
minimum C/No of the input signal at the GE @hs nominal scenario provides the
required input for the theoretical capa01ty mo ex@d as a number of bursts required for
the successful processing of a beacon 51 nimum EIRP selected for the nominal
scenario.

At this stage, the determined nom channel capacity must be adjusted to take into
account the conclusions of the an 1ys1s epetitive transmissions provided at Appendices B
and C, and the computer 51m on re§gits provided at Appendix D.

Finally, we compute é’a traﬁ@ load at the nominal capacity level, the probabilities for

obtaining conﬁrme(bvahd or complete messages, as defined in the GEOLUT specification
(i.e. obtaining a QG)gond valid or complete alert message identical to the first alert message,

within a glvg&

D.3.2  Probability of Burst Collisions in the GEOSAR System

If Pc is the probability of collision in time and frequency when 2 beacons are active, the
probability of no-collision for the bursts of a specific beacon when N beacons are active is:

Pre(N) = (1 - P! D/E.1

Pc = (P, * Py), where P, is the probability of collision in time and P is the probability of collision
in the frequency domain.

The following sections provide the determination of Py and P,.

D.3.2.1 Probability of Collision in Frequency (Py)

This section summarises the analysis of actual beacon frequency spreading provided in
Appendix A to Annex D, which shows that channels with a 3 kHz separation are independent,
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i.e. messages from beacons in different channels do not overlap in frequency, and messages
from beacons in the same channel always overlap in frequency.

The specification for Cospas-Sarsat 406 MHz distress beacons (document C/S T.001) requires
that, for all beacon models type approved before 1 January 2000, the transmitted frequency be
set to 406.025 MHz + 2 kHz, and that this carrier frequency not vary more than + 5 kHz in 5
years, including the initial offset.

If the beacon carrier frequency had been uniformly distributed in the + 2 kHz allowed around
406.025 MHz (AF = 4 kHz), then the probability of frequency collision (assuming no additional
spreading due to aging, and assuming a GEOLUT receiver filter bandwidth of Af = 1.5 kHz)
would have been:

2Af  2%15 0.75
AF 4 &
)
In such a case, and assuming that ageing would not signific affect the distribution of
carrier frequencies, a separation of at least 4 kHz betwegfinfrequency channels would be

Pe(|f; - f,|<Af ) = P(fe2Af) =

required to achieve a uniform distribution of beacon ier frequencies throughout the
frequency band used by Cospas-Sarsat beacons. \}

However, available data on actual beacon transmi fre cies show that 95% of all carrier
frequencies are within a 1.5 kHz bandwidth, is*q(te far from a uniform distribution in

the theoretical 4 kHz bandwidth allowed by@ peci@ation.

&}

The actual distribution of beacoqéa‘rier ﬁ&uencies is approximately Gaussian (ref.
TG-1/2000/4/2), i.e. the probabilit@g sity@ion satisfies the equation:
fb\? )’

€ 252 D/E.2

%)
&
NN
where: 600 \Q)§

- xisthe VariabKQpapresenting the frequency (to avoid confusion with the density function f);
- wisthe n‘f&}galue of the beacons carrier frequency (406.025 MHz); and

oV2m

- o is the standard deviation of the distribution (290 Hz on average).

The detailed analysis of actual data provided by the USA Cospas-Sarsat Mission Control
Centre (USMCC) is at Appendix A to Annex D. This analysis demonstrates that:

- less than 4.2% of bursts from beacons in the same channel would be separated in frequency
by more than 1.5 kHz (filter bandwidth) and, therefore, the probability of collision in
frequency Py is greater than 0.958; and

- a 3 kHz separation between channels ensures that two beacons in adjacent channels will
have a probability of collision of about 2% and, therefore, adjacent channels separated by
3 kHz can be considered independent.

For simplicity, we will assume that, in the GEOSAR system, Py = 0 for beacons in different
frequency channels, and P;= 1 for beacons in the same frequency channel.
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D.3.2.2 Probability of Collision in Time (P,) for Short or Long Format Messages

Each active beacon in the system transmits a burst of duration t with a repetition period T.
Two bursts collide in time when the distance in time of their arrivals | t -t | is less than t, the
duration of one burst.

If we assume that any two beacons are independent and the times of arrival of the bursts at the
satellite receiver antenna conform to a uniform distribution over the time period T, then the
probability for a message M(1) to overlap in time with another message M(2) is:

pt(|t1-tz|<f)=p(t€2t) = % D/E.3

406 MHz beacons transmit either a short format message of 440 ms duration, or a long format
message of 520 ms duration, with a repetition period of 50 s. The message structure is
illustrated in Figure D.1.

<
With T = 50s and t = 0.44s for short format messages, P, = 0.01@6
With T = 50s and t = 0.52s for long format messages, P, = 8.

Note: In the GEOSAR capacity analysis, we have to con %ba arge, static visibility area. The random
beacon activation times and the random distribution"of beacons in the satellite visibility area result
in random arrival times at the satellite anten hICh the first stages of the analysis, are
assumed to conform to a uniform distributio& con repetition period. This hypothesis
is not valid when the repetition period of aco& smissions is taken into consideration, but

it simplifies the preliminary considerati velog in section D.3 (see D.3.2.4). The impact of
repetitive transmissions is further c’%ﬁere ection D.4 and at Appendices B and C to
Annex D. \(\ .&

D.3.2.3 Probability of Colli @1 in 'ﬂ& for the First Protected Field of Long Format
Messages 0(6

The above expressi @g’p ap\p to populations of beacons that are either all transmitting
short format messagé‘ or all transmitting long format messages. In this section we will
determine the prgbability that, in a population of beacons that all transmit long format
messages, t st part of the message, which contains the preamble and the first protected
field (see Figure D.1), is not interfered with by collisions in time and frequency.

If a long format message M(1) arrives at the time “t,”, it will collide in time with long format
messages M(2) that arrive at a time t; if:

2> (tl -0.520 S) and th< (tl +0.520 S).

However, if the message M(2) arrives at t, such as t, > (t; + 0.425 s), then, the interfering
message M(2) will not affect the first protected field of message M(1). Therefore, the
probability of collisions that would affect the first protected field of a long message is:

P[t, > (t; - 0.520 s)] N P[t, <(t; +0.425 s)]
Figure D.2 provides a graphic representation of the probability of collision for the first part of

long messages (preamble + first protected field), assuming the message arrival times t are
uniformly distributed over the period T = 50 s.
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The mathematical expression of this probability is:

1 (., 1 , 1 )) .
P=—|T"——(T-1)"——(T—-1 witht; =0.425andt, =0.520;
T +7T ’C2+’C 2 T +7T
p=-1—24+ 1 2 ~_1 "2 _00189
T 272 T

D/E.4

Figure D.2: Probability of Collision in Time for the First Part of Long Messages

50s -

t=t,+0425 " -

t,=t; - 0.520 | 0.520 s

D.3.2.4 Repetitive Transmissions with Ran&@g\ ed @)ds

The implementation of the C/S T.001 s cat @(on the beacon message repetition period
could result in two, or more, beacons rie h& repeatedly a probability of burst collisions
much higher than the probability @ the above sections, which assumed a uniform
distribution of transmission tlmesQ%r t Q%nod T.

The impact of randomised \ﬁ(n\ mis @ times as specified in document C/S T.001 (406 MHz
beacon specification) 15(3 yse«? detail in Appendix C to Annex D. Unfortunately, this
analysis shows that (irect conclusions can be drawn in terms of a probability of processing
success, hence in of a nominal GEOSAR capacity. Another possible implementation of
randomised t Q@&Slon times with a 50 s repetition period, which provides for similar
probabilitle burst collision, is analysed at Appendix B to Annex D.

This second analysis and the computer simulation results provided at Appendix D to Annex D
show that the nominal capacity is reduced from 17 active beacons (as determined below
assuming a uniform distribution of beacon bursts) to 14. In the worst-case scenario of
Appendix B, the retrieval of valid or complete long messages of a particular beacon, as well as
the confirmation process, are delayed by a few minutes when the system experiences a traffic
load equal to the nominal capacity. However, under this traffic constraint and in the worst-case
scenario, the probability of recovering valid and complete long messages remains greater than
85 % within 5 minutes and greater than 99 % over 10 minutes (see Table D-B.1 with N = 14).

The conclusions of the analysis of randomised repetition periods are further discussed in
section D.4, but at this stage of the analysis of the GEOSAR channel capacity we will not
address the matter of periodic transmissions, and we will assume that the burst arrival times are
uniformly distributed over each period.
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D.3.2.5 Probability of No Collision (Pnc)

From the above analysis, the probability of no-collision for a given burst when N beacons are
active in a given channel becomes:

Pne(N) = (1 - P * Pyt = (1 - P! D/E.5
The probability of no-collision for beacons in different frequency channels is Pyc = 1.

As a consequence, the total GEOSAR system capacity will be the sum of the capacities of all
frequency channels opened for use. The following stages of the analysis will only consider the
capacity of a single frequency channel.

D.3.3  Probability of Successful GEOSAR Processing 6

Because of the available link budget, the energy of several burs m the same beacon may
need to be integrated to obtain a valid message. The numb%@ bursts to be integrated will
depend on a number of factors, including:

- the actual environmental conditions and specific che%@erlstlcs of the GEOSAR link;
- the actual beacon EIRP; and ’Q Q
- the actual performance of the GEOLUT mt%@hon a@rlthm

The C/No observed at the GEOLUT receiyer de% s on the GEOSAR link budget, which is
affected by the actual beacon EIRP. EOSAR capacity analysis perspective, the

actual performance of the GEOL n C/No is translated into a number of bursts
required to achieve successful rocessi In the following sections we will analyse the
probability of successful GE prwssmg as a function of the number of bursts required to

obtain a valid message. 0 *

Note: All computationﬁothe theoretlcal analysis provided in this section assume a probability of
collisions in time based on the hypothesis of a uniform distribution of the beacon burst arrival times
at the satellit€@ntenna.

D.3.3.1 Theoretical Analysis of the GEOSAR Channel Capacity for Short Messages

With a repetition period of beacon bursts of 50 seconds, a maximum of 6 messages are
transmitted by the beacon within 5 minutes, and a maximum of 12 messages are transmitted
within 10 minutes. Let “M” designate the number of bursts transmitted during the time period
considered. The probability of receiving “m” bursts with no collisions is:

P = Ch P (1-Py)™M™ D/E.6

where Pyc is the probability of receiving a single burst with no collision, as expressed in
equation D/E.5.

Pxc is a function of N, the number of active beacons in the satellite visibility area, and depends
on the probability of collision in time P; for an individual message (e.g. P, = 0.0176 for beacons
transmitting short format messages only).
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Figure D.3: Probability of Receiving at least “K” Messages with No Collisions

Within 5 Minutes (Short Format Messages)

0

0

0

Probability Pk(N, 5 min)

0

0.

o ’\ %\1 W
0 = T,

WL X =, =
N ~ %2,
. \ X > s,
i\ RN

g X S5 RSN
0 Y ~ NS A

2 4 6 81012 14161820222426283032% 38 40 42 44 46 48 50

Number of Active Beacons (S essages) = N

A\

—o—k=1—n—k=2—.—k=3—o—€;‘2—x—k=5—o—k=6

Figure D.4: Probability of R@ K st “K” Messages with No Collisions
ihutes (Sh

Within 10

n.o \(b'

rt Format Messages)

Probability Pk(N, 10 min)

L4 N X

|||||||||||||||||||||||||||||||||||||||||||||||||

2 4 6 8 10 12 14 16 18 20 22 24 26 28 30 32 34 36 38 40 42 44 46 48 50

Number of Active Beacons (Short Messages) =

—+k=1 -#-k=2 -ak=3 -o-k=4 -—x-k=5 -e—-k=6

——k=7 ——k=38 k=9 ——k=10 —o—k=11 —a—k=12




D-16 C/ST.012 -Issue 1 - Rev.9
October 2013

N
N
N
N

N(99%, 5'
N(98%, 5'
N(95%,
N(90%, 5'

)
)
5
)

K

(99%, 10")
(98%, 10")
(95%, 10")
(90%, 10")

We have assumed that bursts must be received with no collision in time and frequency to be
used in the integration process. If the probability of processing success (obtaining a valid
message) for “m” non-interfering bursts is P, , and the probability of receiving m messages
with no collisions assuming N beacons are active in the satellite visibility area is Py, , then the
probability of successful processing during a time period that allows for the transmission of M
beacon messages is:

M M
P(N,M)= 3p,, #P, = 3 Py O P (L=Pye)™ ™ D/E.7
m=1 m=1

However, the probabilities of processing success P, are not available. Therefore, we will
calculate the GEOSAR capacity for possible values of the number of non-interfering bursts “K”
required for a successful integration, assuming that P, =0 ifm <K, and P, = 1 if m > K.

The probability P(N,M) is then the probability of receiving @@east “K” bursts with no
collisions, expressed as follows:
&

M 4]
P,(N,M)= Y. Ch PNCm(l—%gM_m D/E.8
m=k %

Figures D.3 and D.4 show the evolution 0@! ,M{@g/l = 6 (within 5 minutes) and M=12
(within 10 minutes), respectively. %

The results of the analysis can be 1ﬁﬁprete®"ﬁs follows: if a minimum of K non-interfering
bursts are required to obtain a v ess then the value of N for K at a given probability
(e.g. 95%) is the capacity of t @ste

Figure D.5 illustrates th@ @f N for various probabilities and values of K, when the
capacity is defined ort meSsages, with processing times of 5 minutes (i.e. 6 bursts

maximum), and 1 es (i.e. 12 bursts maximum). The calculated GEOSAR capacity
figures, as sho igure D.5, are reported in Table D.1 below.

Table D.1: GEOSAR Capacity as a Function of the Number of Non-Interfering Bursts
Required (Short Format Messages)

1 2 3 4 5 6 7 8 9 10 11
65 47 35 27 21 16 11 8 5 3 0
73 52 40 31 24 18 13 9 6 3 2
86 61 47 37 28 22 16 12 8 5 2
99 71 54 42 33 26 20 14 10 6 3
36 20 1" 5 2 0 0 0 0 0 0
42 24 14 7 3 0 0 0 0 0 0
53 31 18 10 4 0 0 0 0 0 0
65 38 23 13 6 0 0 0 0 0 0

12

o O oo

o O oo
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Figure D.5: Evolution of the Capacity Computed with Various Probabilities
for Short Format Messages and for
Processing Times = 5 Minutes and 10 Minutes
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Figure D.5 and Table D.1 clearly sb\v ondition 95 % probability within 5 minutes is
more restrictive, from a capac iew , than the condition 99 % probability within

10 minutes. This is the resu (gj e ti } mltatlon which directly impacts on the integration
process.

Figure D.5 also cleax&@-ows ar 1d degradation of the capacity when the minimum number
of non- mterfermg that need to be integrated increases. This illustrates the consequences
of low link b margms on the GEOSAR processing, and the fact that any significant
degradation & o is likely to impact the probability of quickly recovering valid messages.

D.3.3.2 Theoretical Analysis of the GEOSAR Channel Capacity for Complete Long
Messages

The same analysis as above is performed for a population of beacons that transmit long format
messages only, characterised by P, = 0.0208.

The results are illustrated in Figure D.6 and summarised in Table D.2 below. Figure D.6
illustrates the evolution of N for various probabilities of successful processing and values of K,
when the capacity requirement is set to obtaining complete long messages within 5 minutes
(i.e. 6 bursts maximum), or 10 minutes (i.e. 12 bursts maximum).
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Table D.2: GEOSAR Capacity as a Function of the Number of Non-Interfering Bursts
Required (Complete Long Format Messages)

K 1 2 3 4 5 6 7 8 9 10 11 12
N(99%, 10") 55 40 30 23 18 13 10 7 4 2 0 0
N(98%, 10") 61 44 34 26 20 15 1" 8 5 3 0 0
N(95%, 10") 72 52 40 31 24 19 14 10 7 4 2 0
N(90%, 10) 84 60 46 36 28 22 17 12 8 5 3 0
N(99%, 5') 30 17 10 5 2 0 0 0 0 0 0 0
N(98%, 5') 36 20 12 6 2 0 0 0 0 0 0 0
N(95%, 5') 45 26 16 8 4 0 0 0 0 0 0 0
N(90%, 5') 55 33 20 11 5 0 0 0 0 0 0 0

Figure D.6: Evolution of the Capacity Computed with Various Probabilities
for Complete Long Format Messages and
Processing Times =5 Minutes and 10 Mj s
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D.3.3.3 Theoretical GEOSAR Capacity for the First Protected Field of Long Messages

The results of Tables D.1 and D.2 show that, if we assume that the same number of non-
interfering bursts are required for retrieving a valid short message or a complete long message,
then the capacity figure for long messages at 99% within 10 minutes always exceeds the
capacity figure for short messages at 95% within 5 minutes. This means that, if the capacity is
selected to allow a short message to be retrieved within 5 minutes with a probability of 95%,
then long messages would be retrieved within 10 minutes with a probability higher than 99%.

However, we have determined that the probability of collisions in time is 0.0189 for the first
part of long messages (assuming all beacons transmit long messages), instead of 0.0176 for
short messages only. Therefore, the condition 95% within 5 minutes might not be satisfied for
the retrieval of the first protected field of a long message (a valid long message) when the
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traffic corresponds to the maximum load (i.e. at full capacity) and all beacons transmit long
format messages.

Table D.3 summarises the results of the computation of the capacity for various probabilities
under the conditions:

- P,=0.0176 (short messages only);

- P,=0.0189 (first protected field of long messages, i.e. “valid” long messages), and

- P,=0.0208 (complete long messages only).

Table D.3: Comparison of Capacity for Various Probabilities of Retrieving:
Valid Short and Long Messages and Complete Long Messages

Capacity (N) for Short Messages Only (for a given probability of retrieving a valid shert message)

No. of Bursts required: k = 1 2 3 4 5 6
(within 5 minutes) N(99%, 5') 36 20 11 5 2 0
(within 5 minutes) N(98%, 5') 42 24 14 7 3 0

[ (within 5 minutes) N(95%, 5') 53 31 18 10 4 0
(within 5 minutes) N(90%, 5') 65 38 23 13 6 0
(within 10 minutes) N(99%,10") 65 47 35 27 21 16

Capacity (N) for Long Messages Only (for a given probability of retriévirg a valid long message)

No. of Bursts required: k = 1 2 3 4 5 6
(within 5 minutes) N(99%, 5') 33 19 10 5 2 0
(within 5 minutes) N(98%, 5') 39 22 13 7 3 0

[ (within 5 minutes) N(95%, 5') 29N\ 29 17 9 4 0
(within 5 minutes) N(90%, 5') 60 36 22 12 6 0

| (within 10 minutes) N(99%,10") 60 44 33 25 19 15

Capacity (N) for Long Messages @nly (for.a\given probability of retrieving a complete long message)

No. of Bursts required: kK.'§ 1 2 3 4 5 6
(within 5 minutes) N(90%,5") 55 33 20 11 5 0
(within 10 minutes) N(99%, 10") 55 40 30 23 18 13
(within 10 minuteg) N(98%, 10") 61 44 34 26 20 15
(within 10 mindtes) N(95%, 10) 72 52 40 31 24 19
(within 10 minutes) N(90%, 10" 84 60 46 36 28 22

Figure D.7 illustrates the comparison of the capacity figures for short messages (95% within 5
minutes), complete long messages (90% within 5 minutes, and 99% within 10 minutes), and
valid long messages, i.e. first protected field only (95% within 5 minutes), as provided in
Table D.3.

Assuming we have determined the number of non-interfering bursts required for successful
processing, the system capacity can be selected to ensure a probability of 95% of retrieving
valid long messages (i.e. the first protected field) within 5 minutes. As this is clearly the more
restrictive constraint in terms of capacity, this would ensure that:

- valid short messages are retrieved within 5 minutes with a probability greater than 95%; and

- complete long messages are retrieved within 5 minutes with a probability greater than 90%
and within 10 minutes with a probability greater than 99%.
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In section D.4 we will use the constraint outlined above (95% valid long format messages must
be retrieved within 5 minutes) to determine the nominal GEOSAR channel capacity.

Figure D.7: Comparison of GEOSAR Capacity as Computed for:
Complete Long Messages (90% within 5 minutes - 99% within 10 minutes)
Short Messages (95% within 5 minutes), and
Valid Long Messages (First Protected Field, 95% within 5 minutes)

GEOSAR Capacity (N)

Number of Burst@e uir K
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\ g
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D.3.3.4 Probability of Co@ned @ssages at Full System Load

Valid messages are ?ered \tQa Cospas-Sarsat MCC for distribution to SAR services.
However, the GEOLUX specification (C/S T.009) also calls for a confirmation of a valid or
complete mess}&vitb a second independent integration providing an identical valid or
complete m . This section considers the probability of obtaining confirmed messages
within given time periods, when the system load is at the capacity limit.

The probability Py (N,M) computed in the previous sections is the probability of obtaining a
valid or complete message within a given period of time (M transmitted messages), assuming K
non-interfering bursts are required for a successful integration, and N beacons are active in the
satellite visibility area. With the assumption made (see D.3.3.1), it is equal to the probability of
receiving at least K bursts with no collisions. Therefore, assuming that we have determined the
appropriate value of K and the corresponding capacity N that satisfies the requirement to
retrieve a valid message within 5 minutes with a probability of 95%, then the probability of
obtaining one valid (or complete) message after M beacon emissions is given by equation
D/E.S8:

M
P.(N,M)= ZC;‘,‘I p™ (1—p)™™ ; where p is the probability of no-collisions
m=k

In accordance with the above logic for retrieving one valid message (or one complete message)
during a given period of time, a second valid (or complete) message will be retrieved during a
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given period of time (after transmission of a given number of bursts “M”) if at least 2xK
messages can be retrieved without collisions.

M
Therefore, we will write: P.onfirned = Pox (N,M) = Z cop™(1-pM™ D/E.9
m=2k

We will compute Pconfirmeq in section D.4, after having determined the nominal GEOSAR
channel capacity.

Analysis of the GEOSAR D&E Results

d in 1997/1998 were
, and did not specifically

The GEOSAR Demonstration and Evaluation (D&E) tests petf
designed to characterise the GEOSAR/GEOLUT link perfor
address the issue of GEOSAR capacity. Therefore, these r do not directly provide the
required input for the capacity model developed above (i. e typical number of bursts with
no collisions required to achieve a successful proces\s@ and retrieve a valid or complete
message).

)
D.3.4.1. Processing Threshold and Syste%$rg.ir\@§OSAR D&E Test T-1)
S

The processing threshold was defined, fi :& pur@ge of the D&E, as the minimum value of
the ratio of beacon carrier power to noi&nsi /No) received at the GEOLUT that resulted
in a 99% probability of detectiog\ an free message (i.e. a valid message) at the
GEOLUT. The system margin de%}e as the difference between the effective isotropic
radiated power (EIRP) of the on %5[‘ threshold C/No and the EIRP of a nominal beacon,

i.e. 37 dBm.
> Y

The procedure for te§—l consisted of transmitting, from a beacon simulator, series of 20
unique beacon messdges, each separated in time and frequency to avoid collisions. Each
beacon mess s transmitted 20 times. The total sequence of beacon messages was
repeated for%ent beacon EIRPs. The recovery of at least one error-free (valid) message
during the sequence of 20 bursts transmitted for each beacon message was deemed a processing
success. The probability of recovery of an error free message was defined as the ratio of the
number of processing successes over the number of 20 burst sequences transmitted. The
detailed test procedure and results are provided in the Report of the Demonstration and
Evaluation of the 406 MHz GEOSAR System (see also the Summary Report of the D&E,
document C/S T.009).

The results of test T-1 showed significant discrepancies amongst the GEOLUTs and the
GEOSAR satellites used during the D&E, with variations in the processing threshold (26 to
28 dBHz) and the system margins (12 to 6 dB), which may reflect differences between
GEOLUT performance, and also variation of environmental conditions (e.g. interference in the
frequency band, distance of the GEOLUT to the satellite, etc.) that affect the link budget. The
D&E T-1 test results did confirm the feasibility of a GEOSAR/GEOLUT system, but are not
directly relevant to the GEOSAR capacity evaluation.



D-22 C/ST.012 -Issue 1 - Rev.9
October 2013

D.3.4.2 Message Transfer Time (GEOSAR D&E Test T-2)

For the purpose of the D&E, the message transfer time (MTT) was defined as the time between
activation of a beacon with an EIRP at the GEOLUT threshold and the time the GEOLUT
produced the first error-free message (i.e. valid message). The same test procedure was used as
for test T-1. The results were reported for two probabilities: MTT-90% and MTT-50% (i.e. the
time of transfer for 90% and 50%, respectively, of the valid messages recovered at the
GEOLUT threshold). The results also showed significant variations from less than one minute
to 4 minutes for MTT-50%, and from less than 6 minutes to over 12 minutes for MTT-90%,
which were probably a consequence of the experimental nature of the GEOLUTs.

Table D.4 below provides detailed MTT results obtained with GOES 8 and a Canadian
GEOLUT during the GEOSAR D&E, for various beacon EIRPs and various MTT
probabilities. 6

Table D.4: Message Transfer Times as a Function of on EIRPs

{o
EIRP MTT/50% | MTT/90% | MTL@5% | MTT/98%
(dBm) (seconds) (seconds) nds) (seconds)
=0
37 0 0 @Q\ 0. 50
3 0 0 o (O\OB 50
27 0 - jl ‘ Qb\ 150 250
26 100 [ %00, S s00 900
)
25 150 (\’\\, \(g@’ 750 900
22 S O‘Aq’ 700 800 900
2 W7 350 Y 800 850 900
20, 450 850 900 900
N

Note: An MTT =0 in Table D.4 means that a valid message was obtained after processing the first burst.
All MTTs are multiples of 50 s, the repetition rate of beacon bursts. The MTT results provided for
24 dBm were inconsistent for all MTT probabilities and, therefore, have not been reported. No
tests were performed for the other EIRP values not reported in Table D.4.

Although the 406 MHz bursts transmitted by the beacon simulator did not collide in time and
frequency, some collisions with actual distress beacon transmissions were possible during the
test.

The results of Table D.4 illustrated in Figure D.8 show that the distribution of MTTs is
significantly affected by the decrease of the beacon EIRP below a threshold of about 27 dBm
(i.e. 10 dB below the nominal 37 dBm EIRP of the beacon), however, the integration process
allows for the recovery of valid messages even at low EIRPs, but with increasing transfer
times. Note that the shape of the curve obtained for MTT-98% is probably a consequence of
the test procedure, which limited the transmissions to 20 bursts for each beacon message (i.e.
which would correspond to a MTT of 950 seconds in Table D.4) and the particular processing
implemented in this GEOLUT.
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Figure D.8: Message Transfer Times at Various EIRPs
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Figure D.8 shows that valid messages were obtaj withQS% probability within 300 seconds
(5 minutes) if the beacon transmitted with an %@least 26.5 dBm (10.5 dB below the
nominal EIRP of 37 dBm) and with 98% W@m 60Q seconds (10 minutes) at the same EIRP.
The test results also clearly indicate shorfep MT &¥hen the beacon transmissions were closer
to the nominal EIRP (i.e. see 37 dB@d 32&dBm MTT results in Table D.4, not shown in
Figure D.8). However, the actual’bhgacon P in a distress situation, particularly for ELTs
after an aircraft incident, may; sevi affected by a number of factors (e.g. antenna
orientation), which are likel redud@)the available EIRP of the transmission. Therefore the
capacity of the GEOSA @s em_must be assessed assuming a critical beacon with an EIRP
lower than the noming Bm.

It should also be@ed from the D&E test data illustrated above, that messages from beacons
transmitting %B‘ EIRPs well below the threshold were also recovered, although with
increasing delays. The major impact of high loads on the GEOSAR system will be to increase
the recovery time of weaker messages, or to raise the EIRP threshold at which the requirement
to recover 95% of valid messages within 5 minutes will be met.

D.3.4.3 GEOSAR D&E Test T-4 on Beacon Processing Capacity

The USA test results are reported in document JC-16/8/2 (May 2002). The purpose of the test
was to assess the capacity of the GEOSAR system, i.e. the system loading, including test
beacons and “background” loading of operational beacons active during the test, which resulted
in a system performance such that the transmissions of a newly activated test beacon would be
successfully processed (production of a valid “Error Free Message”) within five minutes with a
probability of 95%.

The background load was generated using the USA Beacon Simulator Signal Generator
(BSSG). Real 406 MHz transmissions from operational beacons were also monitored to assess
the exact system load. Transmissions from five Field Test Units (FTUs) were used to assess
the probability of retrieving valid messages within 5 minutes. The FTUs transmitted short
message formats, with an EIRP of 37 dBm.
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Data were collected using both GOES-8 and GOES 10 geostationary satellites and the
Canadian GEOLUTs at Trenton. The test results indicate that the GOES GEOSAR system has
a capacity of 33 active beacons (single channel).

For comparison, Table D.1 indicates that a capacity of 31 beacons transmitting short messages
can be achieved for a selected value of K = 2 (i.e. 2 transmissions required for retrieving a
valid message).

D.3.4.4 Selection of the Value of “K” for the Nominal GEOSAR System Capacity

Although the test data suggest that 2 bursts with a 37dBm EIRP were required on average to
achieve a successful processing with the GOES satellites, it would seem prudent for the
purpose of the GEOSAR capacity assessment to accept that a minimum of 3 bursts would be
required to ensure the recovery of a valid, or complete, message at low EIRP. Therefore, the
value K = 3 will be used to define the nominal GEOSAR system cap&
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D4 GEOSAR SYSTEM CAPACITY

On the basis of the GEOSAR capacity analysis provided at section D.3, and for the purpose of
managing the use of the 406.0-406.1 MHz frequency band, the nominal GEOSAR channel capacity is
defined as the maximum number of active beacons in the GEOSAR satellite visibility area, all
transmitting long format messages, that allow for the retrieval of valid messages (first protected field
only) with a probability of 95% within 5 minutes.

Under this capacity definition, the analysis shows (see D.3.3.3), for all values of K (the number of
bursts received with no collisions that need to be integrated to obtain a valid message), that:

- valid short messages would be retrieved with a probability slightly greater than 95% within
5 minutes; and

- complete long messages would be retrieved within 5 minutes i@robability greater than
90%, and within 10 minutes with a probability greater than 9%

From the considerations of the GEOSAR D&E test results in sec .3.4, we have selected a value

of K equal to 3, that characterises the nominal scenario use determlne the nominal GEOSAR

channel capacity. Under this hypothesis, and assuming tha%lh imes of arrival of the beacon bursts

are always uniformly distributed in the repetition perio 0 nal capacity of a single GEOSAR

channel would be N = 17 (see Table D.3 and Figure D

However, the analysis of repetitive transmissio \Qowd%%t Appendices B and C to Annex D, and
the results of the computer simulations provid A ix D to Annex D, show that the hypothesis
of a uniform distribution of the bursts artival timegasinot consistent with the repetitive nature of the
beacon transmissions, and the actual bai' of processing success is dependent upon the
C/S T.001 specification of rando re on periods. The conclusions of the analyses of
Appendices B, C and D are addr in on D.4.1 below. In summary, for beacons designed to
the specification of document C& (N& GEOSAR channel capacity is N = 14.

The probability of obtai 'ng:onﬁrmed valid or complete messages is provided in section D.4.2 for
the nominal scenaria;&eaming a message traffic at full system load (i.e. equal to the channel
capacity).

Finally, the probabilities of retrieving single or confirmed messages for values of K > 3, are provided
in section D.4.3 to illustrate non-nominal scenarios where the GEOSAR link is degraded (low C/No,
low beacon EIRP below the threshold of the GEOLUT).

D.4.1 Channel Capacity Under the Nominal Scenario (K = 3)

For the value K = 3, the theoretical GEOSAR capacity model developed in section D.3.3
provides the number of simultaneously active beacons (N = 17) that can be processed within
5 minutes with a 95% probability of retrieving a valid message, assuming all transmitted bursts
are long format messages and the distribution of burst arrival times is uniform over the
period “T” (see Table D.3).

However, the analysis of Appendix C shows that, if the repetition period as specified in
C/S T.001 is taken into consideration, the probability of collision is increased after a burst
collision in time and frequency (see Figure D-C.5 in Appendix C). This is confirmed by the
results of computer simulations reported at Appendix D.
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Furthermore, although the analysis of Appendix C shows that, on average, the probability of
burst collisions is the same as in the hypothesis of a uniform distribution, the simulation results
of Appendix D clearly indicate that the probability of success, under the Appendix C
distribution of burst transmission times, is lower than in the case of a uniform distribution.
Similar results are obtained with the distribution of burst transmission times of Appendix B,
confirming that equation D/E.8, which provides adequate results for a uniform distribution (as
confirmed by the computer simulations), cannot be used to compute the non-conditional
probability of successful processing in the cases of Appendix B and Appendix C distributions.
Instead, a “weighted average” is defined in Appendix B to Annex D and compared to the
simulation results of Appendix D to Annex D (see sections D-B.4/D-B.5 and D-D.3.2/D-D.4.2).

D.4.1.1 Nominal GEOSAR Channel Capacity for C/S T.001 Burst Distribution

The analysis at Appendix C does not allow a direct conclusion in respect of the probability of
successful processing. However, a comparison with the results of thé @nalysis in Appendix B,
as shown in Figure D-C.6, indicates that similar performance is\dbtained in respect of the
probability of burst collisions “on average” (non-conditional prdbabilities) with the distribution
of burst arrival times of Appendix B. This similarity is confirmed by the simulation results of
Appendix D to Annex D.

In addition, Appendix D simulation results (Figure D-D.6 and Table D-D.1) show that:

- the non-conditional probability of proceSsing suceess is identical for the distributions of
Appendix B (i.e. “fixed periods” witthrandomised transmission times) and Appendix C
(i.e. the C/S T.001 specificationstar the.sandomised repetition period), therefore, the
analytical model of Appendix(CB”should provide a good estimate of the GEOSAR
capacity; and

- the computer simulatfor® results> for the C/S T.001 specification (i.e. Appendix C
distribution) providé\a reasonable match with the results of the analysis provided at
section D-B.4 ofAppendix B, using equation D-B/E.30 that provides the non-conditional
probability ofsticcess for the burst distribution of Appendix B (referred to as the
“weighted’ayrage”).

Note: The simulation results for the distribution of Appendix C (i.e. the C/S T.001 specification) actually
indicate slightly lower probabilities of processing success than the analytical results (for numbers
of active beacons between 10 and 20 - see Figure D-B.8), using the “weighted average” (equation
D-B/E.30) of the Appendix B probability of success. However, the burst collision criteria used for
the simulation are very stringent (no overlap allowed, even for the CW portion of the burst).
Similarly, the condition K =3 (3 bursts received with no collision) is probably conservative.
Therefore, we will base our assessment of the GEOSAR channel capacity on the results of the
analysis to avoid an overly conservative approach.

On the basis of the above considerations, we will use the results obtained at Appendix B, i.e.
the non-conditional probability of processing success as determined by the “weighted average”
defined by equation D-B/E.30, to assess the nominal GEOSAR channel capacity. As shown in
Table D-D.1 and Figures D-D.6 / D-B.8, the 95% probability of processing success within
5 minutes is achieved with 14 beacons simultaneously active in a GEOSAR channel.

Therefore, we will select N = 14 as the nominal channel capacity of the GEOSAR system.

The GEOSAR system performance under this traffic load is summarised in Table D.5 below.
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Table D.5: Summary of GEOSAR Performance with 14 Active Beacons (K = 3)
Probability of Successful Processing of Single Valid or Complete Long Messages

Non-Conditional “Worst-Case” Probability
14 Active Beacons Probability * (Conditional, First Burst Collision)*
All Long Format Messages
5 minutes 10 minutes 6 minutes 11 minutes
(6 bursts) (12 bursts) (7 bursts) (13 bursts)
Single Valid Message o o o o
(First Protected Field) 95 % 99.9 % 89 % > 99%
Single Complete Message
(First and Second Protected Field) 94 % 99.9% >85 % > 99%

Note (+): The results provided in Table D.5 for the non-conditional probability of the C/S T.001
specification, analysed in Appendices C and D are copied from Table BD;B2

The results provided for the “worst-case” scenario, which consistg.0f‘a first-burst collision followed by
6 additional bursts (a total of 7 bursts or about 6-minute emissien), or a first-burst collision followed by
12 additional bursts (a total of 13 bursts or about 11-minuterefission) are copied from Table D-B.1 in
Appendix B (14 active beacons, valid long and completeNong messsages over 5 and 10 minutes).
Table D-B.1 provides the results of the analysis of Appéndix B worst-case scenario, which are shown
to match the simulation results of the C/S T.001 worstxcase distribution (see section D.4.1.2 below).

D.4.1.2 System Performance for the “Worst’CaseZ-Scenario (First-Burst Collision)
Figures D-D.6, D-D.7 and Table D-D.1 dlso’ show-that:

- the conditional (worst-case)probabiity of success is lower in the worst-case scenario of
Appendix C (6 bursts traiSmitted Within 5 minutes, with a first-burst collision) than in
the worst-case scenaxi@ ‘of Appéndix B (I Al <1), which does not impose a first-burst
collision;

- however, the analysis of the Appendix B distribution (worst-case over 5 minutes)
provides, a38ltghtly conservative but reasonable match with the simulation results of the
Appendix ‘C worst-case scenario, if one additional burst is allowed (7 bursts transmitted
instead of 6, with a first-burst collision).

We deduce from the above remarks that, for the worst-case scenario, the probability of success
computed for the Appendix B distribution using equation D-B/E.8 provides an acceptable
analytical model of the worst-case scenario performance under the C/S T.001 specification
(Appendix C), assuming a first-burst collision followed by 6 additional bursts over a total
duration of approximately 6 minutes (or assuming a first-burst collision followed by 12
additional bursts over a total duration of about 11 minutes).

Considering the probabilities of successful processing provided in Table D-B.1 of Appendix B
for the worst-case scenario (| Al < 1), we can conclude that, under the traffic load determined
above (N = 14), and assuming the above Appendix C scenarios (first burst collision followed
by 6 or 12 bursts), a valid long message would be retrieved within 6 minutes with a probability
of approximately 89%, or within 11 minutes with a probability greater than 99%.

Similarly, Table D-B.1 indicates that, in the worst-case scenario of Appendix C (first-burst
collision), single complete long messages would be retrieved within 6 minutes with a
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probability greater than 85 % and within 11 minutes with a probability greater than 99 %.
These results confirm that, even in the worst-case scenario of a first burst collision, the
performance of the system remains acceptable with a traffic load at the proposed capacity limit
of a channel.

Table D.5 summarises the performance of the GEOSAR system at full channel load, in the
nominal scenario (K = 3), on average (i.e. non-conditional probabilities), and in the worst-case
situation that follows a first-burst collision (conditional probabilities corresponding to the
situation A < 1 analysed at Appendix B). The detailed results of the computations are provided
in Tables D-B.1 of Appendix B to Annex D, and Tables D-D.1 of Appendix D to Annex D.

Table D.5 also confirms that the condition “95 % within 5 minutes” selected for the definition
of the GEOSAR channel capacity, is a rather severe constraint, as a non-conditional (average)
probability of success of 99.9 % is achieved within 10 minutes, and a _conditional (worst-case)
probability greater than 99 % is achieved within 11 minutes after a f@urst collision.

D.4.2  Probability of Obtaining Confirmed Messages (Nomin{@%enario: K=3)

of the theoretical analysis of Appendix B we have d that the analysis of the worst-case
scenario of the Appendix B distribution (i.e. ing equation D/E.9 to define the
probability of success, provided an accepta & sanal tical model of the GEOSAR system
performance in respect of the probabilit btaiing confirmed complete messages over
10 minutes (12 transmitted bursts) under 11:5 cons&@u s of repetitive transmissions.

In comparing the computer simulation results (Figure D;- @and Table D-D.2) with the results
T

In Appendix B and Appendix D to Q’ ex @&have also noted that the “weighted average” of

the probability of success for B distribution, defined by equation D-B/E.30,
provided an acceptable anal (d& f the GEOSAR performance in respect of the non-
conditional probability of efore, for the assessment of non-conditional probability
of obtaining confirmed sage e)will use this weighted average, computed for K’ = 2K as
in equation D/E.9. 6

Figure D.9 prewides a comparison of the computer simulation results for the Appendix C

distribution with the results of the Appendix B analysis, for confirmed complete long messages,
in respect of the non-conditional and the conditional probabilities of success in both
distributions, when the number of transmitted bursts increases from 10 to 18 (i.e. up to 15
minute beacon transmissions).

Although the analytical results provided for the Appendix B distribution are slightly higher
than the computer simulation results based on the Appendix C distribution, these results are
close enough to justify the use of the Appendix B analysis to characterise the GEOSAR system
performance in respect of the probability of obtaining confirmed messages over 10 or 15
minutes, assuming a nominal scenario (K = 3). This is further developed in Figure D.10, which
provides the results of the analysis for confirmed valid, and confirmed complete, long
messages.

Under message traffic conditions corresponding to the selected nominal capacity (N=14), the
probability of obtaining confirmation of a valid message within 10 minutes is 97.7 % and the
probability of obtaining confirmation of a complete long message within 10 minutes is 96.6 %.
These probabilities of confirmed messages are degraded in the worst-case situation that follows
a first-burst collision (92 % and 88 %, respectively, within 10 minutes), but remain above 99 %
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within 15 minutes. The computation results in respect of confirmed messages in the worst-case
scenario are provided in Table D-D.2 of Appendix D.

These results are summarised in Table D.6 for 10 and 15 minutes transmissions (12 and 18
transmitted bursts).

Figure D.9: Comparison of Analysis and Simulation Results
Probability of Confirmed Complete Long Messages
For Non-Conditional and “Worst-Case” Scenarios

14 Active Beacons -K = 3,
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Table D.6: Summary of GEOSAR Performance with a Traffic Load
Equal to the Channel Capacity (14 Active Beacons, K = 3)
Probability of Confirmed Valid or Complete Long Messages

14 Active Beacons

“Average” Probability
(non-conditional)

“Worst-Case” Probability
(conditional, first-burst coll.)

All Long Format Messages

10 minutes
(12 bursts)

15 minutes
(18 bursts)

15 minutes
(18 bursts)

10 minutes
(12 bursts)

Analysis of Confirmed Valid Messages

0, 0, 0, 0,
(First Protected Field) 97.7 % 99.9 % 922 % 99.8 %

Analysis of Confirmed Complete Messages o o o o
(First and Second Protected Field) 96.6 % 99.9 % 88.7 % 99.7 %
Simulation of Confirmed Complete Messages 045 % 99.7 % ,6 85.5 % 99.1 %

(First and Second Protected Field)

&

C

%Q

N
D.4.3  GEOSAR Performance Under Non-Nominal Scenarios’ (K > 3)

Figure D.11 compares computer simulation and anal@cal results for K = 4 and K = 5, which

characterise degraded GEOSAR links.

tin

for K = 5, the analysis provides a

It is wo
more conservative evaluation of the performa&ha% computer simulations. This is also

observed for K =4, but to a lesser degree.
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Figure D.12 illustrates the impact of beacon EIRPs below the GEOLUT threshold, or degraded
links with low C/No (i.e. K > 3) on the probability of recovering confirmed valid or complete
long messages. The results illustrated in Figure D.12 are provided by the analysis of the
Appendix B distribution for the non-conditional probability of success (weighted average
defined by equation D-B/E.30) and conditional probability (worst-case computed as per D/E.9).

Figure D.12: GEOSAR Channel Performance for K = 3
Evolution of the Probability of Confirmed Messages
with Time for Nominal (K = 3) and Degraded Links (K =4, 5)
Non-Conditional and Conditional (Worst-Case) Probabilities
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From the analysis and the computer simulation results, it is possible to draw several
conclusions in respect of the GEOSAR capacity when the quality of the communication link is
degraded.

With a degraded link, the system capability of providing a confirmation within 10 minutes
(12 transmitted bursts) for complete long messages, decreases from approximately 96 %
(K=3) to about 79 % if K = 4, and less than 50 % if K = 5. In the worst-case scenario of a
first-burst collision, these probabilities decrease from 88 % (K = 3) to about 50 % (K = 4) and
20 % (K =5).

However, over 15 minutes (18 transmitted bursts), these probabilities increase significantly to
over 95 % (K =4) or 80 % in the worst-case (K = 5).

Therefore, although degraded links will significantly impact on @e performance of the
GEOSAR system at maximum load, particularly its capabili Qb produce confirmation
messages within 10 minutes, the above results show that beagdns will still be successfully
processed by the GEOLUT to provide single and conﬁnélé\&nessages, but with increasing

processing times.
N
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APPENDIX A to ANNEX D

ANALYSIS OF FREQUENCY CHANNEL SEPARATION

D-A.1  Scope and Objectives

This appendix summarises the analysis of the distribution of operational beacon frequencies, as
reported in document TG-1/2000/4/2. The data used in this analysis, i.e. measured beacon carrier
frequencies provided by the USMCC (USA Cospas-Sarsat Mission Control Centre), was collected
from operational 406 MHz beacons observed during the time period June 1993 — March 1994.
Figure D-A.1 illustrates the distribution of frequency data provided by the French Mission Control
Centre (FMCC) for the year 1999. 6

The objectives of the following sections are to: b,@

)

a) characterise the actual distribution of beacon carrier frequ&\(g s in the channel 406.025 MHz
used by all operational beacons in the time period; Q

b) assess a probability of collision in the frequency do &@1 for beacons in the same channel; and

c¢) verify that channels separated by 3 kHz are@%epe%&gt for the purpose of computing the
nominal GEOSAR channel capacity. @
° N

D-A.2 Methodology \(\ K
The beacon carrier frequencies co& peratlonal beacon transmissions are not distributed
uniformly in a frequency chann %

1th1n a 1.5 kHz bandwidth from the nominal carrier
frequency 406.025 MHz (USl\é dat §

Figure D-A.1: F%& Statistics on Operational Beacon Carrier Frequencies (1999)
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The frequency data from actual beacon transmissions processed by the USMCC between June 1993
and March 1994 are analysed to determine their offset from the reference 406.025 MHz, and the
parameters of the distribution are assessed, assuming that the actual distribution is approximately
Gaussian.

The probability of collisions in frequency for two beacons in the same channel is assessed on the
basis of the estimated carrier frequency distribution. Finally, the probability of frequency collisions
between transmissions from beacons in two adjacent channels is also estimated.

D-A.3 Operational Beacons’ Frequency Distribution

If we assume that the distribution is Gaussian G(p,6°) around the value 406.025 MHz, we can write
the density function of the carrier frequencies (x) as follows:

1 (xn)?
*e 26°

D-A/E.1

f(x) =
) oV2T

where 1 is the mean value of the carrier frequency (i.e. 406.025MHz), and &” is the variance.

To determine the parameters of the Gaussian distributioh &(p,c¥)»we will use the tabulated function
G(0,1) of the variable Z = (X-u) / .

Table D-A.1 summarises the distribution of frégqmency offsets from 406.025 MHz, as obtained from

USA data (406 MHz Beacon Carrier Fgequencies USMCC Composite Sites; June 1993 —
March 1994).
Table D-A.1: Analysis of Béacon Carrier Frequency Distribution
Frequency Number of Number of Average Number of (f-p)/oc c
Offset: observations observations number of observations
|Af| (Hz) | f<406.025MHz | f > 406.025 MHz | observations | relative to total
(718)
) () 3) G (5) (6) (7)
1. > 1500 3 0 1.5 0.0021 2.88 520
2. > 1000 9 0 4.5 0.0063 2.5 400
3. >750 23 13 18 0.0251 1.96 380
4. >500 50 39 44.5 0.0620 1.53 330
5. >250 114 98 106 0.1476 1.04 240
6. >150 181 165 173 0.2409 0.7 210
7. > 100 220 204 212 0.2953 0.53 190
8. >50 279 261 270 0.3760 0.32 160
9. >25 327 310 318.5 0.4436 0.14 180
10. >0 366 352 359 0.5
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Column 1 provides the classes of the analysis: |Afl. Columns 2 and 3 provide the number of
observations greater than the offset | Af], above or below the expected mean value of the frequency:
406.025 MHz. Column 4 provides an average number of observations, assuming the distribution
should actually be symmetrical around Af = 0. Finally, column 5 provides the ratio: “(number of
observations with an offset greater than Af) / (total number of observations)”. This relative number of
observations can be used as an entry in the tabulated function G(0,1), which provides the value of
Z = (f-p)/o.

The estimated value of & is derived from the corresponding value of the offset: o= (f-u) / Z.

A strictly Gaussian distribution would give a stable estimate for o. This is obviously not the case in
the data set provided. However, we can still consider that the Gaussian approximation remains valid,
at least up to an offset of 250 Hz.

D-A.4 Probability of Frequency Collisions Within a Channel 6@

The transmissions from two beacons may collide in frequency i ey are separated by less than
1.5 kHz, i.e. the GEOSAR demodulator filter bandwidth. If “Y”%Slgnates the frequency separation,
the condition of no-collision is:

Y] = |(f - £)] >@%Hb
®)

The probability of no-collision is: @ ('0\ D-A/E.2

P(l Y| >1,500) = P((x; — x2) > 1,50 P((Q@Q) <-1,500) = 2 % F(1,500)

where F(1,500) is the value of tk}\'\ﬁhrlb\@n function F(Y) for Y = 1,500 Hz.
The random variable Y is a linear fi on }h@random variables x; and X, that are supposed to
follow the same Gaussian dlstrlb . Then, the distribution of Y is also Gaussian, with the
parameters:

X W= -m=0; and
,Q(\ (6")' = (0’ +(c2)" = 26",

Proceeding as in D-A.3, we can use the tabulated normal distribution G(0,1) to determine the
probability of | Y| > 1,500 Hz. Noting that the value of o determined in section D-A.3 varies from

160 to 520, we would have:
160 <o <520

226<c’ =2 % 5 < 735

We find: - for 6* = 226; P(lY!| = 1,500) = 2 * F(1,500) = 0; and D-A/E.3
- foro’ =735; Pl Y| > 1,500) =2 * F(1,500) = 0.0412.

Note: A similar analysis performed on FMCC data illustrated at Figure C-A.1, gave ¢ values between
400 and 550.

For the largest o, which corresponds to the lowest probability of collision within a channel, only
4.2% of all transmissions from beacons in the same channel would not collide in the frequency
domain.
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Therefore, the probability of beacon bursts collision in frequency for beacons in the same channel is:

Py > 0.958 D-A/E.4

D-A.5 Probability of Frequency Collisions for Beacons in Adjacent Channels
We assume two frequency channels are separated by AFc kHz. Our objective is to determine the

probability of frequency collisions between bursts from two beacons, when one is in channel (1),
e.g. 406.025 MHz, and the other is in channel (2) e.g. 406.028 MHz.

We proceed as above, but with u; =0, p, = AFc (Hz), and assuming ¢ is the same in both channels.
We designate f; the frequency of the beacon in channel (1): f; = u,+0f) 6

We designate f, the frequency of the beacon in channel (2): f, = p2+6f®Q®1+ AFc + 6f,

Therefore: Af=f, —f; = AFc + (6f; - 8f}). @K%

If the required distance in frequency to avoid a collision is @\0‘0 Hz, we have, assuming AFc > 0 and
f2 > fll Q Q
P(| Afl >1,500) = P(AFc + (5f, - 8f) > 1\&4 P@c + (8f, - 8f}) < -1,500)

= P((5f; - 8f1)>1\<@%c) +ﬁ§((a‘>f2 8f)) <-1,500 - AFc)

P(| Afl > 1,500) = P((3f;- EQ@ @\Fcﬁp((sfz 8f,) < -(1,500 + AFc) D-A/E.5

N\

) D)
& N
The new variable Y = 6fy), follows the normal distribution G(p’,6’) with p’ = AFc and

o’ =\2*c and we ¢ ermine the probability P[| Y/o’| > (1,500-p’)/6°] from the tabulated normal
distribution G(0,1).

Table D-A.2 summarises the results (i.e. probability of frequency collisions) for various channel
separations, assuming beacons in each channel have the distribution described in section D-A.3 (i.e.
we will use the values 6° = V2*520 = 735 and &° = V2*160 = 226).

On the basis of these results, the probability of frequency collision between beacons in two adjacent
channels separated by 3 kHz would be 2% with the worst ¢ for the distribution (o = 520), and
negligible for c=160. Therefore, we will consider that channels are independent in respect of
frequency collisions in the GEOSAR system.
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Table D-A.2: Probability of Frequency Collision as a Function of the Channel Separation

Channel | (3f-5f1)>0 A= F(A) P. Coll. A= F(A) P. Coll.
Sz';’z’f;‘z‘;" (5%2-51)<0” (i: c;?‘;";;‘g;"’ (o = 520) (i: c,::)():);;é/)c’ (c = 160)
3,000 > 1,500 2.041 0.9794 | 0.0206 6.637 1 0
< -4,500 - 0 . 0
2,500 > -1,000 11,360 09131 | 0.0869 4.425 1 0
< -4,000 - 0 ; 0
2,000 > 500 -0.680 07517 | 0.2483 2212 0.9865 | 0.0135
<-3,500 - 0 ; @6 0
1,500 >0 0 0.5000 | 0.5000 éb 0.5000 | 0.5000
<-3,000 4.082 0 (@ 0
1,000 > 500 0.680 02483 | 0.7517 Q‘Ov 2212 0.0135 | 0.9865
<-2,500 3.401 0 S ; 0
500 > 1,000 1360 0.0869 éo\)s’ 0(\ 4.425 0 1
<-2,000 2.721 0.0033 (('g\ 8.849 0
0 > 1,500 2.041 0.0 0§53 6.637 0 1
<-1,500 2.041 x?)(32065(0\ 6.637 0

N\

Note: The probability of coIIisio@"Qﬁ’. C®1 - > F(A), with A = (£1,500-u’)/c’

60

P S

D-A.6  Probability o@equency Collisions for the GEOSAR Channel Capacity Model

For the purpose of the GEOSAR capacity model, on the basis of the above results and for simplicity,
we will accept, that:

- channels separated by 3 kHz are considered independent in respect of frequency collisions;

and

- beacons in the same frequency channel always collide in the frequency domain (i.e. Pr=1).
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APPENDIX B to ANNEX D

ANALYSIS OF COLLISIONS IN TIME OVER "M" SUCCESSIVE BURSTS
WITH FIXED PERIOD AND RANDOMISED TRANSMISSION TIMES

D-B.1  Synchronised Transmissions with Random Spreading

The Cospas-Sarsat System document C/S T.001 “Specification for Cospas-Sarsat 406 MHz Distress
Beacons” specifies as follows the repetition period of successive beacon transmissions (section 2.2.1
of C/S T.001):

“The repetition period shall not be so stable that any two trahsmitters appear to be
synchronised closer than a few seconds over a 5-minute perio (Z¥he intent is that no two

beacons will have all their bursts coincident. The period shal andomised around a mean
value of 50 seconds, so that time intervals between transmi@)s are randomly distributed on
the interval 47.5 to 52.5 seconds.” %)

The analysis of the probability of collision for successive Gﬁ?smissions of the same beacon, with a
repetition period randomised as specified above is prov@ed at Qppendix C to Annex D. However,
because of its complexity, the analysis of Appendix es rovide direct conclusions in respect
of the probability of successful processing. There‘t@e, to OQ%H an acceptable analytical model of the
GEOSAR capacity, a different implementationCof randgfiised repetition periods is analysed in this
Appendix.  Although the random spreg& analysed below is not in accordance with the
specification, it provides similar results &e con@ed to the analysis of Appendix C, in respect of
the probability of burst collision, an%/ ec ter simulation results reported at Appendix D to
Annex D confirm that the probabili pro@sing success for the Appendix B distribution should be
identical to the probability o \y cessing success achieved with the C/S T.001 specification.
Therefore, the analysis of the~di tribu?@ of repetitive beacon burst transmission times provided in
this appendix is an acceptal&analytical model of the GEOSAR capacity.

We will assume thg@eacons have a “fixed” 50 second period. However, we will also assume that
the actual burst transmission time is randomised in a time interval of = 2.5 seconds around the 50 sec
period time. This implementation of a randomised transmission time would allow time intervals
between transmissions to vary from 45 to 55 seconds (which is not consistent with the specification).

In accordance with the proposed scenario, all active beacons are actually synchronised with a fixed
“period separation”, and transmission times are randomly distributed in the interval + 2.5 seconds, as
illustrated in Figure D-B.1 below.

Figure D-B.1: Fixed Repetition Period with Randomised Transmission Times
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In the above figure, 6 = 2.5 sec, and (xx0) is the random value (x times 2.5 seconds) added to the
fixed period T, with “x”” a random number uniformly distributed in the interval [-1, +1].

Assuming a population of active beacons in the visibility area of the satellite with the above repetition
period characteristic, we need to analyse the probability of repeated collisions, and determine their
impact on the probability of processing success.

D-B.2  Probability of Collisions as a Function of the Period Separation (A) of Synchronised
Beacon Transmissions

We designate t°s and t’g the times of the first transmissions of beacons A and B, which set the origin
of the time counters for A and B. B has already transmitted m-1 bursts when A is transmitting its first
burst (see Figure D-B.2). 6

Figure D-B.2: Spreading of Second Bursts of A and B af ne Period T

¢
Beacon B 2“*13+b16 ™y

iee%i o D%, L\ /

[}
%, O >
%) Beacon A ®% 3 . A t'\+a,0

x&

> 0
Loy

B started transmitting at tg totﬁ wing bursts were transmitted at times: t’s+ T + x,0,
t% + 2T + x40, ..., t’s + m @:m*e, etcY with x, X», ...X, random numbers in the interval [-1, +1].
We designate t'y , t’s, t"sthe times defined by the fixed repetition period T, such as t'z=t"s+ T,
tg=t% + 2T, ..., t"=t T. Note that these times are NOT the transmission times, but the centres
of the intervals u ﬁich the transmission time is randomly spread. Figure D-B.2 illustrates the
situation for the first and second bursts of A (tOA and t'\+ a;0), for simplicity of notation we designate
a;0 the random variation of the period of A when the second burst is transmitted, and b0 the random
variation of the period of B when the m+1 burst is transmitted.

The distance in time between the first burst of A (t4) and the m™ burst of B is designated
A=t" —t". The value m is selected such that|A| <T/2. Note that, in accordance with our
hypothesis, we will have: t'y — t™ ' = A, Pa — t" 5 = A, ..., %y —t™"3 = A, etc. A is referred to as
the fixed "period separation".

D-B.2.1 Probability of First Burst Collision: P(A)
The first burst of A and the m™ burst of B are transmitted at the times:
- t% ,and

- 1%+ mT + byO = t"+ bed; with by a random number [-1, +1].
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They are separated by: t%, - (t"s + beB) = A - b6, and will collide if |A - b0 ‘ <1, where 7 is
the duration of one burst.

As a consequence of the above condition, a collision is possible only if |Al <0 +1.

We designate:

- the probability that the first burst of A collides with the m™ burst of B when the period
separation is A as P;(A); and

- the density of probability of beacon B transmission times as fg(x) with the conditions:
fa(x) = 1/20 if x € [t"p-0, t"p+0], and fz(x) =0if x ¢ [t"p-0, t"p+0].

t +7T
The probability of collision is expressed as follows: P;(A)= Aj fp (x)édx D-B/E.1
41 QO
However, the integration limits depend on the following condi @86
' -1=tR+A-1T > t"3 -0 for A<O0, anth+@Ktm +tA+1 < t"5+0 forA>0,

which both translate into the condition | A| <0 -

Under the above condition fg(x) = 1/20 over the in@sval tOQ\— 7, 1% + 1] and
t -+t %) N\
1 T ‘Q \(O
P, (A) = — |pdx = = D-B/E.2
1 (D) tojr(ze)* 0 % AQ
AT Q

If 6-1 <|Al <0+, then we H@S@ssumingA>0 ' +t=t"s +tA+ 1 > "+ 0.
Therefore, P;(A) must be erzﬁ@as follo

tAH Ao D-B/E.3
+7T
P (A)= dx \q) d&x = 0-A+ 1-
1(8)= @ 29 * 29( v) = e( 21 J
tA—'t
In summary ,{b@ the symmetry around A = 0, we have:
PI(A)Z% if [Al <0-1 D-B/E.4
T |A|—9+1: .
P(A)=—|1-H—— if -t <[Al<0+1
0 21
P, (A)= 0 if Al >0+1

The probability P1(A) is graphically illustrated at Figure D-B.3.

We can compute the average value of P,(A) as follows, assuming a uniform distribution of the
A values:

:_TfPl(A) da=2 [J’ TdA+ j ( A- e”j]:% D-B/E.5
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Therefore, the average value of P{(A) is identical to the probability of collision for a uniform
distribution of beacon transmission times.

Figure D-B.3: Probability of First Burst Collision P,(A)

Pi(A),

(t/0)

D-B.2.2 Probability of Second Burst Collision: P,(A) @.&6
The following bursts are transmitted at the times: \}Q
- O+ T+a0=t'\ta0;, t'h+2T+a0="t ,0; @.; and similarly
- %+ (MtDT + b0 =t""5+ b,6; tOBté@g’)T @2 = t™25+ b,0; etc.
with ap, dy, bl, b2 € [-1, +1] ®'% AQK

They are separated by:  (t°4+ T +s€&\- (t(;i, +1)T +b;0) = A+ (a; - b;)0; and
(to@ﬂL a;,%\-%lfr (m+2)T + b,0) = A + (a, - by)0; etc.

These bursts will conidéﬁ}PA + %bx)el <1

As a consequenc;e\ gt?e above condition, a collision is possible only if |A] < 20 + 1.

To simplify'tﬁ;(r;tation, we will also replace the expressions t', + a,0 by ty +a0 and t™; + b0
by tg + b, with the understanding that t, is associated with the second burst of A and tg
corresponds to the (m+1) burst of B.

We designate as P>(A) the probability of a collision between the A and B bursts after one
period T, when the periods are synchronised with a separation of A seconds. Because of the
obvious symmetry around A = 0, we will only consider A > 0 in the following discussion.

We then designate fg(x) the density of probability of the transmission times of B and f(y) the
probability of collisions with the second burst of A for tx +a = t, +y.

Ptg thO=x)=1f3(x)=1/20if x € [tg - 0, tg + O] and fz(x) = 0 outside this interval.

With y=a0 fa(y) = P(tgtb0 € [ta +y-1, ty +y+1] )
tA+y+T
A = [fa(x)dx D-BIE.6

tA+y-T
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The probability of collision between the second burst of A and the (m+1) burst of B will then
be:

1 +0
P8) = o j £, (y) *dy D-B/E.7
-0

However, we have a number of conditions that affect the integration limits of f(y).

Figure D-B.4: Second and Subsequent Bursts Collisions

ts
tgt+
Beacon B B Ibe / |
|\ 1 0 J

&
D-B22.1 0<A<t %\Q \(O

Noting that, by definition, t, — tg =\£\ang@+y =t, tab € [ty - 0, t4 +6], under the above
conditions we have: tB—6=tA—® < ,and th-0-1T <t -0-A=t3-6.
o &
Therefore, 3y, ye[-6, +6]@a8§[@9 -t S taty-t < tg-6.
a) Fromtheabovec<6@ion: taty-T < tg-0 =t,-A-0 and y<1-A-0.
In additi%@% assume that Tt <0 :
tAatytT S tAa+T-0-A+T < ta-A+0 = tg+0

tA+y+T tA+y+T
Then £, (y) = jfB (x) xdx =

ta+y-T tg-0

L g Y*rTro+a D-B/E.8
20 20
with the associated conditions: -0 <y < 1-A-0

b) If 'E—A—E)Sy tB—9=tA—A—9 StA+y—’C

Assuming as above that 1 <0 :

tatO+T 2ta+ty+T 2 tAa+T+T-0-A>ta-A+0
Then tat0+7T > 1310

Therefore, 3y, ye[-0, +0], such that : t, +y+1t > tg+ 6, and we will have to address
separately this particular situation.
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We now consider the case where :
taty+tT < tg+0 =ta-A+0 and y < 0-A-71
tA+y+T tA+y+T
Then £, (y) = jfB (x) x dx = j L oax== D-B/E.9
20 0
tA+y-T tA+y-’C

with the associated conditions: 1-A-0 <y <0-A-1

c) fo-A-1 <y <80 taty+tt > tg+0
tA+y+T tg+6
Then £, (y) = jfB(x)*dx= J’ L dx=eA2—+eTy D-B/E.10
tA+y-T tA+y-’C

Finally, we can compute P,(A) for the conditions 0 <A <, u@equations D-B/E.8, D-B/E.9,

and D-B/E.10: K%
Ty 0T+ A Q@A_T i
P(&) = oo ij(y> dy—%{ LR [ Daays [ SRV
-0 @Q {\A—e 0-A—
- e” ¥
P,(A) = %— t4+e ZA @9‘0 A@K D-B/E.11

<
D-B222 t<A<20-1 &\Q\’OQ)

From the above condltlons @ we h% T-A<0 and t-A-0 < ab, Va0 €[-6, +0].
Therefore : A

6OtA+t A-0-1 < tytab-t
\{\\% th-0 < ta+ab-1 = ta+y-1, Vy €[-0, +0]

a) The condition ty+ab+71 <tg+0 = t,-A+06, is equivalent to ab < 0-A-T1.
Therefore, we have:

tA+y+T tA+y+T T
fAly) = jfB(X)*dX: I 2_9*dX=6 D-B/E.12
tAty-T tA+ty-T

with the conditions -0 <y < 6-A-1

b) If y > 6-A-1, thecondition t, +aB-1t < tg+0 = ty - A+ 0, is equivalent to:

ab < 0-A+r.
tA+y+T tg+0
A
Then £, (y) = jfB(x)*dx j l*dx 92% D-B/E.13
tA+y-T tA+y‘|:

with the conditions 6-A-1 <y < 0-A+1
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For the conditions T <A <20 - 1, P,(A) is expressed as follows, using D-B/E.12 and D-B/E.13:

1 1847, P 0-A+1 T TA
PyA) = - [fasdy=—| [ Zadys [ TEAETTY g o Z_TA
20 4 20| 4 R T8 292

D

T A
Po(A) = —|1—— D-B/E.14
L (A) e[ 2ej

D-B.2.23 20-1t < A<20++7

From the above conditions, we have tg+0 = t4-A+0 < t,-20+7+0 = t,-0+7

As ta-0+1 <ty tab+1 wehave, Vy €[-0,+0], tg+0 <ty +y

A collision is possible only if ty +y -t < tg+ 0, which imposes@@following condition on y:

y <0-A+1 @
ta+y+T
Therefore, fAly) = IfB (x) * dx = % -2 A2+OT * nd
tA+y-T tA+YO

D-B/E.15

0-A+1 2 5
= - 0
P2(A)——J-fA(y)*dy_%{ M J 2A20+1)+(20+1)

862
Note: The equations of Pay( ®d th@orresponding definition intervals given above (D-B/E.11,

D-B/E.14, D-B/E.15 al be obtained using a graphical representation of the basic
conditions for a colligi betv?@rA" and “B” bursts:

ta+b0 € [ta +®c, ta +a0+1]
tg+b0. = AADO = th +a0-T = b-a = (A-1)/0

te+ ta-A+b0 < ta +ab+1 = b-a < (A+1)/0

The above conditions can also be written: a +(A-t)/0 < b < a+(A+1)/0, which is represented in the
figure below by the area above the straight line {y = (A-1)/6 + x} and below the straight line
{y = (A+1)/6 + x}. The mathematical expression of the area (x 1/4“‘) is identical to the equations of
P2(A) summarised below.

Y 4 y =X+ (A+1)/0

1 |

|_— y=x+(A-1)/0

v

O e N -
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Equations D-B/E.16 summarise the mathematical expression of the probability of collision
between the second burst of A and another beacon burst, as a function of the period
separation A (see D-B/E.11, D-B/E.14, and D-B/E.15):

D-B/E.16
2 2
py(a) = LT *4 if 0<A<t
0 40>
PZ(A):ELI—A if T<A<20-1
ol 20
(A-(20+71))° :
Py (8) = =L i£20-1 < ANS20+1
80 6@
Py(A) = 0 i 2084 < A
N
%)

As the periods are synchronised with a fixed peri@ sepa@on A, the probability of collision
for subsequent bursts of A will remain eq @ The function P,(A) is illustrated
graphically at Figure D-B.5 below. \(20

%

&

Figure D-B.5: Probability, O‘Qecosli' d Subsequent Bursts Collisions P,(A)
fo.N\

®\"

U0 - (A2 (62\

A
\Q<)‘ /0 w0 (1-1 Al 120)
(a>-2| Al (29+‘c) 2)/ 807 . ——/. /
: : :

-2 9+17)

A

0 (2 6-1) (2 6+1)

The average value of P,(A), assuming a uniform distribution of A over the interval [-T/2,+T/2]
can be computed as follows:

2’T/2
Py= _([Pz(A)*dA

T 2 2 20-1 204t ) 2
T_A T x*dA + j (1— ATJ*dA+ J. —(A (29+T)) xdA
. 0

D-B/E.17

Ie 402
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The result of the computation of D-B/E.17, i.e. P, = 21/T, confirms that “on average” P, remains
equal to the probability of collision computed at Annex D for a uniform distribution of the
beacon bursts’ times of arrival.

D-B.2.3 Probability of Collision for Beacon A Bursts, Assuming At Least One Other
Beacon With a Period Separation | A | <1

The average value of P,(A) is equal to the probability of collisions computed for a uniform
distribution (i.e. 2t/T, see above). However, we need to address the “worst-case” scenario
whereby at least one beacon has a period separation with beacon “A” less than t (|A| <1). To
that effect we have to compute the average probability of collision between two bursts when
|Al <1, as well as the average probability of collision for the other beacons characterised by a

period separation from “A” greater than t (| Al > 7). 6
For the first burst, using the distribution of P(A) computed ifi)D-B.2.1 (see D-B/E.4), the
statistical average of the probability of collision for | Al <, a\ | Al>1, will be:
177t T \}Qg
P (IAI€T) = = | =xdA = — D-B/E.18
(A=) =2 g 0 0 )

S O D-B/E.19

1 e T -A 27 T
P (t<|A<T/2) = —[j—*d é% \—j*m} - —(1——J
(T J 0 T T-2% 0

From the distribution of Py( ro@' as D-B/E.16, we find the following average
probabilities, as a function 0%\ hich@h racterise all bursts except the first:

|A| < r Ege A +\@]*dA = g(l_éj D-B/E.20
/<\' 20—

T 20+1 A2 2
p{rgwglj:; j(E—A—Zj*dM N 2000+ 7)+(20+9
2 (T_Tj ' o 20 86

2

*dA

20-1

2
P, rS|A|£I _ AL D-B/E.21
2 T-21 0 30°

Therefore, if we accept to disregard the second order /0 terms in the expressions of Py(A < 1)
and Py(A>1), we have the same results for P;(A <1) and P;(A>1) and for all subsequent
bursts. While P (A <7) is higher than the mean 2t/T which characterises the uniform
distribution, the probability Py (A > 1) is lower than 21/T.

In future computations we will use the expressions D-B/E.20 and D-B/E.21 provided above for
the second and subsequent bursts, to express the probabilities of collision Pay(A <1) and
PAv(A > T).
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Note: The probability of occurrence of the worst-case scenario (|A| < 1) with two active beacons is:
27 /T. With N active beacons, the probability of having the situation IAl< 1is 1-(1-2r/T)N'1,
i.e. = 0.147 for N=10 (10 active beacons transmitting short messages) and 0.247 if 17 beacons are
active.

The next step is to compute the probability of collision for beacon A bursts when a total of N
beacons are active (i.e. “A” plus N-1 other beacons).

We assume that, statistically, the values of A are uniformly distributed on the time interval
[-T/2, T/2]. Therefore, with p, designating the probability of | Al <t for two beacons A and B:

P(|Al<t)=ps=20UT D-B/E.22

We designate P@i/N) the probability of "i" beacons with the situation |Al< 1 with respect to
beacon A, assuming N beacons are active. These probabilities are: 6

: )
PaON) = 1-(1-pa)™" = 1- pAI/N) - PA@IN) - PAGIN) O D-B/E.23
PaN) = (N-1) ps (1-pa)"? [pa(1/17)= 0@8 for 17 active beacons/long msgs]
pa@N) = [(N-1)(N-2)/ 12] pa” (1-ps)™ \@/17)= 0.0387, same conditions as above]

.................................... %
W% = [(N-DN2). (N 1] po (1pa) B O
p 1)/ 1] p p @6 \O

As pai/17= 0.0038 for long messages an Qctiv@sacons (which corresponds to the capacity
computed for a uniform distribution) Wi{bkly consider these probabilities pa@/N) when
<3 A

QN
If P, designates the proba‘t%i_gglo %t»s from A to collide with bursts from B assuming
|A|St, as determined ab ie. %= PAV(|A|ST) = 1/6(1-t/30), see D-B/E.20), the non-

f
s ot
conditional (average) prababilityforia burst from A to experience at least one collision can be
expressed as follows A\

Pc(A) ,&@{1 - PA(I/N) = PAR/N) - PAG/N)] D-B/E.24

+pa/N)*x[Pa + PcN-1)#(1-P,)]
+pa@N)x[ 2P — Po? + PeN-2)x(1 - 2P4 + PyY)]

+PaGN)#[ 3P — 3Py + P’ + PeNays(1 - 3P4 + 3PA% - PoY)]

Note: The above expression is obtained by considering successively the cases where:
- no beacons have their "period separation” |A| smaller than T;
- only one beacon "B" has a period separation such that |Al< T;
- two beacons "B" and "C" have a period separation such that |Al< T; and
- three beacons "B", "C" and "D" have a period separation from "A" such that |A | <1.

The bursts from any beacon in the situation | Al <t have the same probability Pa to collide with the
bursts from "A". If two beacons are in this situation (with the grobability pA@N)) then the probability
of one of their bursts colliding with an "A" burst is: 2P5 — PA” and we must also take into account
the probability of collisions from the N-3 other beacons with "A", i.e. P¢(N-2). The same reasoning is
applied to the case where three beacons are in the situation |A | <.
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In the above expression D-B/E.24, Pc(N-i) designates the probability of a collision between A
bursts and one or more bursts from the N-i-1 beacons that are characterised by a period
separation from “A” greater than t ( |Al >1). This probability is given by the usual expressions:

PNc(N-i) = (I-PC)N-i-l and Pc(N-i) =1- PNc(N-i) D-B/E.25

where Pc is the probability of collision between a burst from A and a burst from one of these
N-i-1 beacons. Pc is the probability P( |Al >1) calculated above (D-B/E.21), i.e.:

2
Pe=P,, (A21)=—2 {1—1+T—] D-B/E.26

The expression of Pc(A) given as D-B/E.24 provides an "average" probability of collision for
the bursts from A, and the computation confirms that it is identical to the probability of
collision obtained with a uniform distribution of the times of arriyal (see Figure D-B.6).
However, we wish to analyse the particular case where beacons B are in the situation
|Al< T, i.e. at least one beacon has a period separation Al 1e an 1 from beacon A. This
"worst-case" scenario is also illustrated at Figure D-B.6. pression D-B/E.24 for Pc(A)

can be re-written, noting that pA(i/N) expressed in D-B/ must be recomputed for (N-1)
beacons instead of N. \)
Then, we have: Q% Q
s
<& <'o\ D-B/E.27

. A RN
P (A) = [Pa + PeN-1)#(1-PA)]#[ 1 €pa(i/N-1) @pa@N-1)]
> X

+PAIN-Dx[ 2P5 — PA%\\QC(N@ 2P, +PAY)]

+pa@/N-D%[ 3P®%{’ 2 4(8 + PcN-3)%(1 - 3P, + 3P, - P, )]

V ‘AA’

Q) N

In the above expre%lon the probablhty of a second beacon such that |A|<tis computed as
follows: ,{S@N 1) = (N=2) pa (1-pa)? D-B/E.28

The probability of a third beacon in the same situation is:
pa@N-1) = (N-2)(N-3)/ 12] pa> (1-p)™™. D-B/E.29

D-B.2.4: Comparison of the Probabilities of Collision Pc(A), P*C(A) and the Probability of
Collision Assuming a Uniform Distribution

Figure D-B.6 below illustrates the results of the computation of the probability of collision for
valid long messages and complete long messages, under three hypotheses:

a) a uniform distribution of the times of arrival of the bursts for all repetition periods (see
Annex D);

b) when the fixed repetition period with randomised spreading of the bursts' transmission
time is implemented as described in this appendix (D-B/E.24); and



D-B-12 C/ST.012 -Issue 1 -Rev.9
October 2013

c¢) as per (b) above, but with the added constraint that the "period separation” |A| between
a particular beacon "A" and at least one other beacon is smaller than or equal to t
( A< ) as in D-B/E.27.

Figure D-B.6: Comparison of the Probability of Collisions Under the Hypothesis of Uniform
Distribution and for Fixed Periods with Randomised Transmission Times,
- Conditional (A < 1) and Non-Conditional Probabilities -
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As expected, the pI@%ihty of collision computed "on average" when all beacons in the
population are t 1tting in accordance with the hypothesis of "fixed periods and randomised
transmission ﬁ@s" (D-B/E.24), is equal to the probability of collision computed with the
assumption of ‘a uniform distribution of the bursts' times of arrival. Data points have been
removed on the curves obtained for a uniform distribution to show the perfect overlap with the
curves obtained for the “average” probabilities of collision, both for complete long messages
and for valid long messages.

It is clear from the above Figure D-B.6 that when two beacons have a period separation A equal
or less than t, the probability of collision is significantly increased. This is particularly
significant for small numbers of active beacons.

From the above results, we might conclude that the required probability of success under the
hypothesis of Appendix B (fixed repetition periods and randomised transmission times) will be
achieved, on average, with the same number of active beacons as was determined at Annex D
under the hypothesis of a uniform distribution, despite the fact that the messages from some
beacons may be severely impacted by repetitive collisions, since the “average” probability of
collision remains the same. However, this conclusion is NOT supported by the computer
simulations reported and discussed at Appendix D to Annex D. This is due to the fact that the
binomial formula used to compute the probability of success (see D/E.8) is not applicable when
some beacons experience higher probabilities of collision (non-homogeneous population).
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The “average” probability of processing success is further analysed in section D-B.4. In
sections D-B.3 below, we analyse in more detail the worst-case scenario, particularly in respect
of the time required for obtaining valid or complete long messages, and confirmed valid or
complete long messages.

D-B.3 Probability of Successful GEOSAR Processing for Beacon "A" Messages with a
Period Separation |Al<7

The computations detailed in section D.3 of Annex D (equation D/E.8) are repeated with the
probability of collision P*C(A) computed with the equation D-B/E.27 provided in section D-B.2.3
above, instead of the probability of collision P, that characterised the uniform distribution over the
period T of the times of arrival of the beacon bursts.

Note: The binomial formula remains applicable in this “worst-case” scenario @shown at Appendix D to
Annex D, because it characterises a specific situation with a stabl&bability of collision. All
bursts from all beacons “A” (A < t) have the probability of coIIisic@ (A).

The results assuming K = 3 (i.e. three non-interfering messag gre required to obtain a valid or

complete message) are provided at Table D-B.1 and illustrat Figure D-B.7 below, which shows
the probability P(A) of successfully processing a message eacon "A" with a period separation
| A<t from at least one other beacon, for short mes s, vahid long messages or complete long
messages, and for various processing times (5 or 10 utes a function of the number of active

beacons. (O
(,O‘Q >

Figure D-B.7: Evolution of the Prob@%ty uccessful Processing (Assuming K = 3)
Under the Condition |@61:, fi a

&

nd 10 Minute Processing Time
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Table D-B.1: Conditional Probability of Successful Processing for N Active Beacons,
Assuming K =3 and At Least One Period Separation | A | <t

N 5 6 7 8 9 10 11 12 13 14
P(A) Short, 5' 09801 09750 09691 09625 0.9552] 09471 09384 09291 09191 0.9085]
P(A) Valid Long, 5' 09750 09686  0.9614] _ 0.9534] 09445 09349 09245  09134[ _ 0.9016]  0.8892
P(A) Complete Long, 5' 0.9660 0.9483 0.9380 0.9267 0.9145 0.9015 0.8877 0.8732 0.8581
P(A) Short, 10 1.0000  1.0000  1.0000 ~ 1.0000 09999  0.9999 09999  0.9998 09997  0.9996
P(A) Valid Long, 10" 1.0000  1.0000  1.0000 ~ 0.9999  0.9999  0.9998  0.9998  0.9996  0.9995  0.9993
P(A) Complete Long, 10' 1.0000 09999 09999 09999 09998  0.9996  0.9995  0.9993 09989  0.9986
N 15 16 17 18 19 20 21 22 23 24
P(A) Short, 5' 0.8974  0.8858  0.8737 08612  0.8484 08353  0.8219 08082 07944  0.7805
P(A) Valid Long, 5' 08763  0.8628 08489  0.8347 08201 08053 07903 07751 07598  0.7445
P(A) Complete Long, 5' 0.8424 08264 08099 07932 07762 07591 07419 07247 07075  0.6904
P(A) Short, 10 09994 09992 09990 09986 09983 09978 09972 09966  0.9958  0.9949
P(A) Valid Long, 10' 09990 09987 09983 09978 09972 09964 09956 0.9946  0.9934  0.9921
P(A) Complete Long, 10" 09981 09974 09967 09957  0.9946  0.9934 0.%9 0.9901] 09882  0.9860
Under the worst case scenario of beacon "A" with at least one period ration |A|< T, the capacity
requirement (95% of valid long messages retrieved within 5 mi s) would be achieved with a
maximum of 8 active beacons. With 13 active beacons, valid | essages from beacon "A" would
be retrieved within 5 minutes with a 90% probability, and with {7 active beacons (i.e. the GEOSAR
channel capacity under the hypothesis of uniform distrfsation of the bursts' arrival times) the
messages from "A" would be retrieved with a probabilify, of a ximately 84.9% within 5 minutes.

However, within 10 minutes, the probability 99% ¥, hiey ith 24 active beacons transmitting
long messages (probability of recovering a Valid}@s g@'ﬁ} ). Complete long messages would be
retrieved with the probability 99% within 10 mittites p to 22 active beacons.

sa
The computer simulations described at ndi ’@ovide results that are consistent with the above
analysis. Although the performance ire is not achieved for beacon “A” if 17 beacons are
active (capacity computed for a yniform (@ribution of the burst arrival times), the performance
remains acceptable as the probability o\t@cess is well above 99% over 10 minutes. The analysis for
confirmed messages preseng sectionsD.4 of Annex D also supports this conclusion.

However, we have ye\% determine the population N for which the probability of success “on
average” will be 95%:

D-B.4 Non-Conditional (Average) Probability of Successful GEOSAR Processing with Fixed
Periods and Randomised Transmission Times

Appendix D to Annex D shows that, in the context of repetitive transmissions, the probability of
success computed on the basis of an “average” probability of collision (D-B/E.24) using the binomial
formula (equation D/E.8) is not consistent with statistics derived from computer simulations.
However, Appendix D to Annex D also shows that the results of the computer simulations for the
worst-case scenario of Appendix C (i.e. the C/S T.001 specification) match the probability of success
determined by the analysis provided in sections D-B.3 above. Therefore, we will make the
assumption that:

a) ifabeacon “A” is in the situation where at least one other beacon is synchronised with a period
separation A < 1, it has a probability of success Px(1) as determined in section D-B.3, using the
binomial formula (D/E.8) and the probability of collision P*¢(A) provided by D-B/E.27;
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b) if a beacon “A” is in the situation where all other beacons have a period separation with “A”
such that A > 1, then it has a probability of success Px(2) as determined in section D.3.3 using
the binomial formula (D/E.8) and the non-conditional probability of burst collision Pc(A)
determined by D-B/E.24, which is also the probability of collision for a uniform distribution;

c) the probability of experiencing the first situation is pa(1) = 1-pa(0/N) = pa(I/N) + pa@/N) +
paG/N) as defined in (D-B/E.23);

d) the probability of experiencing the second situation is:
Pa2) = paON) = 1-(1-p)™" = 1- poA/N) - pa@N) - pa3/N)  as defined in (D-B/E.23); and

e) the “average” probability of success for beacon “A” is computed as the weighted average of the
probabilities of success in each situation:

v
@
%

(4

P )(N,M) = Pi(1)#pa(1) + Pe(2)% pa(2) 6 D-B/E.30

S
Table D-B.2: Non-Conditional Probability of Success%?gocessing for N Active Beacons -
Weighted Average for Valid and Com% EMessages, Assuming K =3

N 5 6 7 10 11 12 13 14
Valid Long, 5' 0.9978 0.9963 0.9943 ? 0.9837 0.9785 0.9723 0.9652 0.9571
Complete Long, 5' 0.9968 0.9946 0.9917 879 831 0.9771 0.9700 0.9617 0.9523 0.9416
Valid Long, 10 1.0000 1.0000 1.000 1. 000 1.0000 1.0000 1.0000 0.9999 0.9999 0.9998
Complete Long, 10 1.0000 1.0000 1. 1 OQO 1.0000 0.9999 0.9999 0.9998 0.9998 0.9996

N 15 16 Q \6,\' 18 19 20 21 22 23 24
Valid Long, 5' 0.9481 0 93 @ 0.9154 0.9028 0.8895 0.8755 0.8608 0.8456 0.8299
Complete Long, 5' 0.9299 0.8884 0.8727 0.8563 0.8391 0.8215 0.8033 0.7847
Valid Long, 10’ 0.9997 6 §§395 0.9993 0.9990 0.9987 0.9983 0.9977 0.9971 0.9964
Complete Long, 10’ 0.9995 9992 \Q 0.9986 0.9981 0.9975 0.9967 0.9958 0.9947 0.9934

-

Equation D-B/E.30 @?s results that adequately match the computer simulation results provided at
Appendix D to Ann for the transmission time distributions of Appendix B and of Appendix C.
Therefore, it provides an acceptable analytical model that can be used to determine the nominal
capacity of the GEOSAR system, i.e. the maximum number of active beacons for which the
performance criteria of 95% success within 5 minutes is met.

According to the above computation of the “weighted average” for the non-conditional probability of
processing success of valid long messages over 5 minutes and assuming a nominal link (K = 3), the
95 % probability would be achieved with a maximum of 14 active beacons. This result is further
discussed at section D.4 of Annex D

Figure D-B.8 illustrates the comparison of the probability of successful processing for (a) a uniform
distribution of beacon bursts arrival times, (b) the “weighted average” probability computed with the
distribution of Appendix B (D-B/E.30), and (c) the conditional (A < 1) “worst-case” of the Appendix B
distribution as computed in section D-B.3. The results of the corresponding computer simulations are
also shown for reference in Figure D-B.8. Although the analytical results for the worst-case of
Appendix B seem rather optimistic when compared to the simulation results, the discussion in
Appendix D to Annex D show that Appendix B provides a useful model of the performance under the
worst-case scenario of the C/S T.001 specification (Appendix C, after 1* burst collision).
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Figure D-B.8: Comparison of Probabilities of Successful Processing
(Valid Long Messages, 5 Minutes)
(a) Uniform Distribution of Bursts Arrival Times,
(b) Non-Conditional - App.B Weighted Average, and
(¢) Conditional - App.B Worst-Case
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D-B.5 Summary of Conclusio llalySlS of Collisions Over "M" Successive Bursts
from Beacons with Fl tl Periods and Randomised Transmission Times

The results of the analysi@wded in thls appendix clearly show that the hypothesis of uniform
distribution of the beag urst transmission times is not applicable, and the required performance
(95 % success ove Smtinutes for valid long messages) cannot be achieved with the capacity
previously determi (i.e. 17 active beacons). The Appendix B analytical model indicates a
maximum GEOSAR channel capacity of 14 active beacons (see Table D-B.2).

The most significant impact of the "worst-case scenario” on the GEOSAR performance is an
increased delay for obtaining a valid or a complete long message. However, over 10 minutes, with a
maximum load of 14 active beacons, a probability of processing success over 99.9 % would be
achieved for single complete long messages.

Although the hypothesis made in respect of the spreading of transmission times is not in accordance
with the C/S T.001 requirements, Appendix D to Annex D confirms that:

- the GEOSAR system performance is adequately represented by the mathematical model
developed at Appendix B, with a non-conditional probability of success as defined above in
section D-B.4 (with equation D-B/E.30 providing the “weighted average” probability of
success); and

- the conditional probabilities computed as per the analysis of Appendix B indicate that the
system should retain acceptable performance in the worst-case scenario.
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APPENDIX C to ANNEX D

ANALYSIS OF COLLISIONS IN TIME WITH RANDOMISED REPETITION PERIODS

D-C.1 Transmission Times with Random Period Spreading

The Cospas-Sarsat System document C/S T.001 “Specification for Cospas-Sarsat 406 MHz Distress
Beacons” specifies as follows the repetition period of successive beacon transmissions (section 2.2.1
of C/S T.001):

“The repetition period shall not be so stable that any two transmitters appear to be
synchronised closer than a few seconds over a 5-minute period. intent is that no two
beacons will have all their bursts coincident. The period shall be @ndomised around a mean
value of 50 seconds, so that time intervals between transmissic@ére randomly distributed on
the interval 47.5 to 52.5 seconds.” @\

Appendix B to Annex D analyses a possible implementation xed repetition periods with random
transmission times. This appendix addresses the implemenation of “randomised repetition periods”
as specified in C/S T.001, where the time intervals be \@en tw@successive bursts are set randomly
between 47.5 seconds and 52.5 seconds, with a unifcqéﬂlstrib\(aon of these time intervals centred on
50 seconds, as illustrated in Figure D-C.1 below fb@ eacd\ﬁbA"

©

Figure D-C.1: Transmlsswr\E@%s w(h andomised Repetition Period
\.

t'A+ 2T + (a,)0

A
/=w AEI

: o;
First burst at t' / & tha+T-0 't T+0

Second burst at:
th+T+a, 0

T=50s —

1
t]A+ 2T+(az-1)e tA+2T+(32+1)6

Third burst at:
t1A+ 2T+ (az+a3) 0

The analysis provided in this appendix assesses the impact of the repetition period specification on
the probability of repeated collisions for successive bursts from the same beacon, with the objective
of verifying whether the hypothesis of a random distribution of arrival times over the period T is still
applicable after the bursts from two beacons have collided, and determining the impact of such
collisions on the GEOSAR performance.

Unfortunately, the complexity of the analysis will not allow direct conclusions in respect of the
probability of successful processing. We will instead verify that, in terms of probability of burst
collisions, the distribution of burst transmission times in Appendix C provides results similar to those
of Appendix B.
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D-C.2 Transmission Times Spreading over "n" Successive Bursts from Beacon "A"

The transmission time of n" burst is noted: ", =t"', + T + a,0, where T is the 50 second period, 0 is
the maximum spreading allowed by the specification (e.g. 2.5 seconds = 5% of T) and a, is a random
number belonging to the interval [-1, +1].

The first burst of beacon A is emitted at the time T, =t', (a; =0).

The second burst is emitted at the time t°, = t's+ T + a,0, which belongs to the time interval
[T,-6, T,+0] centred on T, =T+ T.

Similarly, we have:

4 =4+ T + a;0 =t's+ 2T + (ay+a3) 0, and 666

"y =t's+ (n-1)T + (atas+ ... +a,) 6. \@Q
The time t°, belongs to the time interval [T5-20, T5+20] centri@) s =T,+2T.

The time t", belongs to the time interval [T,-(n-1)6, Tﬁ(,cl)?] c@red onT,=T+ (n-1)T.
0\0
Figure D-C.2: Transtﬁ@loné@s Spreading
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D-C.2.1 Density of Probability of the Second Burst Transmission Time

The probability density of the second burst transmission time, t*4, illustrated in Figure D-C.3,
is:

PtA=t)=f(t)=0 Vt ¢ [T,-0, T,+6], and D-C/E.1

P(a=t)=fy(t)=1/20 V't e [T,-0, T,+0].




D-C-3 C/ST.012 -Issue 1 -Rev.9

October 2013
D-C.2.2 Density of Probability of the Third Burst Transmission Time
Similarly, we have (see Figure D-C.3):
P(£s= t) = f3(t) = 0 outside the time interval [T;-20, T5+20], and
T, 46 D-C/E.2
P(t, =t) = fy(t) = jfz (x) *fy (t) dx if "t" is inside the time interval [T5-26, T;+26],
T,-0

n H

where fx(t) is the density function of t*, knowing the transmission time of the second

burst.
We have f,(x) =1/ 20, Vx € [T,-0, T,+0] centred on the time T, = t'\+T.
We also have fx(t) = 1/26, V t € [x+T-0, x+T+0] and fx(t) =0,V t ¢ @T-G, x+T+0].
However, the above condition on "t" can also be written as follo@
x+T-0 <t < x+T+6; m@K

mﬁQ
t-T-0 <x<t-

The condition t-T-0 < x < t-T+0 must be sa 2}@ to’ ¢ fx(t) # 0 and fx(t) = 1/ 20, and the
condition T»-0 < x < T,+0) must be satlsﬁe&@ ave ) # 0 and f(x) = 1/ 26.

If T3 <t< T3+29 then: Tz-e < t-Té@‘Tﬁ(ﬁ T+6 (as T2-9 T3-T 0 and T2+9 T3-T+9)

40*

Therefore: fi(t) = 6&?6 \(bl * [T2 +0—t+T+ 9] _20-0-T) D-C/E.3

If T5-20 <t < T;, the O \th 0 < T,-0 < t-T+0 < T,+0.
b

Therefore: ‘(\ £,(t) = t?e _ ! #[t—T+06-T +e]—M D-C/E.4
‘ & 0 40 ? 40° '
We designate 8 =1t—Ts. The general form of the equation of the density function of t’,,
illustrated graphically in Figure D-C.3, is then:
£;(8) = 0, V 6 ¢ [-26, +20] D-C/E.5
d
£,(0) = L l V 8 € [-260, +260]

20 40*°
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D-C.2.3 Density of Probability of the Fourth Burst Transmission Time
We can now compute the probability density of the fourth burst, P(t*,= t) = fy(t), as follows:

P(t's=1t) = f3(t) = 0 outside the time interval [T4-30, T4+30], and

D-C/E.6
T3 +26

P(t) =t) = f,(t) = J'f3 (x)*fy (t) dx if "t" is inside the time interval [T4-360, T4+30],
Ty-20

where fx(t) is the density function of t*, knowing the transmission time "x" of the third

burst.

-T
We have fy(x) = % _| 2623| , V x € [T5-20, T;+20] and fy(x) = OV x ¢ [Ts-20, T5+26].
<
We also have fx(t) = 1/ 20, V t € [x+T-0, x+T+0], and fx(t) =6V t ¢ [x+T-0, x+T+0]. This
last condition can be expressed as: 9

A
x+T-0 <t < x+T+ %@@

t-T-GSxS@@OQ

Noting that T, = T;+ T, the above conditiogso @a%toK f%o@;llowing relations:

a) If T,-30<t<T,-0,then t- < T, < Ts, and
t-T\G'\QR &Q}Jr 20; therefore:
S\
X

t—=T+6 _
- )
\Q T3-26

? | v (T4+20-T X
& 5 L e

,QQ 20 110l 407 467

f4 (t) = g‘?&
O@

2
f,(t) = B P D-C/E.7
166 30

b) If T4+ 0 <t<T,+ 30, then for reason of symetry around T4, we will have:

2

f,(t) = AN P D-C/E.8
160 30
C) If T4 -0<t< T4 + 9, then T3 -20<t-T-0 < T3, and

T; <t-T+0 < T; + 20; therefore:

T3+26 T3 _ t—T+6 _
£(0) = [£00*B() dx = —— (L _ 5 ;‘j dx + = | (L _X }j dx
i 20,1.,20 40 20 ¢ 20 40
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« T (20-T,+T CTHO(20+ T, T
£,(t) = 1][ IO X dx+1j i | &
20, 15\ 46 40 20 ;. 40 40

(t-T,)
() = — -~/
4 (1) 20 20’

D-C/E.9

With & =t — Ty, the general expression of f,(t) given by D-C/E.7, D-C/E.8 and D-C/E.9 is
summarised below and illustrated at figure D-C.3.

V3§ ¢ [-30,+30] f4(8) =0 D-C/E.10
2
o, |9
If -30<8<-0,or+0<8<+30 then  f,(3) 26@ =Sy
%)
3 0r
If -0<6<+0,then == _ X
Q@(? 80 86°
\'
[%5)

D-C.2.4 Density of Probability of the Fifth &@S Trz@%nssmn Time

The same computation can be repeate%f T K@énsﬂy of probability of the fifth burst
transmission time, as follows: (b'

*Q ’\
4+6 T4+30
f(t) = jf (x)*f (t @+ {é )*f (O dx + [f,(x)*f, (1) dx D-C/E.11
T4—360 Ty+0

However, to 51mpllf‘6@e comQatlon we will rewrite the equation using d=Ts—t and
X=x- T4

f (5)&\?} (X)*fy (8)dX + j £,(X)*fy (8) dX + T)f (X)*fy (8) dX D-C/E.12
-0

+0

The usual conditions on "t" can be re-written as follows:
(i) te][Ts-406,Ts+40] = -40<56<+40

(i) fi(t)=0onlyif t € [ x+T-6,x+T+0] = x € [t-T- 0, t—T+ 0], then
t7T5+T4-6£xSt7T5+T4+9
t*Ts-eSX-T4St*T5+6 = 0-06<X<d6+6

where x - T, = X.
(iii) fyx)#0onlyifx e [ T4-30, T4+ 36] = -30<X<+30

We will use the symetry of the density function around Ts to simplify the computation further,
i.e. considering only the interval 0 <0 <46.
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The above conditions lead to the following relations:
a) If 0<8<20 = 0-0<0<6+0 <30, therefore, f5(8) becomes:
5+6
£,(8) = jf (X)*fy (8)dX + [f,(X)*fy(5)dX
5-0 +0
0 2 540 2
f,(8) = L [ SR S A [ PR S, Sl D-C/E.13
20 5o 80 30 166 4 30 992
1 8’ &
fs(0) = — - +
=35 500 " 3200
b) If 260<6<406 = 0<06-0<30<56+0, therefore, fs(&:comes
+360 1 30
5@ = JLOOr®) 2689169 %‘gy
D-C/E.14

e Lo ¥ %\)
36 20 86 966°
.

.

Using the symetry around Ts, we ﬁné@%’ g@ expression of f5(5) illustrated in

Figure D-C.3: (%)
‘f\% £ A
N\ A
Ve [-40,+40] x99 g6 -0 D-C/E.15
SN
%, > 3
If -40 <5 <-20 0 then  £.(8) = = — o, 3 8
T C & 7730 20° 800 960°

60

. % 1 82 |8|3
If-29€6§ 20, f5(8) = — — —— +
306 80° 320°

D-C.2.5 Density of Probability of the n" Burst Transmission Time

We could proceed as above and continue the computations for subsequent bursts of the beacon
"A". The transmissions would continue to spread on a time interval of increasing length,
centred on the period (T, = T; + (n-1)T), but with decreasing probability densities, particularly
for large values of 8.

However, the computations would become extremely cumbersome, particularly when the
corresponding equations are used to assess the probability of repeated collision between the
bursts from beacon "A" and the bursts of beacon "B" over successive transmissions, as
presented in the following section D-C.3. Therefore, we will simply note that, as the
probability density decreases, the probability of repeated collisions between "A" and "B" bursts
also decreases (see section D-C.3).
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Figure D-C.3: Density of Probability of Transmission Times of "A"

A P(tA = t)
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D-C.3 Evolution of the Probability of Collision in Time Between Bursts from Beacons "A"
and "B", Assuming an Initial Collision or No Collision at T,

In sections D-C.3.1 to D-C.3.3 we assume that beacons "A" and "B" collide at the time T,=t'4 , i.e.
t'y € [t's-t, t'a+7], where T is the burst duration, and we compute the conditional probability of
collision for the second, third and fourth bursts. In section D-C.3.4 we consider the case when A and
B did not collide at T, and analyse the probability of collision of the following burst. These
conditional probabilities will be used in section D-C.4 to verify that the “average” probability of
collision remains close to the values determined for the uniform distribution of the bursts
transmission times, and to compute the probability of collision in the “worst case” scenario of a first
burst collision.

D-C.3.1 Second Burst Collision After a Collision at T,

The following bursts (the second bursts after the initial collision) A and B will be spread
with a uniform distribution on the time interval [T, - 0, T, + 61%@ a probability density 1/26.

Since “A” and “B” messages collided at T;, we are, fo second burst, in a configuration
illustrated in the figure below, which is identical tq)t repetitive collisions described at
Appendix B under the condition A < 7 (see section D-B’2.2 and Figure D-B.4).

Figure D-C.4: Transmission \S&&in ’P@er First Burst Collision
AN

\J
tly L Beacon B - ®% A t'5+b20 : /tZB =t'5+T
e sec '
:—:- fl‘\' A\' : >
Do Q\ \'0 I 1o :
L <Frgn ST
' 3 Coas 0
— 0" 0 ' —>
1 1
A _ 1 /
T, =t's /':\ GQacon T =50 sec To=tT /E \t1A+T+a26
‘f\\%

The probability of collision P,(A/B) is then as given at Appendix B (equation D-B/E.20):

T T
P,(A/B) = A< = —%|]—— D-C/E.16
J(A/B) = p(A<1) 9[ 39J

D-C.3.2 Third Burst Collision Assuming a First Burst Collision

The next bursts (third bursts after the initial collision) from A and B will be spread over the
time interval [Ts - 20, T+ 20] with the probability densities f3(t) calculated above in D-C.2.2.
We designate o the distance between t*sand Ts, ie. t'h=T;+8.

For a given value of & € [0, +20], the probability of collision with the third burst from B is:
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S+t S+t
[fa(x) dx = j(i—ijdx _ T8 3(1—ij D-C/E.17
5t 5020 407 0 20> 06 26

The probability of collision for all posible values of & = t*4 — T3, noting the symetry around

20 _
Py(A/B) = 2| 1(1 —EJ(MJ dé
00U 20\ 402

0=0,is:

Py(A/B) = o

2
T D-C/E.18

Notes:The above computation is an approximation.

The complete anal
collision described in section D-B.2.2 of Appendix B, should
boundary conditions which introduce higher order terms in th
limited purpose of this analysis, and noting that we will not
probability of processing success, the higher terms can be

as for the second burst
into account a number of
ve formula. However, for the
e to use this result to compute a
egarded.

The probability P3(A/B) does not depend on w a collision occured on the second
transmission. Under this analysis, a second burst c%lon may, or may not, have occurred at T».

The above remarks are also valid for the fourtl'@)?t CO@%I analysed below.

D-C.3.3 Fourth Burst Collision Assugw a l@%urst Collision

The following bursts (fourth bursq'\%er @mltlal collision) will be spread over the time
interval [T, - 30, T4+ 30] W1th ity densities fy(t) calculated above in D-C.2.3. We
accept the same approximati abo or the third burst collision and disregard the boundary
conditions at the edge of t anst.%Slon time intervals.

As above, we demgnz@% the dlstance between t*, and Ty, i.e. t =T, +8.

We have to 9(1@& two cases, using the symetry around T4, where:

a) 0<t'\ <T,+0, ie. 0<8<0

For a given value of § € [0, 0], the probability of collision with the fourth burst from B is:

5.\ 80 80’ 40

T o = oo - 35

(1 +38%)

> D-C/E.19
12 0

The probability of a collision for & € [-0, 0] noting the symetry around T,, is then:

80

PX(A/B) = 2j(3” T(TI;)“:’S )J[

2 3
O  lgg=2*_ 87 D-C/E.20
80°
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b) T, +0<ty,<T,+30, iec. 0<5<30
3+t 3+t 2 2
[fa(x) dx = i[l—i) &= “[gy T 68,8 D-C/E21
S 5. 160 80 80 302 0 0?
The probability of a collision for & € [0, 30] is then: D-C/E.22

30 2 2 3
PP(A/B) = s s |9+— 68,8 (1—ij -t LT
80 160 3 302 6 9? 30 200 14493
¢) T4-30<t'y<Ty-0, ie -30<5<-0

3
This situation is symmetrical to (b) above and we will have P, é@% = 1z + 1=
o 200 144 ¢°

The probability of collision on the interval [T, - 360, T, + 3%&5 then:

200 144¢°

a 3
11( =
— — = — D-C/E.23
;gEj 20(9j

The probability of collision ¢ d f&ses as a result of the spreading of the possible
transmission times. Because e cofyplexity of the calculations (see also sections D-C.4 and
D-C.5) we will not attempc)@u \S%e the probability of collisions for subsequent bursts.

P,(A/B)=P!(A/B)+P>(A/B)+P{(A/B) égb_dj%‘;_} 2(i3 + Lij

D-C.3.4 Second %Qs Collision Assuming No-Collision at T,
\

If Aand B b’ugsts did not collide at T,, then their transmission times t! A and tlB were separated

by more than 7, i.e. |t1A - t13| > 1. This is the situation described at Appendix B under the

condition A > 1 (see equation D-B/E.21) and the probability of collision, on average, is:

* 27T T T2
P,(A/B) = A>1) = l——+— D-C/E.24
2(A/B) = p(A21) T_ZT[ . 392J

If N beacons are active and no other beacon transmissions collided with the transmission of A
at T;, then the probability of a collision between the second burst of A and at least one of the
following bursts of the N-1 other beacons is:

P.(N)=1-(1-P,)"! D-C/E.25

where Pz* as given above (D-C/E.24) replaces the probability of burst collision of the uniform
distribution: p =21/T.
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D-C.4 Probability of Collision in Time, Assuming N Active Beacons

In D-C.3 we have assessed the probability of collision between bursts from two beacons, "A" and
"B", assuming an initial collision at the time T;. To compute an “average” probability of collision for
the bursts of beacon “A”, we must also take into account possible multiple collisions at T;, and
possible collisions at t%4, t'4, etc., between bursts from "A" and from the N-1 other beacons already
active in the satellite visibility area, which did not collide at T with the burst from "A".

The results of the computation are summarised in Figure D-C.5 and discussed in section D-C.6.

D-C4.1 Probability of Collision at T; (First Burst)

At time T, = t'4, there is no "history" for the first burst transmitted by "A" and we can only
assume a uniform distribution of the times of arrival of the bursts from the N-1 beacons other
than A, already active in the satellite visibility area. Because (ﬁe uniform distribution
hypothesis, the probability of collision between bursts from Aﬁrom any other beacon is

p=2t/T. \%
We will designate P'(0/N) the probability of no collisio &% , and similarly P'(1/N), P'(2/N)...
P'(i/N) the probabilities of one, two or "i" s1rnultaneo% isions with the burst from A.
P'(o/N) = (1-p)™" @Q \OQ D-C/E.26
N-2 \Q \(0
P'(1/N) = (N-1) p (1-p) ©
P'2/N) = [(N-1)(N-2)/ 12] p ,Q@Q)
.............................. \fb

PN = [(N-1) . é@s\'ﬂ q%“‘

The probabilities % ) Verlfy the following relation: ZP (i/N) = 1, and the probability of
i=0
at least one \g\on with the first "A" burst is:

N
PL(N) = D PYi/N) =1-P'(0/N) = 1-(1-p)"" D-C/E.27
i=l

The probability of bursts from three beacons A, B and C colliding at T;, for N=17 beacons,
would be: P(2/17) = (N-1)(N-2)/2#(2t/T)*x(1- 2’C/T)N 2 =0.0387 in the case of long messages.
For A, B, C and D bursts to collide simultaneously, with N = 17 beacons transmitting long
messages, we would have the probability P(3/17) = 0.0038.

Therefore, in the following computations we will only consider the cases where i < 3.

P.(N) = 1-P'(0/N) =1-(1- ZP (i/N) D-C/E.28
i=1
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D-C4.2 Probability of Collisions at t*s (Second Burst)

At the time t’y we have to consider several cases, depending on the number of collisions
experienced by the first burst from A.

D-C.4.2.1 No Collision at T, =t',

As there is no "history" of collision at t',, we must assume that the bursts from the N-1 beacons
other than A, already active in the satellite visibility area, satisfied the condition ! A - tlB| > 1.
The conditional probability of collision for the second burst of A is as described in section
D-C.3.4, with equation D-C/E.24:

2
pro= 2T L _EL
T-271 0 302
Therefore, with P°¢(N,0) designating the probability of no colli i@ T, AND at least one
collision between the second burst of “A” and bursts from the N- % er beacons, we have:

PZ(N,0) =P (0/N)[1-(1-P{F] D-C/E.29
D-C.4.2.2 One Collision at T, =t', %\}Q

The probability of a collision at t*, between the @[s’f@ and B that already collided at t',

is as determined in section D-C.3.1 with eq@ D-C@ :
o
P, (A /B;((Q%(A§§ -t *[1 i J
2 c = S ' 34l
For simplicity, we will abbre&g’the @bg\@nation as P,.

In addition, we may ha lisi A\i'ith bursts from the N-2 beacons other than A and B, with
the probability: Pc ( £ 1-(1-P, )™ (see D-C/E.25).

Therefore th p(%?bility of at least one collision at t*, assuming one (and only one) collision
att', is: K

PE(N,1)=P'(1/N) « [P2 +(1-P,)x (1 —(1-p;)N? )] D-C/E.30

D-C.4.2.3 Two Collisions at T, = t' A

The same reasoning as above is applied. However, with two collisions at t' the probability of
at least one collision between the second burst from A and the second bursts from B or C at t*,
becomes:

P,(A/B+C) =2 P, — (P,)’ D-C/E.31

Therefore, taking into account the N-3 other beacons, the probability of at least one collision at
t*4 for the second "A" burst, assuming two (and only two) collisions at t', is:

PE(N,2)=P'(2/N)« [21>2 P} + (1 —2P, + P} X1 ~(1-P, )N‘3)] D-C/E.32
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D-C.4.2.4 Three Collisions at T, =t',

With three collisions at t', the probability of at least one collision between the second burst
from "A" and the second bursts from beacons B, C or D at t*, becomes:

P,(A/B+C+D) =3 P, — 3(P,)* + (P,)* = P»(3 — 3 P,+P,?) D-C/E.33

Taking into account the N-4 other beacons, the probability of at least one collision at t,
assuming three (and only three) collisions at t', is:

Pg (N,3)=P1(3/N)*[P2 (-3p, +P22)+(1—P2 (3—31)2 +P; )Xl—a—P;‘ )N*“)] D-C/E.34

D-C.4.2.5 Probability of Collisions for '""A" Bursts at t2s 6

We now have to sum up the probabilities determined abo otmg that we consider a
maximum of three possible simultaneous collisions (see D-C @and that:

P(0/N)+P(1 /N)+P(2fN)+P(3®} 1.

N o\\
PR(N) = PZ(N.0) + P2(N.I) + PR (NP (N@\ D-C/E35

N
PZ(N) = P'(0/N)= [1—1 leo

+ P /N [Pz L G5p, é@ p; )" ‘2”

+P(2/Nb(@ @1 2P, + PKI - Pz ”
K%@N) {P2(3 3, + P} )+ (1- P, (3 - 3P, + P} )Xl (1_P;)N_4”

D-C.4.3 Probability of Collisions at t’, (Third Burst)

The same computations have to be carried out, however, with the added complication of new
collisions at t*4 (i.e. beacons bursts that did not collide with "A" bursts at t',).

We will proceed as in section D-C.4.2, addressing successively the possible occurrences at t' 4.

D-C.4.3.1 No Collision at T, =t",

- If no collision occurred at t'y, AND t%4, there is no history of previous collisions and the
probability of a collision between the third burst from beacon A and a bursts from any of the
N-1 other beacons is as described in section D-C.4.2.1 (equation D-C/E.29), with the
probability [1 - (1-P, )¥'].
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Under these conditions, the probability for a burst from “A” to experience a collision at t’5
is then:

P2 (N,0,0)= Prob.nocoll.at ty, = Prob.nocoll.at t3 = Prob.atleast onecoll.at t)

= PYO/N)«P2(0/N)«[1-(1-P;)NT] D-C/E.36

where: P'(0/N) is the probability (1-p)™" used in section D-C.4.2, where “p” is the
probability of collision between two bursts (see D-C/E.26).

P*(0/N) is the also a probability of no collisions, but assuming no collisions
occurred at t',, which imposes that all previous bursts were separated from
“A” bursts by a time greater than 1. This probability is ( 1—P2*)N'1, where Pz*
is computed as per equation D-C/E.24.

- If no collision occurred at t A AND one collision occurredé@ A, the probability of a
collision with "A" bursts at t*, is:

P2 (N,0,1) =P (0/N) «P?(1/N) « [92 (1- Pz)(l (@@N 2)] D-C/E.37
where: P’(1/N) is the probability that on. %sion (and only one) occurred at t*,

assuming no collision occurrede(t A, WhAiCh is (N—l)Pz*( l—Pz*)N'2 .

(Note that a collision a{&tha‘c @ows a collision at t>, between bursts

from the same beacon@a tli bability of occurrence P,)

- If no collision occurred at t', (00111s10ns occurred at t* A, the probability of a
t\ie p y

collision with "A" bursts at t ®® \(b,
P2(N,0,2)=P (0/@(9\ (@1@ 2P, —P5 + 1 2P, +P; Xl 1-pP)H)N" 3)] D-C/E.38

- If no collision 0(@Qed at t A AND three collisions occurred at t°4, the probability of a
collision Wlth\0§' bursts at t, is:

D

PE(N,0.3) = (O/N)*P2(3/N)*[P2(3—3P2 +P22)+(1—P2(3—3P2 +P22)X1_(1_p;)N—4)]

D-C/E.39

As we don't consider the possibility of more than 3 simultaneous collisions at t’,, the
probability of collision at t*5, assuming NO collision at t', is:

P2(N,0) = P2(N,0,0) + P2(N,0,1) + P2(N,0,2) + P2(N,0,3) D-C/E.40

Which can be simplified as follows, noting the similarity with the expression of the probability
of collisions at t* (see D-C/E.35):

P(N,0) = P'(0/N) «PZ(N) D-C/E.41

where P ¢* is formally similar to the expression of the probability P> (equation D-C/E.35)
provided in section D-C.4.2.5. However, it is important to note that P| ¢ is different from the
probability Pc?, as P*(0/N), P*(1/N), P*(2/N), and P*(3/N) that appear in the expression of
PA*(N,0) — see D-C/E.36 to D-C/E.40 - are different from the conditional probabilities P'(0/N),
P'(1/N), P'(2/N) and P'(3/N) in equation D-C/E.35.
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D-C.4.3.2 One Collision at T, =t',

For beacon bursts that collided with "A" bursts at t',, the probability of collision at t*, is as
computed at section D-C.3.2, i.e. equation D-C/E.18: P3(A/B) = 21/30. To simplify, we will
abbreviate the designation as P;. This probability is NOT dependent on possible collisions that
may have occurred at t*, between the second burst of "A" and the second burst of “B”.

Therefore, P2(N,1) will have the form:
PE(N,1) = P1(1/N)x [P3 +(1-P;)= [Pg; (N— 1)]], D-C/E.42

where P} designates the probability of collision at t’y between the burst from beacon A and
bursts from the N-2 beacons other than A and B.

The bursts of the N-2 other beacons did not collide with "A" bursts att's. However, we now
have to consider each possible case of collision with these burs&@ t* as this would affect
their probability of collision at t*,. %)

If none of the bursts from the N-2 other beacons collide&th the "A" burst at t*5, we have:

N
PE(N-1,0) = PZ(O/N-I)*[I 414%{@?0 D-C/E.43

where P*(0/N-1) is the probability of n@gollis%@at t» with bursts from N-2 beacons
other than A and B, given as : (l-Pg) . A

If one of the bursts from the N-%\é'@%e@us collided with the "A" burst at t>,, we have:
N .
PE(N-1, 1)=P? (@1) *{@ (1-P, )(1 —(1-p)N? )] D-C/E.44

where PX(1/N-1) i \ON-2)s00-P, )
70

If two of the burstérom the N-2 other beacons collided with the "A" burst at t*,, we have:

-

&,
,{g@r-l,z)zpz(z/N-l)* [P2(2—P2) +(l—P2(2—P2))(1—(1—P2*)N'4)] D-C/E.45
where P(2/N-1)is : (N-2)(N-3)(1/12)(P; )2(1-P, ™.

If three of the bursts from the N-2 other beacons collided with the "A" burst at t*, we have:
D-C/E.46

Pé(N-1,3):P2(3/N-l)*[P2(3—3P2 +P22)+(1—P2(3—3P2 +P§)X1—(1—P§)N'5)]

where PX(3/N-1) is : (N-2)(N-3)(N-4)(1/13)(P, )’ (1-P, )V .
As we don't consider the possibility of more than 3 simultancous collisions at t*,, the

probability of collision at t*, with bursts from the N-2 beacons that did not collide with the "A"
burst at t', is:

PE(N=1) = PE(N-10)+PE(N=L1)+PE(N-1,2)+PE(N-1,3)  D-C/E47
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PC(N-1) = PZ(O/N-l)*(l-(l-P;‘)N-Z) D-C/E.48

FP2AN-1) [Py + (1= P, i - (1= PN

+P2(2/N-1) % [P2(2—P2)+(1—Pz(z—Pz))(1—(1—P§)N'4)]

+P2(3/N—1)*[P2(3—3P2 +P22)+(1—P2(3—3P2 +P§)X1—(1—P§)N'5)]
Noting the similarity of form with the expression of P2«(N) in D-C/E.35, and with PLIc*(N) in

D-C/E.41 where the symbol _ denotes that the probability P*(i/N) is different from P'(i/N), as
shown in section D-C.4.3.1, we can write:

PE(N-1)=PZ(N-1) D-C/E.49
Therefore, the probability of collision at t*, assuming ONE collision gl A lS:

- %)
PA(N,]) = Pl(l/N)*[P3 +(1—P3)*P§(N—®b D-C/E.50

\

D-C.4.3.3 Two Collisions at T, =t', \)Q
We apply the same reasoning as above in D-C.4.3 i\% we _find:
®) -
P2(N,2) = P'(2/N)= [P@Qng @ P,(2—P; )« PE(N— 2)] D-C/E.51
IR\

D-C.4.3.4 Three Collisions at T, Q@' ®\

Similarly we will find: (\ \’0

D-C/E.52
Pc(lx@l @k}) [P,(-3P, +P2)+ (1-P,(3- 3P, + P2 ) B2 (N - 3)]

D-C.4.3.5 Prob@ﬂlty of Collisions for "A" Bursts at t',

We can now’%m up the probabilities determined above:

D-C/E.53
P2(N) = PE(N,0)+P2(N,1)+ P2(N,2) + P2 (N,3)

P (N) = P'(0/N)%PZ(N)
+ Pl(l/N)*[P3+(1—P3)*}~)8(N—1)]
+ Pl(z/N)*[P3(2—P3)+(1—P3(2—P3))*§3(N—2)]
+ P1(3/N)*[P3(3—3P3+P32)+(1—P3(3—3P3+P32))*}~)3(N—3)]
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D-C.5 Probability of Collision Assuming N Active Beacons AND At least One Collision at T,

In section D-C.4, we have determined the “average” (or non-conditional) probabilities of collision for
the bursts from beacon A at the times t', (first burst), t*5 (second burst), and t*, (third burst). The
results provided in Figure D-C.5 show that these average probabilities of collision remain equal to the
probability of collision for N active beacons computed for a uniform distribution of transmission
times.

However, we need to address the “worst-case” scenario of a first burst collision to assess the impact
of that condition on the GEOSAR system performance. This will also allow a comparison with the
worst-case scenario analysed at Appendix B (i.e. a period separation Al < 7). Therefore, we need to
compute the same probabilities as above in section D-C.4, under the additional condition of a
collision at time T;.

Under this new constraint, the probabilities P'(0/N), P'(1/N), P'(2/N) and Iéé‘l\l) are replaced by:

%) D-C/E.54
&
- P_(O/N)=0 (as the collision at t', between %@s from "A" and "B" is imposed);

P_(1/N) =P'(0/N-1) (i.e. only one collision = n@t\:%llision with bursts from N-2 beacons
other than "A" and "B"):(> OQ

P_(2/N) =P!(1/N-1) (i.e. one colhs1on\@?burstf?romN 2 other beacons); and

P_(3/N) =P!(2/N-1) (i.e. two co@wsw h bursts from N-2 other beacons).

Replacing P'(0/N), P'(1/N), P'(2/N) @@») with the new probabilities PLI(0/N), PLI(1/N),
PL(2/N), PLI(3/N) in the expressio@g *c(N), and P’¢(N) computed as in section D-C.4, we
obtain: @

\J
9
PL(N) =&I’Q¥(0/N) =1 D-C/E.55

PE(N) = P'(O/N-1)x[P, +(1-P,)s(1-1 - P} 2) |
+ PIUN-D « [Py 2 Py)+ (-2, + B2 e (- -2V ]
+ P1(2/N-1)*_Pz(3—3P2 +P22)+(1—P2(3—3P2 +P22))*(1—(1—P§)N‘4) ]

PS(N) = Pl(O/N-l)*:P3+(1—P3)*§(2;(N-1)]
+ PY(1/N-1)« _133(2—P3)+(1—P3(2—P3))*§§(N-2)]
+ Pl(z/N-l)*_P3(3—3P3+P32)+(1—P3(3—3P3+P32))*133(N-3)]

The results of this calculation are presented in Figure D-C.5 and discussed in section D-C.6.
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D-C.6 Discussion of the Probabilities of Collision Under the Hypothesis of Random
Repetition Periods.

The results of the computations described in sections D-C.4 and D-C.5, in the case of complete long
messages, are summarised below in Figure D-C.5.

Figure D-C.5: Comparison of Probabilities of Collision for Individual Bursts Assuming
A Uniform Distribution (Annex D), or Randomised Periods (Appendix C)

Complete Long Messages

--6@2nd8 (after 1st B. Col.)

K% Pcol. 3rd B. (after 1st B. col.)

—a— Pcol. Third Burst

—0O— Pcol. Second Burst

Probability of Collision

—=e— Pcol. Uniform Distribution

0.0 VT T T TN T N T T T T T
4 6 810121416182022@2 28 34 36 38 40

Number of A@ Bea

Note: Some data points have 6 emo dQé show the exact overlap of the curves for the forth and the
fifth entries of the Iegen(t) &

Figure D-C.5 hlghhgh o major conclusions. Firstly, the “average” (or non-conditional)
probabilities compu Q%\ per section D-C.4 for the first (D-C/E.28), the second (D-C/E.35) and the
third bursts (D-C/E/83)vare identical to the probability of collision obtained with the hypothesis of a
uniform distributlon of transmission times. This could be expected as it reflects the fact that the
randomised period under Appendix C remains on average equal to T = 50 seconds. The small
variation that we observe for the third burst (Pcol. Third Burst in Figure D-C.5) is only due to the
approximation made for the calculation of P3;(A/B), equation D-C/E.18 in section D-C.3.2, which
artificially increases the probability of collision.

Secondly, the worst-case (or conditional) probabilities, for the second and third bursts - after first
burst collision - are clearly higher than the non-conditional “average” probability, but are decreasing
gradually in time towards the average. This is the result of the spreading of the probability densities
computed at section D-C.2 and the corresponding decrease of the probability of collision after a
collision at T, (first burst). Note that the computation slightly overstates the 3™ burst probability of
collision for large numbers of active beacons.

Since the non-conditional probability of burst collision is identical to that of the uniform distribution,
we might conclude that the randomisation requirement of the specification C/S T.001 analysed in this
appendix does not affect the capacity of the system, i.e. the 95% probability of successful processing
is met with the same number of active beacons as was computed in the case of a uniform distribution
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of bursts transmission times. However, this conclusion is NOT supported by the results of the
computer simulation provided at Appendix D, and the matter is further discussed at section D.4 of
Annex D and section D-D.4 of Appendix D to Annex D.

In addition, we also have to assess the impact of the worst-case scenario on the probability of success
for beacon “A”, and we should now compute the probability of receiving “K” bursts with no-collision
over “M” successive transmissions, assuming a first burst collision. Unfortunately, we are faced with
the difficulty that the probability of collision changes from burst to burst, and the probability Px(N,M)
cannot be calculated using the binomial formula provided in section D.3.3.1 (equation D/E.8), i.e.:

M
P (N,M)= Y Cpy Py (1=Pye)™™

m=k

where Pyc designates the probability of no collisions, which also varies from burst to burst.

As we have 20 possible combinations of 3 burst in M = 6 possib élrsts, or 924 possible
combinations of 6 bursts in M = 12 possible bursts, it would clearly practical to compute the
probabilities of successful processing as was done at Annex D and i@pendix B to Annex D, even if
we could determine the correct probability of collision for each ssive burst up to the 6™ or the
12" order. To draw a conclusion from the analysis of randomi epetition periods, we will have to
compare the probabilities of collision determined in Appen% with the probabilities determined in

Appendix B. Q Q
g? O
D-C.7 GEOSAR System Performance U 3@ the@'ﬁ?pothesm of Randomised Repetition
Periods (0'

S\
Because of the above considerations, iastead @Qﬂpming the probability Px(N,M) of successful
processing, we will compare the “avérage” (nefrconditional) probability of collision for individual
bursts as computed in D-C.4, and prob ity assuming an initial collision at T, as computed in
D-C.5, with the probability of ¢ ined in the cases analysed at Appendlx B to Annex D (i.e.
a fixed repetition period with(@ dom transmission times, and the “worst-case” where beacon "A" has
a fixed “period separation’™>A from beacon "B" such that A <t). This comparison is illustrated at
Figure D-C.6, which %\o&es the same data as in Figure D-C.5, plus:

- the Appendix B probability of collision “on average” (no constraint on the fixed period
separation A which is assumed to be uniformly distributed); and

- the probability assuming at least one beacon “B” with | Al <t from beacon “A” (worst-case
scenario of Appendix B).

Note: Although the worst-case scenario of Appendix C (first-burst collision) and the worst-case scenario of
Appendix B are not identical, since under the condition A < 1, there may or may not be a collision for
the first burst of beacon “A”, both scenarios have the same probability of occurrence [1-(1-2:/T)N'1]
when N beacons are active.

Figure D-C.6 shows that the “average” (non-conditional) probability of collision for the second burst
as computed under the hypothesis of Appendix C (Pcol. Second Burst (App.C) in Figure D-C.6) and the
probability “on average” computed at Appendix B (Pcol. Fixed P. (App.B)) are identical and equal to the
probability of collision under a uniform distribution of the beacon bursts. The same remark can be
made for the third burst under the distribution of Appendix C (see Pcol. Third Burst (App.C) in
Figure D-C.6) although, as noted above in section D-C.6, the approximation of the computation
overstates this probability.
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Similarly, the probability of collision for the second burst after collision at T,
(Pcol. 2nd B. (after 1st B. Col.)) is identical to the probability of collision under the worst-case
scenario of Appendix B (Pcol. Fixed P. Delta<Tau (App.B)) i.e. assuming one beacon with lAl < T)

The same match is observed with valid long messages or short messages, which are not reported in
this appendix. These results of the mathematical analysis are confirmed by the results of the
computer simulation described at Appendix D to Annex D.

Figure D-C.6: Comparison of Probabilities of Collision for Individual Bursts Assuming
A Uniform Distribution (Annex D), or Randomised Periods (Appendix C), or
Fixed Period and Randomised Transmission Times (Appendix B)

Complete Long Messages 6
0.7
. Fixed P. Delta<Tau (App.B)
0.6
S 05 . 2nd B. (after 1st B. Col.)
a -
o .
O 04 . Third Burst (App.C)
s
2
E 0.3 1 . Second Burst (App.C)
3
2 02 Fixed P. (App.B)
o @ . FIXe . (ApPpP.
0.1 4 \i\' _?}\.
@ \ —O— Pcol. Uniform Distribution
00 T LI T T UL LI UL T I T T T T LI T T 1T T
4 6 8 10 12 14 16 18 {Q 28 30 32 34 36 38 40
NunR@of Acti eacons

Note: Some data ave been removed to show the exact overlap of the curves for the first and second
entries of legend, and the overlap of the curves for the fifth and sixth entries of the legend.

From this comparison of the probability of collision under the hypotheses analysed in Appendix C
and in Appendix B, we can conclude that the performance of the GEOSAR system should be rather
similar under both distributions of the bursts transmission times, and that the results obtained at
Appendix B in respect of the delay of the confirmation process in the worst-case scenario are also
applicable (with minimal adjustment) to the worst case scenario considered under Appendix C.

There are, however, discrepancies between the two distributions, which are highlighted in section D.4
of Annex D, in respect of the worst-case scenario (conditional probabilities of success). In
Appendix C we assume a first-burst collision, which has a severe impact on the probability of
processing success within 5 minutes, while no such collision is forced under the worst-case scenario
of Appendix B (i.e. A < 1). Furthermore, the spreading of transmission times observed in
Appendix C, lessen the impact of the first-burst collision over time, while no such spreading occurs
under the distribution of Appendix B. Over time, the distribution of Appendix C provides better
performance than the distribution of Appendix B.
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APPENDIX D to ANNEX D

GEOSAR CAPACITY COMPUTER SIMULATION

D-D.1  Scope and Objectives of Computer Simulations

This appendix briefly describes the computer algorithms that were used to validate the mathematical
analysis of the GEOSAR capacity model described in Annex D and Appendices B and C of Annex D.
The computer model provides the probability of beacon burst collision in time and the probability of
successful GEOSAR processing for specific numbers of active beacons by:

e setting the specified number of active beacons and assigning beacon burst transmission times
for every burst of every active beacon; 6

e comparing all the burst transmission times with each other, determine which bursts
collided; %)

o calculating the number of conflicting and non-conﬂicting@tsts for each beacon; and

e identifying those beacons that have a sufficient n@}ger of non-conflicting bursts to be
“successfully processed” and “confirmed”. %)

Statistically valid results are obtained by mnn\i@% s@@tion a large number of times and
N

averaging the results of the large sample.
IR\

The statistical results from the computer\Q@el dt various numbers of active beacons are then
compared to the results of the mathe@ﬁcal l: i.e. the probability of obtaining a valid or
complete message by integrating K bl@ recégviithout a collision amongst M bursts transmitted
during a given period of time (5 0@0 mindges), as determined in section D.3 and in Appendices B

and C of Annex D. 00 \QA

D-D.2 Computer Sin%l ion Methodology
N\

D-D.2.1 ,ébmputer Assignment of the Beacon Burst Transmission Times

The Computer model initialises the environment by assigning each beacon a random “turn-on”
time between 0 and 50 seconds. Thereafter, the burst transmission times are calculated
differently for each of the three scenarios (i.e. uniform distribution of transmission times:
Annex D; fixed period and randomised transmission times: Appendix B to Annex D; and
C/S T.001 specification transmission times: Appendix C to Annex D).

D-D.2.1.1 Uniform Distribution of Burst Transmission Times

As indicated at Figure D-D.1, the computer algorithm creates a series of 50-second time
windows for each beacon event, with the first time window starting at the time the beacon was
turned on. The transmission times for beacon bursts are assigned randomly such that the
beacon transmits one burst in each of its windows.

The distribution of transmission times illustrated at Figure D-D.1 is not representative of the
Cospas-Sarsat specification in document C/S T.001, as it allows intervals between
transmissions of successive bursts from the same beacon to vary between 0 and 100 seconds,
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although the average remains at 50 seconds. It is, however, a good illustration of the “uniform
distribution” of transmission times that ignores the characteristic of repetitive transmissions
and is used as the basis of the analysis of the theoretical GEOSAR capacity developed at
Annex D.

Figure D-D.1: Uniform Distribution of Transmission Times

B | Beacon 1
cacon Burst Times
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Beacon Burst Times
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D-D.2.1.2 Fixed Period and Randomised TramSmissiomTIimes (Appendix B
Distribution)

As indicated at Figure D-D.2, the computes, algorithin creates a series of transmission windows
for each beacon. The centres of each-Window; are¢ at multiples of 50 seconds after the beacon
was turned on; the width of eachywindow, G8)5 seconds. The transmission times of beacon
bursts are assigned randomly such\that oné/buirst is transmitted in each window.

Figure D-D.2; (Fixed Pepiod and Randomised Transmission Times

Beacon Transmission

Window
Beaco
Turne(rll On Bgacon Burst
\ Time
50s > < 50s >le 508 _ )le 50s =i

This distribution is not representative of the Cospas-Sarsat C/S T.001 specification as it allows
time intervals between transmissions of successive bursts to vary between 45 and 55 seconds,
although the average time interval remains 50 seconds. However, this distribution shows
interesting characteristics for the mathematical analysis as it exhibits a stable probability of
collision for successive bursts, which is a function of the fixed time difference between the
centres of the transmission windows of each pair of beacons (also referred to as the “period
separation”). The computer simulation shows that the system performance “on average” under
Appendix B is equivalent to the system performance under the C/S T.001 specification, and
that the system performance in the worst-case scenario defined for both distributions of bursts
transmission times remains close.
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D-D.2.1.3 C/S T.001 Specification Transmission Times (Appendix C Distribution)

As indicated at Figure D-D.3, the computer creates a series of transmission windows for each
beacon. Each window is 5 seconds wide. The first window starts 47.5 seconds after the
beacon has been turned on, and subsequent windows start 47.5 seconds after the start of the
preceding burst. The transmission times of beacon bursts are assigned randomly such that one
burst is transmitted in each window.

Figure D-D.3: C/S T.001 Specification Transmission Times
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D-D.2.2 Simulating “Worst-Case” Scenar@\ OQ
-\

Appendix B also considers the situation‘@ere &e(ostart time of a beacon’s transmission
window coincides with the start time<of a beacon’s transmission window, either
completely or such that the “windo aratign” is less than the duration of a beacon burst.
This is described at Appendix B he condition Delta < Tau (A < 1). The computer model
replicates this situation by forcigg the beaden turn on time to be within the burst duration of the
turn on time of another bea{@t. Th@after, the model gathers performance statistics based
only on those two beaco ow\-on times were forced. Note that forcing the windows to
overlap does not forc& st-burst+Collision under the distribution of Appendix B.

Appendix C als EBnsiders a worst-case scenario, similar to the case A < 1t of Appendix B,
whereby the,ﬂ?@burst of a particular beacon experiences a collision, which obviously impacts
on the probability of collision of follow-on bursts, and on the probability of recovering the
beacon message within a given time. The computer model simulates this situation by forcing
the first bursts of two beacons to collide. Thereafter, performance statistics are gathered on
those two beacons only.

D-D.2.3 Identifying Burst Collisions

The model determines if a burst experienced a fatal collision by comparing its start time with
the start time of every other beacon burst. Burst start times that occur within the length of a
beacon burst are deemed to have collided. If complete messages were required this type of
collision would be considered fatal to all the bursts involved.

The simulation accommodates the specific situation of long valid messages by first identifying
which bursts collided, then determining if the collision occurred such that it disrupted a portion
of the beacon’s message first protected field or preamble, in which case the collision would be
fatal, or if the collision only disrupted the second protected field, in which case the burst could
still be processed.
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D-D.3  Results of the Computer Simulations for Various Distributions of Transmission Times

The detailed data presented below in section D-D.3 is provided in Table D-D.1

D-D.3.1 Probability of Collision with N active Beacons
Figure D-D.4 shows the probability of collision (first protected field of valid long messages)
for specific numbers of active beacons in each of the scenarios:

- Uniform distribution;

- Appendix B (fixed repetition periods and randomised transmission times);

- Appendix C (C/S T.001 specification);

- Appendix B — Worst-Case scenario with A < t; and

- Appendix C — Worst-Case scenario with first-burst collisimb@

)

Figure D-D.4: Simulation Results - Probability of Col@'ﬁt’: for N Active Beacons

%\)

0.70

0.60

0.50

0.40

0.30 L

Probability of Collision - Valid Long Messages

0.00 T T T T T T
5 10 15 20 25 30 35 40

Number of Active Beacons

—1— Uniform Distribution —O6— Worst-Case App.C-2nd Burst
—<O— Appendix C (C/S T.001) —o— Worst-Case App.C-3rd Burst
—x— Appendix B —+—— Worst-Case App.C-4th Burst

—a— Worst-Case App.B Worst-Case App.C-5th Burst




SD/T12-AnnD-OCT03.doc D-D-5 C/ST.012 -Issue 1 -Rev.9
October 2013

Figure D-D.4 clearly shows that the Uniform distribution, as well as Appendix B and
Appendix C distributions, have the same probability of burst collision for N active beacons.
The highest probability of burst collision is experienced with the worst-case scenario of
Appendix B (at least one couple of beacons such that A <1). With the C/S T.001 specification
(Appendix C) distribution of transmission times, the computer results show that, if a collision
occurred on the first burst, then the second burst probability of collision is identical to that
obtained in the worst-case scenario of Appendix B (A <t). However, the follow-on bursts of
that beacon will experience a decreasing probability of collision (see Worst-Case App.C-3rd,
4th and 5th Burst), which in time will converge towards the “average” probability of collision,
identical to the probability obtained for a uniform distribution.

These results of the simulation accurately match the results of the analyses of the various
distributions presented in Annex D, and at Appendix B and Appendix C of Annex D (see also

Figure D-D.5) 6

D-D.3.2 Probability of Successful Processing with N Acti@eacons

The probability of successful processing, defined as ob®ing at least 3 messages without
collisions affecting the first protected field or the message)preamble (i.e. valid long messages)
within a given time (5 minutes equivalent to 6 burs nsmitted), is assessed for each of the
scenarios described in D-D.3.1 above. The results@xe illu@ted in Figure D-D.6.

O

In respect of the non-conditional (average) p&bili success, Figure D-D.6 shows that:
- the uniform distribution provides@igh&%@robability of success; and

- Appendix B and Appendix G.di tribq@ exhibit an identical probability of success, but
significantly less than for ni distribution, despite the fact that, on average, they
have the same probabili bu%c llision as the uniform distribution.

The observation noted l@%reﬂ@%the fact that in the presence of repetitive collisions, some
beacons experience ch lower probability of success, which is not fully compensated, by
the higher probability of success of other beacons. In other words, the best result is obtained
when the col}{q&s are evenly spread amongst all beacons.

In respect of the conditional probabilities of success (worst-case scenarios), because the
condition of a first burst collision imposed in the worst-case scenario of Appendix C is
extremely severe, in particular for a comparison with the worst—case scenario of Appendix B
that does not impose a first-burst collision, two results are presented in respect of the C/S T.001
(Appendix C) distribution: i.e. the probability of processing success within 5 minutes,
corresponding to the transmission of 6 bursts, and also the probability of success within
6 minutes, which allows for the transmission of 7 bursts. This provides for an assessment of
the impact of the first burst collision on the measured performance, and the improvement that is
provided after a one-burst delay.

Figure D-D.6 indicates that, on the basis of computer simulation results:

- the worst-case scenario of Appendix C has the lowest probability of success within five
minutes, as a result of the imposed condition (first burst collision); and

- however, after the seventh transmission (i.e. within 6 minutes to allow for one additional
burst), the performance of the Appendix C distribution (based on C/S T.001
specification) is better than the worst-case scenario of Appendix B (A < 1).
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Figure D-D.5: Analysis and Simulation Results
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D-D.4 Comparison of Computer Simulations Results with the Results of the Mathematical
Analysis

In this section, the results provided by the mathematical analysis and those provided by the computer
simulation for the case of valid long messages are compared. The detailed data is provided at
Tables D-D.1 and D-D.2.

D-D 4.1 Comparison of Probability of Collision (Valid Long Messages)

Figure D-D.5 highlights the perfect match of the analysis and simulation results for the
probability of burst collision assuming a uniform distribution of burst transmission times.
Therefore, on the basis of the analysis results reported at Appendix B (section D-B.2.4 and
Figure D-B.6) and at Appendix C (section D-C.6 and Figure D-C.5) and the simulation results
reported above in section D-D.3.1 and Figure D-D.4, we can conclude that:

- simulation and analysis results in respect of the non-conditj probabilities of burst
collision are in good agreement for all three distributions;

- all three distributions provide, on average, the sameé{@ability of collision for a given
number “N” of active beacons.

In addition, Figure D-D.5 confirms previous resu \}f the analysis, in particular that the
probability of burst collision for the worst-case narlo f Appendix B and for the second
burst that follows a first burst collision under @he d %lon of Appendix C are identical,
although the simulation results and the an@é dlverge slightly for large numbers of

beacons. % AQ

D-D.4.2 Comparison of Pro&{b\,l(r\ty O@rocessmg Success within 5 Minutes for Valid
Long Messages

Figure D-D.6 and Table D- ho t@

- identical simulagi resu)@ re obtained for the distributions of Appendix B and
Appendix C, in)respect of the non-conditional probability of processing success, but
these resu{@o not match the results obtained for the uniform distribution as noted in

sectlo&w .3.2 above;

- there is a fairly good match between the simulation results and the “weighted average”
computed for the distribution of Appendix B as discussed in section D-B.4 of
Appendix B; and

- the results of the analysis of the worst-case scenario of Appendix B (A < 1) are
significantly above the simulation results obtained for the worst-case of the Appendix B
distribution, however, the analysis provides a good match with the probability of success
under the C/S T.001 (Appendix C) distribution within 6 minutes after first-burst collision
(statistic established on 7 transmitted bursts).

The conclusion of this comparison is that the probability of success Pix(N<M) determined in the
mathematical analysis on the basis of the binomial formula (Equation D/E.8) using a computed
probability of collision, is not consistent with the simulation results in the cases of Appendix B
and Appendix C distributions. However, the Appendix B analysis provides a fairly good match
with the simulation results:

- when a “weighted average” is used to compute the non-conditional probability of
success; and
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- when comparing the Appendix B “worst-case” to the Appendix C simulation results,
assuming a first-burst collision followed by a 6-burst transmission (i.e. 7 transmitted

bursts within about 6 minutes).

In summary, we can conclude that the Appendix B analysis provides an acceptable analytical
model of the GEOSAR channel capacity.

Table D-D.1: Comparison of Mathematical Analysis and Computer Simulation Results
Obtained for Valid Long Messages with Various Distributions
of the Bursts Transmission Times

Number of Active Beacons

10 11 12 13 14 15 16 17 18 19 20

UNIFORM DISTRIBUTION (5-minute transmissions)
P. Collision - Uniform D. (Simulation) 0.1577 0.2343 0.3040
P. Collision - Uniform D. (Analysis) 0.1578 0.1737 0.1893 0.2046 0.2197 0.234 0.2489 0.2631 0.2770 0.2907 0.3041
P. of Process. Success - Uniform D. (Simulation) 0.9930 0.9;& 0.9266
P. of Process. Success - Uniform D. (Analysis) 0.9929  0.9899  0.9861 0.9816  0.9762 0.9 0.9630  0.9551 0.9463  0.9367  0.9262
APPENDIX B (5-minute transmissions) &/
P. of Coll.- App. B - Delta<Tau (Simulation) 0.2932 75 0.4143
P. of Coll.- App. B - Delta<Tau (Analysis) 0.2931 0.3062 0.3191 0.3316 0.34% 3557 0.3674 0.3787 0.3897 0.4005 0.4110
P. of Process. Success - App.B - (Simulation) 0.9721 0.9327 0.8772]
P. of Success - App.B Weighted Average (Analysis) 0.9837 09785 0.9723  0.9652 0.9481 0.9381 0.9272 0.9154 0.9028  0.8895
P. of Process. Success - App.B - Delta<Tau (Simulation) 0.9121 0.8434 0.7676|
P. of Process. Success - App.B - Delta<Tau (Analysis) 0.9349  0.9245  0.9134  0.9018, { .8892  0.8763  0.8628  0.8489  0.8347  0.8201 0.8053]
APPENDIX C (C/S T.001 Specification) %\T
P. Coll. 2nd burst - App.C - Worst Case (Simulation) 0.2945 0.3574 0.4160
P. Coll. 2nd burst - App.C - Worst Case (Analysis) 0.2934 0.3066 0.31 3323 QA 0.3568 0.3687 0.3803 0.3916 0.4027 0.4134
P. of Process. Success - App.C - 6 bursts - (Simulation) 0.9705 0495% 0.947 9393 0.9302 0.8743]
P. of Process. Success - App.C - 6 Bursts/1st Burst Coll. (Simulation 0.8694 Q\ 0.8039 0.7851 0.6984
P. of Process. Success - App.C - 7 Bursts/1st Burst Coll. (Simulation 0.9379 Q (% 0.8831 0.8140|

Number of Active Beacons 20 ?b% 2 *023 24 25 26 27 28 29 30
UNIFORM DISTRIBUTION (5-minute transmissions) K
P. Collision - Uniform D. (Simulation) \Q @ 0.3677 0.4249
P. Collision - Uniform D. (Analysis) 0.317. \ 301 0.3428 0.3552 0.3674 0.3794 0.3911 0.4026 0.4139 0.4250
P. of Process. Success - Uniform D. (Simulation) @ 0.8625 0.7846|
P. of Process. Success - Uniform D. (Analysis) o 0.9 0.9030 0.8902  0.8768 0.8627  0.8481 0.8329  0.8172  0.8010 _ 0.7845
APPENDIX B (5-minute transmissions) {'\\ (0
P. of Coll.- App. B - Delta<Tau (Simulation) 05 0.4143 0.4698 0.5179
P. of Coll.- App. B - Delta<Tau (Analysis) ﬁ 0.4212 0.4311 0.4408 0.4502 0.4593 0.4682 0.4769 0.4853 0.4934 0.5014
P. of Process. Success - App.B - (Simulation) O w 0.8105 0.7363]
P. of Success - App.B Weighted Average (Analysis 0.8895 0.8755 0.8608 0.8456 0.8299 0.8138 0.7973 0.7805 0.7635 0.7464 0.7292
P. of Process. Success - App.B - Delta<Tau Slmulallob 0.7676 0.6828 0.6017|
P. of Process. Success - App.B - Delta<Tau Anal@g) 0.8053  0.7903  0.7751 0.7598  0.7445  0.7291 0.7138  0.6986  0.6835 0.6685  0.6537
APPENDIX C (C/S T.001 Specification)
P. Coll. 2nd burst - App.C - Worst Case (: 0.4160 0.4691 0.5155
P. Coll. 2nd burst - App.C - Worst Case (Ana SIS) 0.4134 0.4239 0.4342 0.4442 0.4539 0.4634 0.4726 0.4815 0.4902 0.4986 0.5068
P. of Process. Success - App.C - 6 bursts - (Simulation) 0.8743 0.8077 0.7338]
P. of Process. Success - App.C - 6 Bursts/1st Burst Coll. (Simulation 0.6984 0.6127 0.5274
P. of Process. Success - App.C - 7 Bursts/1st Burst Coll. (Simulation 0.8140 0.7396 0.6622]

D-D.4.3

Probability of Obtaining Confirmed Complete Messages Within 10 Minutes

Figure D-D.7 illustrates the comparison of the mathematical analysis and the computer
simulation results in respect of:

- the probability of processing success within 10 minutes (12 messages) for single complete
long messages in the worst-case scenario of Appendix B (A < 1) and Appendix C (1* burst

collision);

- the non-conditional probability of obtaining a confirmed complete long message within

10 minutes; and

- the conditional (worst-case) probability of obtaining a confirmed complete long message

within 10 minutes.
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The detail of the data is provided at Table D-D.2. Figure D-D.7 shows that the analysis results
based on the worst-case scenario of Appendix B are above the simulation results for the same
distribution (worst-case scenario of Appendix B). The discrepancy is particularly significant
for single complete messages over 10 minutes, when the number of active beacons increases.
This highlights the limits of the Appendix B distribution analysis as a model for the GEOSAR
capacity.

However, the analysis also provides an acceptable match, slightly above the simulation results,
for the worst-case scenario of Appendix C (confirmed messages within 10 minutes / 12 bursts
transmitted). In addition, the weighted average of the Appendix B analysis remains close to the
simulation results of Appendix C, which confirms the usefulness and the validity of the
analysis at Appendix B for confirmed messages over 10 minutes.

O

Figure D-D.7 Comparison of Analysis and Simul&\ Results
Probability of Processing Success within 10 utes for
Single Complete Long Messages (Worst-Case Scenario) and
Confirmed Complete Long l\@ages

A\

Probability of Single or Confirmed Messages

—e—P. Single Msg. (App.B, Delta<Tau)
- Analysis

m P. Single Msg. (App.C, 12 Bursts
- 1st Burst Coll.) - Simulation

A P. Single Msg. (App.B, Delta<Tau)
- Simulation

—x—P. Confirmed Msg. (App.B, Weighted
Av.) - Analysis

x P. Confirmed Msg. (App.C, 12 Bursts) 4
Simulation

—O— P. Confirmed Msg. (App.B, Delta<Tau)
- Analysis

® P. Confirmed Msg. (App.C, 12 Bursts
0.50 - 1st Burst Coll.) - Simulation

A P. Confirmed Msg. (App.B, Delta<Tau)
- Simulation
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Table D-D.2:

of the Bursts Transmission Times

Comparison of Mathematical Analysis and Computer Simulation Results
Obtained for Confirmed Complete Long Messages with Various Distributions

Number of Active Beacons 10 1 12 13 14 15 16 17 18 19 20
APPENDIX B - (10 minute transmissions)
P. Single Msg. (App.B, Delta<Tau) - Simulation 0.9967 0.9880 0.9707
P. Single Msg. (App.B, Delta<Tau) - Analysis 0.9996 0.9995 0.9993 0.9989 0.9986 0.9981 0.9974 0.9967 0.9957 0.9946 0.9934
P. Confirmed - Simulation of App. B 0.9353
P. Confirmed Msg. - Analysis (Weighted Average) 0.9892 0.9864 0.9812 0.9747[ 0.9667] 09571 09458 09328 09181 09016  0.8834
P. Confirmed Msg. (App.B, Delta<Tau) - Simulation 0.9024 0.8218  0.8055 0.6933
P. Confirmed Msg. (App.B, Delta<Tau) - Analysis 0.9479 0.9352 0.9208 0.9050 0.8876 0.8689 0.8489 0.8277  0.8057  0.7828 0.7593
APPENDIX C (C/S T.001 Specification)
P. Single Msg. (App.C, 12 Bursts - 1st Burst Coll.) - Simulation 0.9977 0.9917 0.9778
P. Single Msg. (App.C, 13 Bursts - 1st Burst Coll.) - Simulation 0.9990 0.9954 0.9861
P. Confirmed Msg. (App.C, 12 Bursts) - Simulation 0.9791 0.9461  0.9357 0.8637
P. Confirmed Msg. (App.C, 12 Bursts - 1st Burst Coll.) - Simulation| 0.9254 0.8601  0.8391 0.7335
P. Confirmed Msg. (App.C, 13 Bursts - 1st Burst Coll.) - Simulation|  0.9569 0.8955 0.8054
Number of Active Beacons 20 21 22 23 24 25 026 27 28 29 30
APPENDIXB - (10 minute transmissions) @
P. Single Msg. (App.B, Delta<Tau) - Simulation 0.9707 3 0.9014
P. Single Msg. (App.B, Delta<Tau) - Analysis 0.9934 0.9919 0.9901 0.9882 0.9860 Q 835 0.9808 09778 0.9745 0.9710 0.9672
P. Confirmed Msg. - Analysis (Weighted Average) 0.8834 0.8636 0.8424 0.8198 0.79 7712 0.7455 0.7192 0.6924  0.6653 0.6381
P. Confirmed Msg. (App.B, Delta<Tau) - Simulation 0.6933 0.5763 0.4681
P. Confirmed Msg. (App.B, Delta<Tau) - Analysis 0.7593  0.7353  0.7110 _ 0.6865 @6 0.6376  0.6134  0.5895 0.5660  0.5430 0.5205
APPENDIX C (C/S T.001 Specification) Q
P. Single Msg. (App.C, 12 Bursts - 1st Burst Coll.) - Simulation 0.9778 0 0.9550 0.9212
P. Single Msg. (App.C, 13 Bursts - 1st Burst Coll.) - Simulation 0.9861 % 0.9688 0.9423
P. Confirmed Msg. (App.C, 12 Bursts - 1st Burst Coll.) - Simulation| 0.7335 0.6184 0.4976
P. Confirmed Msg. (App.C, 13 Bursts - 1st Burst Coll.) - Simulation| 0.8054 ‘0 0.6985 0.5873

Q\‘&\'
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ANNEX E
TEST PROCEDURES FOR VALIDATING THE GEOSAR CAPACITY MODEL

This annex describes the methodology and test procedures to be followed for evaluating the
capacity of individual 406 MHz channels in the GEOSAR system.

E.1 BACKGROUND

. The channel capacity in the 406 MHz GEOSAR sy; is the number of
simultaneously active beacons for which the system provide a valid beacon
message within 5 minutes of beacon activation, 95% 0% time.

The capacity of a GEOSAR 406 MHz channel is deteraiied by generating traffic loads from

known numbers of active beacons in the chann% and eyaluating the capability of the

GEOSAR system to produce valid 406 MHz aler@essa &r each beacon in the channel.
S

The traffic load generated for the test sh Lﬂj\?e &%}prised of beacon messages which are

representative of the nominal condil\i.qn as Gtated at Annex B. Specifically the test

transmissions should: X \,6

. SN L
- simulate the performanc operational beacons as specified in Cospas-Sarsat
spg

document C/S T.001 (ba ification);

- be all long format l@on messages, however, a combination of short and long format
messages is acqe% e provided the precise composition of the population is known;

- transmit at g@P of 32 + 0.5 dBm in the direction of the GEOSAR satellite;

- originate from within the coverage area of the GEOSAR satellite with a beacon to
satellite elevation angle not less than 4 degrees, furthermore, there should be no
obstructions shielding test source transmitters from the satellite; and

- include an appropriate number of beacons that overlap in time and frequency as
required to simulate beacon activations starting randomly in time.

Finally, the ambient conditions during the test should be monitored to ensure that there were
no sources of significant interference or real beacons operating in the channel being tested,
since these could significantly affect the results.
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E.2 TEST PROCEDURE USING A BEACON SIMULATOR

Beacon simulators are capable of transmitting overlapping as well as non-overlapping beacon
messages, thus allowing all necessary testing to be performed using only the simulator’s
transmissions. Two approaches can be used to generate overlapping beacon transmissions
that are representative of actual operational beacon transmissions.

a.  All Simulated Signals with C/S T.001 Burst Repetition Interval
Transmission times of all beacons in the simulated population are generated in
accordance with the C/S T.001 specification, with pseudo-random start times for the
first transmission sequence. The statistical evaluation of the System ability to process
successfully beacons within five minutes can be performed using the transmissions of
all simulated beacons in the sample population. An example@ such a procedure is
provided at Appendix A. 6@

%)

b.  Non-overlapping Signals to Generate the Background Lda
The simulator is used to generate a background t@b load comprised of simulated
beacon signals that do not overlap in time. The si tor is also used to generate “test”
signals which can overlap with the backgroungditratficdload and each other. The ability
of the System to process the “test” signa eve{@ d statistically. An example of
such a procedure is provided at Appendh{é ®\(o

fo%éﬁ
BN
& o
»
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E.3 DATA REDUCTION, ANALYSIS AND RESULTS

The data collected from conducting the test procedures described at either Appendix A or
Appendix B is to be recorded at Table E.1. The information listed at Table E.2 should be
completed for each simulated traffic load.

Table E.1: Data to be Collected for GEOSAR Capacity Test

Simulated Traffic Load (Number of simultaneously occurring beacon events)

Script Number Date/Time of start of test run 1
15Hex ID Tx by | Timeof First | Time GEOLUT | Time GEOL Time GEOLUT
Simulator Burﬁ:t in Ben pr\o/viglcelzcll\flrst provided fi Confirmed
R alud visg Completg Msg Complete Msg
&
%)

O
.

Table E.2: Sample Tatﬂ&r C@ity Statistics

Channel: (Freqll@t?an;l,ﬁjs T.012 Channel Identifier)
# of Active % Valid % C et (\% Valid % Complete % Confirmed
Ben Events | Msg within ithin\ Msg within Msg within Complete Msg
5 Min K Min 15 Min 15 Min within 15 Min
15 C| ,\) \(\ﬁ
20 2O
O
25 Q‘Q
30 O
35 N

The data provided in Table E.2 should be graphed against the respective beacon channel
population as indicated at Figure E.1. The capacity of the channel is obtained from the graph
as the number of active beacons corresponding to the 95" percentile of the valid message
S-minute curve. Using the fictitious example provided at Figure E.1, the capacity would be
26.5 simultaneously active beacons.

Although the definition of GEOSAR capacity only pertains to the production of valid
messages within 5 minutes, the statistics on complete and complete confirmed messages are
also calculated as they provide additional information about the performance of the GEOSAR
system.
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Figure E.1: Graph Depicting Capacity of a 406 MHz Channel in a GEOSAR System
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APPENDIX A TO ANNEX E

SAMPLE PROCEDURE FOR GEOSAR CAPACITY TESTING USING
TRANSMISSIONS WITH TIME OVERLAPS

The capacity of a 406 MHz channel in a GEOSAR system is determined by generating traffic
loads equivalent to known numbers of simultaneously active beacons transmitting long
format messages in a Cospas-Sarsat 406 MHz channel. The time required for the GEOLUT
to produce a valid beacon message, a complete message and confirm the complete message is
recorded for each beacon event. The number of simultaneously occurring beacon events is
changed and the time required for the GEOLUT to produce valid, Gmplete and complete
confirmed messages is calculated and recorded for the new 406 Ml@afﬁc load.

The test scripts transmitted by the beacon simulator sh{ﬁ% conform to the nominal
conditions detailed in Annex B to C/S T.012. Furthermorg,@ic beacon events transmitted by
the simulator should replicate the randomness of the bcg&burst repetition period defined in
the Cospas-Sarsat 406 MHz beacon specification T.001). In view of the above, the
uplink test signals will include a number of bén, ages that overlap in time and
frequency. Nevertheless, due to the randoggés ofcthe beacon pulse repetition period,
subsequent transmissions of these beacon eveyt mi@ r might not overlap again.

o

The test should be coordinated to avo(l' oten@al interference from non-test sources in both
the GEOSAR uplink and downlink ne .‘%’peciﬁcally the test scripts should be scheduled
to ensure that no signals are up]{ﬁk d whilst the GEOLUT is in the footprint of a LEOSAR
satellite downlink. Furthe , ‘[\1@06 MHz channel under test should be free of any
signals from operational t beacons. To minimise the impact on LEOSAR operations,
the 406 MHz test chanr&‘ should be outside the operational processing bandwidth of all
LEOSAR SARP iniégﬁems.

The test will replicate scenarios of 15, 20, 25, 30 and 35 simultaneously active beacons.
The test should be conducted as follows:

a. A beacon simulator test script is developed which replicates 15 simultaneously active
beacons, with each beacon event having a unique identification (ID). The time of the
first burst for each beacon event should be developed using a random process that
ensures that the first burst of each beacon is transmitted within 50 seconds of the start
of the test. The transmit time for subsequent transmissions for each beacon event
shall conform to the repetition period defined in the Cospas-Sarsat beacon
specification (C/S T.001). Each beacon event will replicate a beacon being active for
a 15 minute period.

b. After ensuring that the GEOLUT is not in the downlink footprint of a Cospas-Sarsat
LEOSAR satellite, the test script is transmitted. The time of the first burst for each
beacon event should be recorded in tabular format as provided at Table E.1.
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For each beacon event the time when the GEOLUT produces the first valid message,
first complete message and first confirmed complete message should be recorded in
Table E.1. The time measurements recorded should correspond to the time stamps
assigned by the GEOLUT when it produces the respective message, not the time that
the message is sent to or received at the MCC.

Repeat the test with different test scripts that also replicate 15 active beacons, until 10
different test scripts have been transmitted.

Compute the probabilities for valid, complete and confirmed complete messages to be
recorded in Table E.2.

Repeat the process for scenarios in which the beacon sim r replicates 20, 25, 30,
35 simultaneously active beacons, incrementing the 1 by 5 beacons until the

probabilities recorded in Table E.2 fall below 80%. @\
X
)

\QQ \%\
P
Q7 «
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E-B-1 C/ST.012 - Issue 1 - Rev.9
October 2013

APPENDIX B TO ANNEX E

SAMPLE PROCEDURE FOR GEOSAR CAPACITY TESTING USING
NON-INTERFERING BACKGROUND TRANSMISSIONS

The capacity of the 406 MHz channel is determined by generating traffic loads equivalent to
known numbers of active beacons transmitting long format messages in a Cospas-Sarsat
406 MHz channel. The traffic load generated by the beacon simulator is comprised of
background signals and test signals. The background signals are transmitted with a constant
50 second burst repetition interval, with starts times selected that ensure that the beacon
bursts do not collide with each other. The test signals generated bycthe simulator conform
completely to the Cospas-Sarsat beacon specification and, therefpré/ can collide with each
other and with the background signals.

The combination of the background and test signals gepresent the beacon load on the
GEOSAR channel. The time required for the GEQRUT to produce a valid message, a
complete message and confirm a complete message~is Tecorded for the test signals (not the
background signals). The background traffic loadds chaged and the process repeated with
the new traffic load.

The test should be coordinated to avoidepdtentidl interference from non-test sources in both
the GEOSAR uplink and downlink chdnnels. *Specifically the test scripts should be scheduled
to ensure that no signals are uplinked whilstthe GEOLUT is in the footprint of a LEOSAR
satellite. Furthermore, the 406 MHz charnel under test should be free of any signals from
operational or test beacons. (I’ minmiize the impact on LEOSAR operations, the 406 MHz
channel should be outsidé.the operational processing bandwidth of all LEOSAR SARP
instruments.

The test will replicate scenarios of 15, 20, 25, 30 and 35 simultaneously active beacons.
The test should be conducted as follows:

a. A beacon simulator test script is developed which replicates 15 simultaneously active
beacons, comprised of 10 background beacons and 5 test beacons. The beacon IDs
for the 10 background beacons are provided at Table E-B.1 and are indicated as
beacons 1 through 10. The beacon IDs for the test beacons are beacons 60 through 65.

The time of the first burst for each of the test beacon events should be developed
using a random process that ensures that the first burst is transmitted within
50 seconds of the start of the test. The transmit time for subsequent test beacon
transmissions shall conform to the repetition interval defined in document C/S T.001.

b. After ensuring that the GEOLUT is not in the downlink footprint of a Cospas-Sarsat
LEOSAR satellite, the test script is transmitted. The time of the first burst for each
test beacon event should be recorded as per Table E.1.



E-B-2 C/ST.012 - Issue 1 - Rev.9
October 2013

For each test beacon event the time when the GEOLUT produces the first valid
message, first complete message and first confirmed message should be recorded as
per Table E.1. The time measurements recorded should correspond to the time
stamps assigned by the GEOLUT when it produces the respective message, not the
time that the message is sent to or received at the MCC.

Repeat the test with the same traffic load until a statistically valid amount of data has
been recorded.

Compute the probabilities for valid, complete and confirmed complete messages to be
recorded in Table E.2.

Repeat steps a) though d) incrementing the background l&@on load by 5 beacons,
until the probabilities recorded in Table E.2 fall below 88)@
N
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BCN ID (b26-85) Bit-Shifted (b25-84) BCN ID (b26-85) Bit-Shifted (b25-84)
1 ADDC078003D0928 56EE03C001E8494 36 ADDCO078089549A0 56EE03C044AA4D0
2 ADDCO078007A1250 56EE03C003D0928 37 ADDC07808D252C8 56EE03C04692964
3 ADDCO07800B71B78 56EE03C005B8DBC 38 ADDCO078090F5BFO0 56EE03C0487ADF8
4 ADDCO07800F424A0 56EE03C007A1250 39 ADDC078094C6518 56EE03C04A6328C
5 ADDCO07801312DC8 56EE03C009896E4 40 ADDCO07809896E40 56EE03C04C4B720
6 ADDCO078016E36F0 56EE03C00B71B78 4 ADDC07809C67768 56EE03C04E33BB4
7 ADDCO07801AB4018 56EE03C00D5A00C 42 ADDCO0780A038090 56EE03C0501C048
8 ADDCO07801E84940 56EE03C00F424A0 43 ADDCO0780A4089B8 56EE03C052044DC
9 ADDCO07802255268 56EE03C0112A934 44 ADDCO0780A7D92E0 56EE03C053EC970
10 ADDC07802625B90 56EE03C01312DC8 45 ADDC0780ABAQC08 56EE03C055D4E04
1 ADDCO078029F64B8 56EE03C014FB25C 46 ADDCO780AEF%AS30 56EE03C057BD298
12 ADDCO07802DC6DEO 56EE03C016E36F0 47 ADDCO0780B34AES58 S56EE03C059A572C
13 ADDCO07803197708 56EE03C018CBB84 48 ADDQGO#30B71B780 56EE03C05B8DBCO
14 ADDCO07803568030 56EE03C01AB4018 49 ADDE0780BAECOA8 56EE03C05D76054
15 ADDC07803938958 56EE03C01C9C4AC 50 ARDC0780BEBCODO 56EE03C05F5E4E8
16 ADDC07803D09280 56EE03C01E84940 51 ADDC0780C28D2F8 56EE03C0614697C
17 ADDC078040D9BA8 56EE03C0206CDD4 52 ABDC0780C65DC20 56EE03C0632EE10
18 ADDC078044AA4D0 56EE03C02255268 53 ADDC0780CA2E548 56EE03C065172A4
19 ADDCO0780487ADF8 56EE03C0243D6FG 54 ADDCO0780CDFEE70 56EE03C066FF738

20 ADDC07804C4B720 56EE03C02625B80 55 ADDC0780D1CF798 56EE03C068E7BCC
21 ADDC0780501C048 56EE03C0280E024 56 ADDC0780D5A00C0 56EE03C06AD0060
22 ADDCO078053EC970 56EE03¢029F64B8 57 ADDC0780D9709E8 56EE03C06CB84F4
23 ADDC078057BD298 56EE03C02BDE94C 58 ADDC0780DD41310 56EE03C06EA0988
24 ADDC07805B8DBCO S56EE03C02BC6DED 59 ADDC0780E111C38 56EE03C07088E1C
25 ADDCO07805F5E4E8 56EE03C02FAF274 60 ADDCO0780E4E2560 56EE03C072712B0
26 ADDCO0780632EE1Q. 56EE03C03197708 61 ADDCO0780E8B2E88 56EE03C07459744
27 ADDCO078066RFA38 56EE03C0337FB9C 62 ADDCO0780EC837B0 56EE03C07641BD8
28 ADDC07806AB0060 56EE03C03568030 63 ADDC0780F0540D8 56EE03C0782A06C
29 ADDCO07806EA0988 56EE03C037504C4 64 ADDCO0780F424A00 56EE03C07A12500
30 ADDCO078072712B0 56EE03C03938958 65 ADDCO0780F7F5328 56EE03C07BFA994
31 ADDCO07807641BD8 56EE03C03B20DEC
32 ADDCO07807A12500 56EE03C03D09280
33 ADDCO07807DE2E28 56EE03C03EF1714
34 ADDCO078081B3750 56EE03C040D9BA8
35 ADDC07808584078 56EE03C042C203C

Table E-B.1: BSim HEX ID

- END OF ANNEX E —
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ANNEX F

FORECAST OF 406 MHz BEACON POPULATION

F.1 POTENTIAL LONG-TERM 406 MHz BEACON POPULATION

The objective of this exercise is to define realistic lower and upper limits of the potential
population of ELTs, EPIRBs and PLBs, for Cospas-Sarsat management planning purposes.
However, the world-wide potential 406 MHz beacon population is based on a number of
assumptions which are difficult to validate. Therefore, the figures provided in Table F.1
below will be updated as necessary, on the basis of available information.

The actual user base for 406 MHz ELTs, EPIRBs and PLBs is highly dependent on a number
of factors which are not under the control of Cospas-SarSat. These include regulatory
decisions by Administrations, the retail cost of beacons, alternative means for providing the
distress alerting function, etc. The basic hypotheses gsed"in the following calculations, in
particular the world-wide fleet statistics and the percentage of those fleet which may be
equipped with 406 MHz beacons, will be reviewed@nd adfusted from time to time.

No attempt has been made to assess the sizeCof navaléand air force fleets world-wide. Even if

these figures were known, an educated guess could not be made as to the percentage of these
fleets which could be equipped with 406 MHzGeacons.

Table F.1: Estimate-of,Potential 406 MHz Beacon Population

Estimated size of % of craft ' with Numb. per | Potential 406 MHz beacon

world-wide fleets 406 MHz beacons craft population
Merchant vessels over 100 GT 100,000 100 % 1 at least 100,000 to 120,000

2 (20%)

Fishing vessels over 100 GT 25,000 90 % 1 at least 22,500 to 25,000
Small non-commercial craft 2,000,000 to 2,500,000 30 % 1 600,000 to 750,000
Commercial Aircraft 20,000 80 % 2 32,000
General Aviation Aircraft 400,000 to 500,000 50% 1 200,000 to 250,000
PLB and military 500,000 to 1,000,000
TOTAL (world-wide) 1,454,500 to 2,177,000

Note 1:

equipped with 406 MHz beacons

These percentages correspond to the estimated maximum fraction of the total fleet which may be
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The figures provided in Table F.1 show that the larger numbers correspond to potential
markets for which little or no statistical data is available (small non-commercial craft and
PLBs). As a consequence, the actual beacon populations could be vastly different from the
above assessment. For planning purposes, it would be prudent to consider a potential
406 MHz beacon population of at least 1,500,000, with a possible maximum of 2,500,000.

F.2 BEACON POPULATION FORECAST

The forecast for the period 2010-2020 assumes that the population will continue to grow in
all segments, but at a decreasing rate after the initial build-up of production. The model is
based on estimated growth rates of the annual production for each segment of the population
(i.e. EPIRBs, ELTs and PLBs). The annual production covers both t@ replacement market,
based on a beacon life time of about 10 years, and the actual growt@the population.
%)
The model is reviewed annually and updated on the basis o &{& results of the annual survey
of beacon production. Q
&

Figure F.1: Forecast o co @) ulation
(June 201 rec

‘(\ \
Q\’O



Table F.2: 406 MHz Beacon Population Model

(June 2013 forecast / 2012 manufacturers’ production survey)

Year 2007 2008 2009 2010 2011 2012 2013 2014 2015 2016 2017 2018 2019 2020 2021 2022 2023
EPIRB production increase 20.6% 31.8%|  24.0%|  -20.1% -6.7% -3.5% 2% 3% 5% 7% 10% 5% 5% -10% -5%) 0% -10%)
EPIRB production 58,967 77,733] 96,372 76,986 71,838 69,344 70,731 72,853 76,495 81,850 90,035 94,537 99,264 89,337 84,871 84,871 76,383
EPIRB replacement 21,770 28,320] 32,636 30,387 27,029 28,278 30,077 30,121 37,198 48,885 58,967 77,733 96,372 76,986 71,838 69,344 70,731
EPIRB population 364,191|  413,604] 477,340] 523,939 568,748]  609,814] 650,468  693,200] 732,497  765.462| 796,530, 813,334|  816,226]  828,577|  841,610]  857,136] 862,789
PLB production increase 125% 37.7% 33.0% 222%|  -124% 13.7% 10% 15% 15% 10% 10y% 5% 5% -5% 0 5% 0%
PLB production 48,529 66,825| 88,860 69,132 60,569 68,862 75,748 87,110]  100,177| 110,195 _@2}214| 127,275] 133,639]  126,957|  126,957]  133,305] 133,305
PLB replacement 767 1,184 2,527 2,331 5,346 12,094 20,838 11,520 17,269 21,533 48,529 66,825 88,860 69,132 60,569 68,862 75,748
PLB population 143,170|  208,811| 295,144|  361,945] 417,168]  473.936] 528,846]  604,437) 687,345] 776,086~ 848,691 909,141| 953,920] 1,011,745] 1,078,132] 1,142,575] 1,200,131
ELT production increase 40% 102% 3.1% -38.2% -9.2% 9.7% 5% 10% 15% b 20% 10% 10% 5% 0% 0% 0%
ELT production 20,879 42,089| 43,377 26,792 24,318 21,968 23,066 25,373 29,179 35,015 42,018 46,220 50,841 53,384 53,384 53,384 53,384
ELT replacement 1,483 2,881 2,080 3,632 6,518 5,686 6,483 12,692 16,578 14,903 20,879 42,089 43,377 26,792 24,318 21,968 23,066
ELT population 92,828|  132,036] 173333]  196,493| 214,293]  230,575| 247,158] 259,839 272440|” 292,552 313,691| 317,822| 325286] 351,878]  380,943]  412,359] 442,676
406 MHz population (All) 600,189 754,451 945817] 1,082,377] 1,200,209] 1314325 1,426,472] 1,557,476] 1,69%,282|. 1838021 1,958,913| 2,040,297 2,095432] 2,192,200] 2,300,685] 2,412,070 2,505,596

€10 129010

6'AY - [ °NSS] - TT0°'L S/D
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The above model estimates appropriate growth rates of beacon production based on an annual
survey of manufacturers’ forecast and takes into account the regulatory environment. For
example, the ICAO decision to mandate 406 MHz ELTs on all aircraft under the ICAO
Convention jurisdiction and the phase-out of 121.5 MHz satellite alerting services on
1 February 2009 had a significant impact on the production of ELTs prior to that date.
Expected changes to National regulations in respect of PLBs are also factored in the estimated
growth rates of PLB production. The production growth model assumes a continuing
decrease of beacon retail costs, at least for the next few years.

However, the model does not take into account possible policy decisions by some States
which could result in a significant surge of the population over a few years, e.g. mandating
the carriage of 406 MHz ELTs on general aviation aircraft in the USA and/or Canada.

s@b
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G.1.

G.1.1

G.1.2

G.1.3

ANNEX G

COSPAS-SARSAT 406 MHz MESSAGE TRAFFIC MODEL

SOURCES OF 406 MHz TRAFFIC

Operational 406 MHz Beacons

There is a direct correlation between the total 406 MHz beacon population and the average
number of beacons activated in a given period of time. This relationship is expressed as
the ratio of the total number of beacon activations observed, dyring one year over the
corresponding beacon population (i.e. the annual activation given as a percentage of
the total beacon population). For a given beacon populati e average number of active
beacons at any point in time will also depend on the ayérage length of time that a distress
beacon remains active. It should be noted that annu ivation rates and average duration
of beacon transmissions can be different for each §ggment of the beacon population. The
actual activation rate and average transmissio tio&@‘e monitored by Cospas-Sarsat on
an annual basis. %) N\
0”2

An analysis of operational alerts has showh%at alerts are not evenly distributed over
the surface of the Earth, rather, thére aresgions of higher concentrations that must be
accounted for in the model. ila% e number of active beacons fluctuates as a
function of time. The det procedures used by Cospas-Sarsat for evaluating the
fluctuation of the traffi d d by the geographic distribution of the beacon
population, and for the & fl %ions are detailed in section G.4. These peak-time and
density factors are @Ased on an annual basis. Because of the large difference in size
between the insj[a%a eous coverage area of LEOSAR satellites and the GEOSAR satellite
coverage, th -time and density factors are specific to each system and are evaluated
separately f(&each system.

Self-Test Mode Transmissions

A review of data collected over an extended period of time has shown that there is a direct
correlation between the traffic load resulting from self-test mode transmissions and the
beacon population. Furthermore, the factors that influence the peak traffic load as a result
of geographic region and time are also applicable to self-test mode transmissions.

System Beacons
The term System beacons is used to describe those 406 MHz beacons active on a

permanent or semi-permanent basis which are required for the successful operation of the
System.
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System beacons provide:
a. calibrated signals that are used by LUTs to calculate updated satellite orbit vectors;
b.  a method for calculating and distributing time calibration data required for LUTs to
use the data from Sarsat SARP instruments; and
c. a reliable and standardised test source which can be used for evaluating the

performance of the System.

Since all System beacons operate in a dedicated frequency channel at 406.022 MHz, for
GEOSAR load calculations, they do not contribute to the traffic in the other 406 MHz
channels. 6

transmissions to be received at frequencies as high as 406. Hz. This is accounted for
in the LEOSAR capacity model, which provides a capagifyfigure that includes the System
beacons in channel 406.022 MHz. Therefore, the traffic)from System beacons must also be

With respect to the LEOSAR system, the Doppler s?@gcauses System beacon

accounted for in the LEOSAR traffic model. S
.
N\
G.1.4 Test Beacons \Q® \(0
o W
Test beacons are identical to oper: al chons except that they are coded with a test

protocol. They are typically us (3{, al Administrations, beacon manufacturers or
LUT operators for conductigg" test evaluate the performance of Cospas-Sarsat
equipment. It has been de straté@that the number of test beacons active at any time is
not related to the beac p@n, but rather to the amount of testing in the System.
Additionally, since «tli¢) activation of test coded beacons should be co-ordinated with
national Administ aéns it is possible to co-ordinate their use, and, therefore, control their
impact on the@ load

For the purposes of forecasting the impact of test coded beacons on the beacon message
traffic load, the number of active test coded beacons has been tracked over several years,
and values for LEOSAR and GEOSAR beacon message traffic models have been
determined as shown in section G.5 of Annex G.
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G.2.

G.2.1

BEACON POPULATION AND 406 MHz MESSAGE TRAFFIC

Evaluation of Peak Traffic as a Function of the Total Beacon Population

To effectively manage the use of the 406 MHz band, the traffic load for both GEOSAR and
LEOSAR systems must be assessed. The following steps are necessary to establish a
forecast of the peak volume of 406 MHz beacon message traffic for a given beacon
population. The detailed calculation methods and data collection procedures are provided
in sections G.3 and G.4, respectively.

G.2.1.1 Methodology for Evaluating the Peak Traffic from Distress Beacons

a. Assess the annual rate of 406 MHz beacon activations ( Ra)gb‘
The annual rate of 406 MHz beacon activations can&evaluated by Cospas-Sarsat
Participants by collecting the following data on an@ﬂual basis:
- the number of registered beacons in their d. se (NRB); and
- the annual number of activations, ond w1dbof registered beacons with their

country code (NARB). @ (O\O

The rate of activation is the rati@f the ber of activations over the number of
beacons in the population: \(\(0' \

Qa ?{&RB/NRB
S

The product of th otal lation by the annual rate of beacon activation provides
the average m@g of beacons activated during the year, or a 24-hour period when
divided by 36

\S
b. Assess(t_:lg\Estimated Total Population (ETP)

The ratio of registered beacons (RtR) is the ratio of the number of active beacons for
one or several country code(s) that were actually registered (NARB) over the total
number of active beacons with the same country code(s) observed during the year
(TNAB):

RtR = NARB /TNAB
The estimated total population for a given country code is the number of registered
beacon divided by the ratio of registered beacons:
ETP =NRB /RtR
Note that the estimated population can be established for each frequency channel if

specific NRB, NARB and RtR values are available for each channel. This can then
be used to assess the existing traffic in specific channels.



G-4 C/ST.012 - Issue 1 — Rev.9
October 2013

Assess the mean duration of 406 MHz transmissions (D) and the average number of
active beacons (NAB)

The beacon transmission duration is the difference in minutes between the last time a
beacon was observed in the Cospas-Sarsat System and the first time the same beacon
was observed.

The statistical evaluation of the average duration of 406 MHz beacon transmissions
can be provided by MCC:s for alerts located in their service area, and by nodal MCCs
on a global basis.

This average duration, expressed as a fraction of the day, multiplied by the average
number of active beacons during 24 hours, provides the %&age number of active
beacons at any time (NAB). &

Assess the average number of beacons active in tll‘pjhstantaneous coverage area of a
LEOSAR or a GEOSAR satellite. \}Q

the product of the average number of a¢tive ons, world-wide, as determined in
step (c) above, by the fraction of the:Earth SL@ce covered by the satellite.

o

ANAB(Leo) = NAB*Rleo, withRleo & 0.07
ANAB(Geo) = NAB*Rge@yi h =042
Assess the geograp&}m\g‘dlsm@tlon of beacon activations to compute a geographic
density factor (Df)-
ensity factor ( f)\-) @

The average number of active beacons ;A@«AB) imthe coverage area of a satellite is

O
The geogra%gl distribution of the located alerts is used to compute:

-

- the %@imum to average ratio of the number of active beacons in the
instahtaneous coverage area of a LEOSAR satellite (LEO density factor =
Df(leo)) which is applied to the average number of active beacons in the coverage
area of a LEOSAR satellite; and

- the maximum to average ratio of the number of active beacons in the
instantaneous coverage area of a GEOSAR satellite (GEO density factor =
Df(geo)) which is applied to the average number of active beacons in the
GEOSAR coverage area.

Assess, over a given period of time, the peak-to-average ratio of beacon

messages (Rt):

- in the instantaneous coverage area of a LEOSAR satellite: Rt(leo); and

- in the coverage area of a GEOSAR satellite Rt(geo).

These LEOSAR and GEOSAR peak-to-average ratios (peak-time factors)
characterise the uneven distribution in time of 406 MHz beacon transmissions and
are applied to the numbers of active beacons determined at step (e) above to obtain a



G-5 C/ST.012 - Issue 1 — Rev.9
October 2013

peak number of active beacons in the coverage area of the satellite considered (i.e.
LEO or GEO). The determination is made separately for the LEO and the GEO
systems (see section G.4).

For consistency with the LEO and GEO capacity determination, which assume a
probability of processing success of 95% for the peak traffic, the selected peak-time
factor corresponds to the ratio of the number of active beacons that is not exceeded
more than 2% of the time over the average number of active beacons, both figures
being measured in the highest density region. The detailed computation of the LEO
and GEO peak-time ratios is described at section G.4.

G.2.1.2 Other Sources of Traffic

The result of the above computation is an assessment of the pea MHz message traffic
from operational beacons as a function of the total beacon ulation, expressed as a
number of active beacons. \%

Similar computations must be made for the other sour&of 406 MHz signals identified in
section G.1 above: i.e. self-test mode transmission est beacons.

Self-test mode transmissions are propoﬁlona@ th geratlonal beacon population and
must be taken into account accordlngly utlon to the total traffic is estimated
as a fraction of the operational beacon t@ pr &@%\Jsly computed (see section G.3).

Test beacon transmissions can Q&o@d by MCCs and their impact limited as
necessary. Their contribution Q«he t@ affic has been evaluated in the worst case as a
fixed number of active beac erage area of the satellite (see section G.3).

However, they are perating at 406.022 MHz and do not affect the traffic in adjacent
channels in the. AR system. Therefore, this traffic can be ignored in the GEOSAR
traffic mode)«@bng as the 406.022 MHz channel is not expected to accommodate distress
beacons.

System beacons also cgﬁ%ut %e total traffic in the LEOSAR and GEOSAR systems.

In the LEOSAR system, System beacon transmissions can interfere in time and frequency
with operational beacon transmissions in other channels. As the message traffic from
System beacons remains well within the estimated capacity of the 406.022 MHz channel,
they have only a limited impact on the capacity requirements of adjacent channels.
Nevertheless, this traffic must be evaluated as part of the peak LEOSAR message traffic.

G.2.13 Capacity Requirements

The peak of the total 406 MHz traffic demand represents the capacity requirement for the
system considered. It is the sum of the contributions of all sources of traffic in the
channels open for use by distress beacons, as described above. Faulty beacon
transmissions and interference may affect the load of a channel but are not accounted for in
the traffic forecast (i.e. the capacity requirement resulting from legitimate transmissions).
Their impact is accounted for, where necessary, as a reduction of the channel capacity.
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G.2.2 Peak Message Traffic in 3 kHz Channels

The 406 MHz beacon message traffic model is used to determine the beacon population
which corresponds to the saturation threshold of the LEOSAR or the GEOSAR systems
(i.e. the system capacity expressed as the maximum numbers of typical 406 MHz beacons
transmitting in the LEOSAR satellite coverage area at any point in time, or transmitting in
the GEOSAR coverage area, which can be successfully processed with a given
probability).

However, a traffic forecast must also be provided for each channel used by Cospas-Sarsat
to ensure that the individual capacity of each channel is not exceeded.

G.2.2.1 Actual Population and Traffic in Channel

Several methods can be considered to assess the actual pom%@on in the channel under
consideration.

The first option is to assess the actual beacon population. %e channel by multiplying the
total 406 MHz beacon population by the 406 MHz b n population channel ratio (Cr),
which represents the fraction of the actual total tr@} esulting from sources operating in

the channel under consideration. Q
The value of Cr is provided by monitori\né&elv%@erts and performing the following
calculation:

Number of a]@@ from&gﬁcons in the channel

Cr =
T.;{[’\gl}lun@of alerts received
The second option is to det t@opulatlon in each channel using the methodology
ulation, i.e. determining the population operating in

applied for the forecast o tot%)
a specific channel on t&§ba51s

history of beacon production at each frequency.

Experience s at the second method produces estimates that anticipate by one or two
years the c&h& population determined according to the first method, using a channel
traffic rati ed on the actual channel traffic. When possible (when actual production
data is available for each frequency channel) the second method should be used for
estimating the current population in each channel and producing a population forecast for
each channel.

G.2.2.2 Forecast Population and Traffic in Channel

On the basis of the assessment of the actual beacon population in a channel, as described
above, a forecast of the population in the channel can be developed.

The channel traffic forecast is derived from the population forecast in the channel by
following the steps of the computation described in section G.2.1.1 above. Adjustments to
the various factors used in the computation may be required to take into account the
specific characteristics of the population in a particular channel, e.g. specific activation
rates, average beacon transmission duration, etc. (see section G.3.4)

However, it should be noted that the forecast evolution of the beacon population in specific
channels can be unreliable as it requires a number of hypotheses concerning the
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commercialisation of a small number of beacon models. Therefore, adequate margins
should be included when comparing the channel traffic demand and the channel capacity.

G3 MODEL OF 406 MHz BEACON MESSAGE TRAFFIC

The following sections provide the mathematical expression of the computation described in
section G.2. The message traffic, expressed as an equivalent number of active beacons, is a
function of the beacon population (P). The model described below is applied to the total beacon
population to derive a peak traffic in the entire system. It can also be applied to the actual
population of beacons in a particular channel (Pepamer = P X Cr, see G.2.2.1), or to the forecast of
the beacon population in the channel, subject to appropriate adjustments of the various factors, to
compute a peak traffic (actual or forecast) in the channel. 6

CQ

G.3.1 Average Number of Active Beacons World-wide \%6
The number of active distress beacons (NAB) at any {@gover the surface of the Earth is:

NAB = P * Ra/36 %/(2 60)
@50 .

Where: %) (O\O

P is the 406 MHz beacon populatipn cc&@iered (i.e. total or in a channel, actual or
forecast). <

Ra is the annual activationéte (m?g% global or specific to each channel),

D is the average dur@?of 4%,MHZ beacon transmissions (in minutes),

oMY
G.3.2 Equivalent Nun@r of Active Beacons in the LEOSAR System

N\ . . . o
The peak Wher of active distress beacons in the LEOSAR coverage area, taking into
account the uneven geographical distribution of beacons and the uneven distribution of
activations in time, is:

PNAB (leo) = NAB * Rleo * Df(leo) * Rt
where:

Rleo is the ratio LEOSAR coverage area / Earth surface (Rleo = 0.07);

Df(leo) is the density factor reflecting the maximum to average ratio of the beacon
population in the instantaneous coverage area of a LEOSAR satellite, which
depends on the geographical distribution of the 406 MHz beacons;

Rt is the peak-time factor which corresponds to the ratio of peak (98% probability)
over average traffic in the highest density region.

The number of operational beacons activated in self-test mode in the instantaneous
coverage area of the satellite (single burst with inverted frame synchronisation received but
not processed by the system) can be expressed as a ratio of the beacon population (STR),
which may include a specific peak-time factor.
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The equivalent traffic form self-test mode transmissions in the coverage area of a LEOSAR
satellite is then expressed as:

Self-Test Traffic (leo) = P * STR * Rleo * Df(leo)

Where: P is the beacon population considered;
Rleo and Df(leo) have the same definition as above; and
STR is a “Self Test Ratio” to be measured for a given population.

The traffic from test coded beacons which is not dependent on the actual beacon
population, is expressed as an equivalent number of active beacons in the instantaneous
coverage area of the satellite:

TB(leo) 6

The traffic from System beacons (orbitography, time refe @Qe) expressed as a fixed
equivalent number of active beacons in the satellite Visibili{&éa.

SB(leo) \}QQ

The total traffic to be considered in the coverag ofa LEOSAR satellite (the LEOSAR
capacity requirement) is the sum of the traffidg’calc @ above as equivalent numbers of
active 406 MHz beacons: \Q

AQ
LEO Traffic (P) = PNAB (L@@+ %{f-Test Traffic (leo) + TB(leo) + SB(leo)

This expression can be devel@ as\@followmg mathematical function of the beacon

population: (Q
soﬁ

LEO Traffic (P) Z %@o) + SB(leo) + P * [ [ (Ra/365 * D/24 * Rt) + STR ] * Rleo * Df(leo) ]

G33

-

Equivalent Number of Active Beacons in the GEOSAR System

The peak number of active distress beacons in the GEOSAR coverage area, taking into
account the uneven geographical distribution of beacons and the uneven distribution of
activations in time, is:

PNAB (geo) = NAB * Rgeo * Df(geo) * Rt
where:
Rgeo s the ratio GEOSAR coverage area / Earth surface (Rgeo = 0.42);

Df(geo) is the density factor reflecting the maximum to average ratio of the beacon
population in the coverage area of a GEOSAR satellite, which depends on the
geographical distribution of the 406 MHz beacons;
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Rt is the peak-time factor which corresponds to the ratio of peak (98% probability)
over average traffic in the highest density region.

The number of operational beacons activated in self-test mode in the coverage area of the
satellite (single burst with inverted frame synchronisation received but not processed by the
system) can be expressed as a ratio of the beacon population (STR), which may include a
specific peak-time factor.

The equivalent traffic form self-test mode transmissions in the coverage area of a
GEOSAR satellite is then expressed as:

Self-Test Traffic (geo) = P * STR * Rgeo * Df{geo)

where: P is the beacon population considered;
Rgeo and Df(geo) have the same definition as abov; Gnd
STR is a “Self Test Ratio” to be measured for a %@ population.

The traffic from test coded beacons which is no endent on the actual beacon
population, is expressed as an equivalent number tive beacons in the instantaneous

coverage area of the satellite: Q Q
TB(geo) - O
e

The total traffic to be considered in(gle coylebage area of a GEOSAR satellite (the
GEOSAR capacity requirement) i umgo he traffics calculated above as equivalent
numbers of active 406 MHz beacons! \@
SN
%
GEO Traffic (P) P @(geo) + Self-Test Traffic (geo) + TB(geo)

N

This expression car&@%evelo\fgi as the following mathematical function of the beacon
population:

)
N

GEO Traffic (P) = TB(geo) + P =[[ (Ra/365 * D/24 * Rt) + STR ] * Rgeo * Df(geo) ]

Note:  System beacons are not included in this traffic as their transmissions at 406.022 MHz
do not impact on the capacity of the distress beacon channels, as computed in
accordance with the model of Annex D.

G.3.4 LEOSAR and GEOSAR Traffic Per Channel

The above calculations of the traffic as a function of the total population can also be
followed to assess the actual or forecast traffic per channel, using the actual or forecast
figure of the population in a given frequency channel.
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G.3.4.1 Estimate and Forecast of the Channel Population

The actual figure of the population in a particular channel can be estimated by applying the
channel ratio (Cr = fraction of the total traffic load generated from beacons transmitting in
that channel) to the total beacon population:

Cr — Number of alertsfrombeaconsin thechannel

T otalnumber of alertsreceived

The actual channel population is then: Pchamet = P x Cr, where P is the total beacon
population.

The channel population can also be estimated using manufacturerbproduction figures for
each frequency channel as described in section G.2.2.1. 6@

The forecast beacon population per channel cannot be ass §s2d with a forecast value of the
channel traffic ratio, Cr, which would be unreliable. tead, a specific forecast of the
channel population must be established, using inf tion on the beacon models type
approved to operate in the channel and manufact&\& forecast of production.

G.34.2 Application of the Traffic MO(@QO tlggaiannel Population

The following parameters that are p tlon&endent may need to be reassessed on a
channel basis to account for no ous samples of the beacon population in
particular channels.

a.  Annual activation r. Sarsat has observed that beacons with automatic
activation mecha @ @Syh in ELTs or automatic release of EPIRBs) generate a
higher numbe alse alerts than beacons with manual activation only. This results
in a higher ac atlon rate for automatically activated beacons. If a channel has a
large p Qg@ﬁon of manually activated beacons, the annual activation ratio could be

sigm ly lower than for the total population, or other channels with a higher
percentage of automatically activated beacons.

b. Mean duration of 406 MHz transmissions: For the same reason as above, different
categories of beacons could have a different average duration of transmissions. This
matter may need to be monitored in future.

The other parameters of the model described in section G.2.1 (items d. to f.) seem to be
less dependent of the segments of the beacon population and should remain identical in all
channels.
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G.4 ESTIMATION OF THE MESSAGE TRAFFIC MODEL PARAMETERS

Figure G.1 summarises the global traffic data that are to be collected by France and the USA for
the determination of the Rate of Activation (Ra), the Estimated Total Population (ETP) and the
Average Transmission Duration (D). The data collection procedures for these parameters plus
the Density Factors (Df) and Peak-Time Factors (Rt) are provided in the following sections.

G.4.1 406 MHz Beacon Activation Rate (Ra)
To allow for a possible merging of the data collected, France and the USA should provide:

- the numbers of registered beacons (NRB) for each beacon type(ELT, EPIRB, PLB) as
at the middle of the year, including, where appropriate, s @beacon programmes;
and 8

%)

- the number of active registered beacon (NARB) fror@{?available sources (LEOLUTs,
GEOLUTSs or other MCCs), observed during one\ﬁr, for each beacon type, including
single burst activations (SBAs). 22)

For the computation of the rate of activatj @%{a @roance should consider the French
registered beacon population and coun ij t umber of worldwide activations of
French registered beacons. The USA_6hould A@ the USA registered beacon population,
including special program beacon ap%Qprlate, and count the number of worldwide
activations of USA registered be S. X

The rate of activation is th@io of e number of activations over the number of beacons
in the population: O
60
The activatior&hould be computed for each type of beacon ELT, EPIRB and PLB, and
for each popﬁ{a ion (France or USA). The average activation rate to be used in the beacon

message traffic model is obtained after adding the French and US beacon population and
beacon activation figures.

\Q Ra=NARB/NRB

G.4.2 Estimated Total Population (ETP)

The ratio of registered beacons (RtR) is the ratio of the number of active beacons for one or
several country code(s) that were actually registered (NARB) over the total number of
active beacons with the same country code(s) observed during the year (TNAB)

France and the USA should provide the number of observed active beacons in their
respective reference populations that were actually registered (NARB) for each beacon
type. The estimated total population is derived from the count of registered beacons
(NRB) and the observed ratio of active beacons that are actually registered (RtR), as
follows:

RtR =NARB/TNAB

ETP = NRB /RtR



Figure G.1: Global Traffic Data to Be Collected by France and the USA for the Determination of the Rate of Activation (Ra),
the Estimated Total Population (ETP) and the Average Transmission Duration (D)

ELT EPIRB | PLB Other | ALL Comments
Number of Registered Beacons NRB US registered or French registered,
N Mid-Year (average) population
. . O . .
Number of Active Registered Beacons NARB ‘bg Include all single point alerts (SPA),
< all data sources (LEO & GEO)
&'5
Activation Rate for Registered Beacons RaR = NARB/NRB (%) Ra, the rate of activation of the model
\>Q is assumed to be equal to RaR
Total Number of Active Beacons TNAB @Q DQ Include registered and non-registered
N\ beacons (French or US
@ .\q} ( )
Ratio of Total Active that are Registered | RtR = NARB/TNAB (b'(b AQ For French or US beacons
0\ \
N -
Q' 3¢
S L \Y
Estimated Total Population ETP = NRB/RtR 6\ 058 French or US beacons
N
NI
O7 Q
NO)
US Beacons Activation Duration > (LTO - FT.%Q (Last time observed)
(US code@ons) minus (First time observed)
SPA duration = 60 seconds
French Beacons Activation Duration > (LTO-FTO)/N (Id)
(French coded beacons)
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G.4.3 Mean Duration of 406 MHz Transmissions (D)

The beacon transmission duration is the difference in minutes between the last time a
beacon was observed in the Cospas-Sarsat System and the first time the same beacon was
observed.

Alert data from all available sources (LEOLUTs, GEOLUTs or other MCCs) shall be used
to determine the beginning and end of transmission of a beacon, i.e. the first and last
detection times. If the first detection is a LEO Doppler solution, the beginning of
transmission time is taken as the TCA of the Doppler solution. If the last detection is a
LEO Doppler solution, the end of transmission time is taken as the TCA of the Doppler
solution. Single burst activations should be included in the statistics with an associated
duration of 60 seconds (one minute). In the case of single LEOSAR Doppler solutions for
which only a TCA is available, a transmission duration of 8 @s should be assumed
(from TCA - 4 to TCA + 4). 7

All transmission duration data should be provided sepa ?y for each type of beacon (i.e.
ELT, EPIRB, PLB, other) and for their combined tot he average transmission duration
should be computed separately for French coded beagons and USA coded beacons.

A consolidated average transmission dur. il(Obe determined by averaging the
durations (France, USA) weighted by the }@)ecti&c&timated populations.

&
O <
G.4.4 Geographical Distribution ors ;gg(leo) and Df (geo))
A

France and the USA shoul&xnual@provide the geographical distribution of all located
alerts observed worldwi siqg\grid of 15° in latitude per 15° in longitude, for all types
of beacons, except otlfitography,test or reference beacons. The data should be provided in
tabular form (Excel ‘spreadsheet) as well as graphically. All resolved positions or the “A”
solution of un@ed Doppler locations should be included.

The LEO density factor is approximated by adding the number of located beacons (N leo)
within the area composed of 5 times 4 basic 15° “squares” at mid-latitude, or 4 times 4 at
the Equator, and dividing by the average number of locations that should be observed in
the same area, assuming a uniform worldwide distribution; i.e. the total number of
locations (N tot) multiplied by the ratio of coverage for a LEO satellite (R leo = 0.07).

The highest value of the ratio N leo / (N tot x R leo) for various LEO coverage areas is the
LEO density factor: Df (leo).

The GEO density factor is obtained by adding the number of located beacons (N geo)
within all basic 15° “squares” comprised between the longitudes Long. - 60° to Long. + 60°,
and dividing by the average of number of locations that should be observed in the same
area assuming a uniform worldwide distribution; i.e. the total number of locations (N tot)
multiplied by the ratio of coverage for a GEO satellite (R geo = 0.42).

The highest value of the ratio N geo / (N tot x R geo) obtained for the longitudes of
existing GEO satellites is the GEO density factor: Df (geo).
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G4.5

406 MHz Beacon Peak-Time Traffic Ratio (Rt)
G4.5.1 GEOQO Peak-Time Factor

France and the USA collect all activations that have at least one GEO data point (i.e.
GOES-East detections for the USA and MSG detections for France), including single point
activations. The corresponding regions (GOES-East coverage area and MSG coverage
area) are expected to be regions of high traffic densities.

The beginning of beacon transmission time and end of beacon transmission time are
determined for each activation, per the procedure described in section G.4.3 for the
assessment of the duration of transmission. For single point activation a duration of sixty
seconds is assumed and for single Doppler locations either the number of point times fifty
seconds is used or an average 8 minutes pass duration (TCA — A +4).

For each successive five-minute time slot within the o@aﬁon period (e.g. May to

August), a beacon is considered active during the w duration of the time slot (i.e.
5 minutes) if the beginning of transmission (BoT) and\end of transmission (EoT) span the
middle of the time slot. S

greater than X is computed to derive the di§ly traffic illustrated at Figure 2.

&

The GEO peak-time factor (Rt) is tk&itio ¢6f the number of active beacons in a time slot
(NAB) that is exceeded 2 % of thé\time %' e average number of active beacons (ANAB)
observed in the GEO area durigg'the yeaf:

The highest Rt as deterai ed@he GOES-East and MSG satellite coverage should be
used as GEO peak-ti actor fof the beacon message traffic model (Rt (geo)).

Alternatively ‘b(:?ighest product Rt*Df for each satellite (GOES-East and MSG) can be
considered fgg e in the traffic model.

The cumulative number of slots during wh'q?lhe N@ er of active beacons (NAB) was
1butl
%)

G.4.5.2 LEO Peak-Time Factor

France and the USA collect alert data from LEO satellite passes in visibility of the
Toulouse LEOLUT or the Maryland LEOLUT, respectively.

The LUT acquisition of signal (LUT AOS) and loss of signal (LUT LOS) are determined
for each observed pass to determine the duration of observation. Only real-time alert data
are selected, including single points or unlocated alerts acquired in real-time.

The number of active beacons (NAB) observed during each LEO satellite pass is
normalised to the duration of the satellite pass as follows:

NNAB = NAB x Average D pass / D pass
with D pass = (LUT LOS — LUT AOS)
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The cumulative number of satellite passes with more than X normalised active beacons is
computed to derive the distribution of traffic illustrated at Figure G.3.

The LEO peak-time factor (Rt) is the ratio of:
- the normalised number of active beacons that is exceeded during 2% of the passes; and

- the average normalised number of active beacons per pass for the complete data sample.

Alternatively, the number of active beacons (NAB) observed in real-time, is computed for
each five-minute slot when a satellite is in visibility of the LEOLUT. The cumulative
distribution of five-minute slots during which NAB is greater than X is established and the
computation of Rt is performed as described at Figure G.2 for the GEO traffic.

The highest Rt as determined for the Maryland and Toulouse LU%éhould be used as LEO
peak-time factor for the beacon message traffic model (Rt (le%b

Note: Calculations of Rt for the LEO and GEO traffic %s do not have to be performed
annually. The need for re-evaluation of the pe me factors and for separate values
for Rt (Ieo) and Rt (geo) will be reconsidered@ iodically.

N\
&L \o°

@

France and the USA should annual%&vide&t§ distribution of alerts (absolute numbers of
activations and ratios over the t umb&)f alerts) in each channel used by operational
beacons, except 406.022 MH 1buti0n should be provided separately for each
type of beacon and for the T@* po 10n

G.4.6 Channel Ratios (Cr) \Q

All beacon transm1§?g) of 16\9 than 10 minutes duration should be removed from the
sample to eliminate wdstable transmission frequencies.

Note that th&gﬁnnel ratio cannot be used to forecast the channel traffic, as it is not fixed
in time and the future evolution of a measured ratio is not easily predictable. The main
purpose of the measured channel ratio is to provide a means to verify the validity of
channel population estimates developed on the basis of manufacturers’ production data and
the population forecast model.

G.4.7 Self-Test Traffic Ratio (STR)

The beacon self-test traffic should be measured from time to time as follows:

- the total number of points (self-test bursts) is assessed during a certain time period of
observation, in a GEOLUT or a LEOLUT coverage area and each point is assumed to
have a 50 seconds duration to derive the total duration of self-test transmissions;

- the self-test transmission duration is divided by the duration of the observation period
(the total duration of observed satellite passes for a LEOLUT) to obtain the observed
self-test traffic (OSTT).
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For the computation of the self-test ratio (STR), a peak-time ratio (STRt) may be
introduced. The self-test ratio is:

STR =[OSTT x STRt] / [R(geo) x Df(geo) x P]
or, as appropriate, STR =[OSTT x STRt] / [R(leo) x Df(leo) x P]

where “P” is the worldwide beacon population at the time of the observation.

@Q’
Q@
0%00
< -O
\QQ @K@\
>
Q7 A
S X9
SN
S\
6OCJ Q
NS



G-17 C/ST.012 - Issue 1 —Rev.9

October 2013
Figure G.2: Distribution of GEO Traffic in Time
NSlots (X) = Number of Slots where NAB > X
a
<+— Rt (geo) >
p% Peak
|' >
0 1 2 4 5 6 7 8 9 10 11 12

(NAB = number of
active beacons)

Average NAB over the observation period (ANAB)
ANAB = [Z Beacon activation durations] / Duration of observation period
= [ZX (NSlots(X)-NSlots (X+1))#Xx5] / Duration of observation period (in minutes)

Assuming the accepted probability of observing a traffic higher than the selected peak value is
p%, then:

p% Peak = X, such that [NSlots(X) / NSlots(0) = p%]
and

Rt (geo) = p% Peak / ANAB
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Figure G.3: Distribution of LEO Traffic in Time
NPass (X) = Number of Passes where NNAB > X
a
‘ Rt (Ieo) >
p% Peak
L >
0 1 2 4 5 6 7 8 9 10 11 12 X

(NNAB = normalised number
of active beacons)

Average per Pass: APP = Zx [(NPass(X) — NPass(X+1)) « X] / NPass(0)

Assuming the accepted probability of observing a traffic higher than the selected peak value is
p%, then:

p% Peak = X such that [NPass(X) / NPass(0) = p%]
and

Rt (leo) = p% Peak / APP
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G5 APPLICATION OF THE BEACON MESSAGE TRAFFIC MODEL TO THE
LEOSAR AND GEOSAR SYSTEMS

Table G.1 illustrates the computation of the beacon message traffic for the LEOSAR and
GEOSAR systems to year 2022, using model parameters updated in 2013 (2012 data).

As activation rates and duration of transmission vary according to the category of beacon (ELT,
PLB and EPIRB), the traffic is computed for each category and then summed-up with other
traffic sources (self-test, System beacons) to provide a total peak traffic, which represents the
capacity requirement for the LEO or the GEO system.

Figure G.4 illustrates the LEOSAR and GEOSAR curves of traffic in time, function of the
beacon population forecast provided at Annex F to C/S T.012. &

%)
Figure G.4: LEOSAR and GEOSAR Beacon M e Traffic Forecast
(Peak Traffic — 2013 model parameters/2012 po on and traffic Data)
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Table G.1: Ten-Year Forecast of Beacon Message Traffic
(2013 Model Parameters based on 2012 population and traffic data)

2012 DATA ELT EPIRB PLB ALL ELT EPIRB PLB ALL ELT EPIRB PLB ALL
2012 | 2012 | 2012 2012 2017 2017 2017 2017 2022 2022 2022 2022
Beacon Population (end of year) P 230,575 609,814 473,936| 1,314,325 313,691 796,530 848,691 1,958,913 412,359 857,136 1,142,575 2,412,070
Annual Rate of Activation Ra 4.86% 1.29% 0.44% 4.86% 1.29% 0.44% 4.86% 1.29% 0.44%
Average Duration of Transmissions D 57 348 237 57 348 237 57 348 237
525%89E-06  8.54817E-06 196449E-06 526628E-06 857%59E-06  19699E-06 52663E-06 857159E-06  196987E-06
Number of Active Beacons NAB = P x (Ra/365) x (D/1440) 1.21 5.23 0.93 7.37 1.65 6.83 1.67 10.15 217 7.35 2.25 11.77
-\
LEOSAR System P <)
\J
Ratio of coverage Rleo 0.07 0.07 0.07 0.07 %@7 0.07 0.07 0.07 0.07 0.07 0.07 0.07
Density Factor Df (leo) 4.4 4.4 4.4 4.4 \ 4.4| 4.4| 4.4 4.4 4.4 4.4 4.4 4.4
Peak-Time Factor Rt 4 4 4 b 4 4 4 4 4 4 4 4
Peak Number of Active Beacons PNAB /P =(Ra/365) x (D/1440) x Rleo x Df(leo) x 647033E-06  1053BE-05  242025E-06 N\ 6.48806E-06  105602E-05  2.4269E-06 64881E-06  105602E-05  2.42688E-06
in LEO Visibility Area PNAB = P x (Ra/365) x (D/1440) x Rleo x Df(leo) 1.50 6.44 1.15 {"NO§ 2.04 8.41 2.06 12.51 2.68 9.05 2.77 14.50
Population for Self-Test Tr. Observed (2011) 1,200,209 7
Observed Self-Test Traffic (2009 / LEO / USA) = OSTT 0.2600 <> <
Average Self Test Traffic ASTT = OSTT / Rleo / Df(leo) 0.8 @ ¢ O r
Self-Test Peak-Time Factor STPT 4.0 @ %\
Self Test Ratio STR=ASTT x STPT/P 2.813E-06 Q 7&
Self-Test Peak Traffic (leo) STT =P x STRx Rleo x Df(leo) % ACJ 1.14 1.70 2.09
Test Beacons TB (leo) @' 2 2 2
System Beacons SB (leo) Q K 3 3 3
X, %)
TOTAL LEOSAR TRAFFIC LEO Traffic =TB (leo) + SB (leo) + STT + PNAB @Q \é'\' 15.22 19.20 21.59
O\ O\
GEOSAR System \‘>‘ ) N T
Ratio of coverage Rgeo 0 0@ 0.42 0.42 0.42 0.42 0.42 0.42 0.42 0.42 0.42 0.42 0.42
Density Factor Dfgeo 6(3 1.2 1.2 1.2 1.2 1.2 1.2 1.2 1.2 1.2 1.2 1.2 1.2
Peak-Time Factor Rt 25 25 25 25 25 25 25 25 25 25 25 25
Peak Number of Active Beacons PNAB /P = (Ra/365) x (D/1440) x Rged. %o X 6.61739E-06  107707E-05 2.47526E-06 6.63552E-06  108002E-05  2.482E-06 6.6355E-06 108002E-05 2.48204E-06
in GEO Visibility Area PNAB = P x (Ra/365) x (D/1440) @ngeo 1.53 6.59 1.18 9.29 2.08 8.60 2.11 12.79 2.74 9.26 2.84 14.83
Population for Self-Test Tr. Observed (2008) & 745,451
Observed Self-Test Traffic (2008 / GEO / France) = OSTT 0.629
Average Self Test Traffic ASTT = OSTT / Rgeo / Df(geo) 1.2
Self-Test Peak-Time Factor STPT 25
Self Test Ratio STR=ASTT x STPT/P 4.185E-06
Self-Test Peak Traffic (geo) STT =P x STRx Rgeo x Dfgeo 2.77 413 5.09
Test Beacons TB (geo) 3 3 3
System Beacons SB (geo) 0 0 0
TOTAL GEOSAR TRAFFIC GEO Traffic = TB(geo) + SB(geo) + STT + PNAB 15.06 19.92 22.92
- END OF ANNEX G -
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ANNEX H

COSPAS-SARSAT 406 MHz CHANNEL ASSIGNMENT PLAN

The 406 MHz Channel Assignment Plan summarised in Table H.2 is based on the following:

a. LEOSAR and GEOSAR systems capacities as described at Annexes C and D of the
document C/S T.012 “Cospas-Sarsat 406 MHz Frequency Management Plan”;

b. a 25% capacity margin is applied to the capacity of channels to provide for the continued
production of type approved beacons;

c. a forecast 406 MHz beacon population as presented at AnneBQdocument C/S T.012;
and %

S{%
d. a 406 MHz message traffic forecast as presented at Anfaex G to document C/S T.012 and

summarised in Table H.1 below, which shows EOSAR and GEOSAR capacity
requirements (provided as an equivalent number 06 MHz beacons in the field of view
of a LEOSAR or a GEOSAR satellite) and th@‘@rres&@tding channel requirements.

%) N
0~ 2
Hz Bkgéon Population Forecast,

hannel Requirements
population and traffic Data)

Table H.1: Summary of 40
Capacity Requirements a

(2013 Model Para@t&rs /\

2012 20& 2014 @2015
N\

2016 2017 2018 2019 2020 2021 2022
Population Forecast (x 1,000) 1,314.3 1,476.5 *@% 1,692.3 1,834.0 1,958.9 2,040.3 2,095.4 21922 2,300.7 24121
LEO capacity requirements * 1@" 16.0 16.8 17.6 18.4 19.2 19.6 19.8 20.4 20.9 21.6
LEO Capacity - channels ABC . @ 33 33 33 33 33 33 33 33 33 33 34
LEO Capacity - channels ABC-25% Q\ 4.75 24.75 24.75 24.75 24.75 24.75 24.75 24.75 24.75 24.75 255
No. of Channels required for LEO 1 1 1 1 1 1 1 1 1 1 1
GEO capacity requirements * 15.0 16.0 17.0 18.0 19.0 19.9 20.4 20.7 21.4 221 22.9
GEO Capacity - channels AB
GEO Capacity - channels ABC 28 28 28 28
GEO Capacity - (BC-25%)** 21 21 21 21
GEO Capacity - channels ABC+F I 42 42 42 42 42 42 42 42
GEO Capacity - (BCF-25%)** 315 315 315 315 315 315 315 315
No. of GEO channels required *** 2 2 2 3 3 3 3 3 3 3 3
Channels in use for operational BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG BC+FG

beacons' operation

*

Notes: Peak number of active beacons in field of view of satellite, based on Annex G traffic model, as updated in June 2012.
25% margin required for continued production of type approved beacon models
Assuming a single GEOSAR channel capacity of 14 active beacons.

Based on the assignment strategy described in C/S T.012, section 4

Channel A =406.022 MHz (reserved for system beacons),
Channel B = 406.025 MHz (closed for new type approval since 2002)
Channel C = 406.028 MHz (closed for new type approval since 2007)

Channel F = 406.037 MHz (closed for new type approval since 2012)
Channel G = 406.040 MHz (open 2010)
Channel J = 406.049 MHz (not open)
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Table H.2: Cospas-Sarsat 406 MHz Channel Assignment Table

Chan. Centre Status for Type Approval Comments
# Freq. of New Beacon Models Table approved by the Cospas-Sarsat Council at the
(MHz) Date open Date closed CSC-43 Session — October 2009 (see Note 1)
406.007 Not available SARP-2 limitation
406.010 Not available Doppler shift limitation
406.019 Not available Doppler shift limitation
A 406.022 C/S orbitography / reference | Reserved for System beacons
B 406.025 1982 1Jan 2002 | Open for beacon models submitted for TA before 01/01/02
C 406.028 1 Jan 2000 1 Jan 2007 | Open for beacon models subrlrl@d for TA before 01/01/07
D 406.031 Reserved, not to be assigﬂ@w
E 406.034 Reserved, not to be Wd
F 406.037 1 Jan 2004 1 Jan2012 | Open for beacon f@ls submitted for TA before 01/01/12
G 406.040 1 Jan 2010 TBD Open for begp@\ﬁodels submitted for TA after 01/01/10
H 406.043 ReservngsQ‘(?to bg.assigned
I 406.046 Rese?s@,\noﬁ@ assigned
J 406.049 TBD TBD ‘A@‘l;ble;&‘ﬁl:mre assignments / New developments
K 406.052 TBD TBD ) Vai'lab&‘f{)r future assignments / New developments
L 406.055 \\\ &@red, not to be assigned
M 406.058 O ) \%erved, not to be assigned
N 406.061 TBD \@? BD (b Available for future assignments / New developments
o 406.064 TBD ACO T@\ Available for future assignments / New developments
P 406.067 b\) ) Reserved, not to be assigned
Q 406.070 | A\% Reserved, not to be assigned
R 406.073 4&\ TBD TBD Available for future assignments / New developments
S 406.076 TBD TBD Available for future assignments / New developments
406.079 Not available Doppler shift limitation
406.088 Not available Doppler shift limitation
406.091 Not available SARP-2 limitation
Notes:

€)) Planned assignments may change if the Cospas-Sarsat Council determines that the beacon population in
an active channel differs from the projected population.

TA  Type approval

TBD To be determined

- END OF ANNEX H —

- END OF DOCUMENT -
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Cospas-Sarsat Secretariat
700 de la Gauchetiere West, Suite 2450, Montreal, Quebec H3B 5M2, Canada
Telephone: +1 514 954 6761 Fax: +1 514 954 6750
Email: mail@cospas-sarsat.int
Website: http://www.cospas-sarsat.org
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